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DANG 1 Mé dau ve khoi da dién

Céu 1:

Céu 2:

Céu 3:

Céu 4:

Cau 5:

Céau 6;

Cau7;

Cau 8:

Cau 9:

Khéi tr dién ABCD c6 thé tich V, AB=a, CD =b, goc giita hai duong thing AB va CD la
a khoang cach giira chung bang ¢ . Ménh d& nao dudi diy dung?

A,V:abcs%, B,Vzﬂbcs%, C_V:abcs% D. V = abesing

Khdi tir dién ABCD c6 thé tich V, AB=a goc giira hai mit phang (CAB) va (DAB) bing o
. Cé4c tam gidc CAB, DAB c6 dién tich 1an luot 1a S, va S,. Ménh dé nao dudi day dung?

B. V c. v=BSsina 5y,

3 2SS, sina
- a ' 3a ' a 3a

3 4SS, sina 3 2SS, sina

AV
Cho hinh chép S.ABCD c¢6 day la mét hinh vuéng canha. Canh bén SA vudng goc vai mat
phang day, con canh bén SC tao véi mat phang (SAB) mot goc 30° . Thé tich cua hinh chop do
bang

3 3 3 3
A.“;/g. B.”f. c.”f. D.“;/E.

Cho hinh chép S.ABCD c6 day 1a mét hinh vudng canh 4. Cac mat phang (SAB) va (SAD)
cling vudng goc véi mat phang day, con canh bén SC tao véi mit phang day mot géc 30°. Thé
tich caa khdi chop da cho bang

3 3 3 3
A TY6 g Vo c. w6 p, ©V3.

9 3 4 9

Cho mdt hinh chép tir giac déu co canh day bang a va dién tich xung quanh gap doi dién tich
day. Khi do thé tich ctia hinh chop bang

a3 a3
. -

B.
6

Casx/g Da3\/§
B DI

A

Néu mét hinh chop déu co chiéu cao va canh day cung tang 1én 7 lan thi thé tich cua né ting 1én
A. 1’ lan. B. 21* lan. C. n’ lan. D. 21’ lan.

Cho hinh lang try ABC.A'B'C' ¢6 AA'=2,khoang cach tir A dén cic duong thang BB',CC',
lan luot bang1 va 2 ; khoang cach C dén duong thang BB' bang \/g . Thé tich khéi ling tru
ABC.A'B'C' bang

A 2. B.%. C. 4 D.

w |

Cho khéi tir dién O.ABC ¢6 OA,O0B,OC d6i mdt vudng goc thoéa man OA? +OB? +OC? =12.
Thé tich 16n nhét ciia khoi tir dién O.ABC bang

A. 8. B.%. C. 4 D.

W |

Thé tich ctia khdi chép cut co dién tich hai day 1an luot 1a 5,,S, ¢o chiéu cao bang h 1a

IS, +5, +4/5, IS, +5, —+/.S
A. 1(S,+S,~[55,). B (1+23+ ) ¢ (1+23 ) b s, 45, +455,).
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Cau 10:

Céu 11:

Cau 12:

Céu 13:

Cau 14:

Céau 15;

Cau 16:

Cau 17:

Cho hinh hép ABCD.A'B'C'D'c¢6 day 1a hinh thoi canh a,BAD =60° va c6 chiéu cao bang

261\/5 Goi M,N lan luot 1a trung diém cac canh A'B',A'D'. Tinh thé tich khdi da dién
ABDA'MN

3 3 3 3
N B 3% c. 2 D 24
8 4 8 8
Cho hinh hop dung ABCD.A'B'C'D' c¢6 AB=AD=aq, B c
, ﬂ\/g N , 0 . N A . N i
AA = va goc BAD=60°. Goi M va N lan lugt l1a trung a IO M D
diém cac canh A'D’ va A'B’.Thé tich khéi chop A.BDMN Ia: P
3 3 J' \ i
A V3 . B. 3%
16 16 VBN c
3 3 T
c. 3 D. L.
16 16 A D
Cho hinh lang tru tam giac déu ABC.A'B'C’ c0 tit ca cac canh béng a.Goi M,N lan luot la
trung diém céac canh AB va B'C'. Mit phrfmg (A’MN ) cit canh BC tai P, Thé tich khdi da
dién MBP.A'B'N bang:
3 3 3 3
A P30 g V3 c. T p, 73"
24 12 96 32
Cho khdi t&r dién OABC ¢ OA, OB, OC d6i mdt vudng géc v4i nhau va théa min
OA+OB+0C =6. Thé tich 16n nhat ctia khéi ttr dién OABC bang
A 8. B.é. C. 4. D.§.
3 3
Cho hinh hop ABCD.A'B'C'D’ c6 dién tich day bang S , chiéu cao bang . Thé tich khéi tir dién
A'ABD bing
A.%. B.%. C.&. D.%.
4 6 2 3
Cho hinh ling try déu c6 do dai canh day bang a. Chiéu cao cta hinh ling tru bang / , dién tich
mot mit day 1a S . Tong khoang cach tir mot diém trong hinh ling tru t6i tit ca cic mat cta hinh
lang tru bang
A.h+§. B.h+§. C.E. D.B—S.
a a a a
Cho ling try dimg ABC.A'B'C' ¢6 day 1a tam giac déu a, AA'=2a. Goi M,N lan luot 1a trung
diém ciia AA’,BB’ va G 1a trong tAm cua tam giac ABC . Mit phing (MNG) cit CA,CB lan
luot tai E,F. Thé tich khdi da dién c6 6 dinh1a A,B,M,N,E,F bang
3 3 3 3
A T3 g 230 c p, 23"
9 9 27 27
Cho hinh hop ding ABCD.A'B'C'D' ¢6 AB= AD :a,AA'=% va BAD =60°. GoiM va

N lan luogt 1a trung diém cac canh A'D' va A'B'. Tinh thé tich khdi chép A.BDMN .
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Cau 18:

Céu 19:

Céu 20:

B C’
Nl
!
1/ M D
AR
i||
1y
]
I/L _________ B C
I 7
/
A D
A N3 B. 30" c. 33 D.
C 16 16 16 16

Cho hinh lang truy tam giac déu ABC.A'B'C' ¢6 tt ca cic canh béng a.Goi M va N lan lugt
1a trung diém cac canh AB va B'C'. Mit phang (A'MN ) cit canh BC tai P. Thé tich khdi da
dién MBP.A'B'N bing

3
A 2 ‘/5. B.
24 1

23 c 73 D 733
2 96 Co32

a3

Cho hinh hép dung ABCD.A’B'C’'D’ ¢6 AB=AD =g AA':T va géc BAD =60°. Goi

M;N lan luot 13 trung diém cua A'D'; A'B'. Tinh thé tich khéi da dién BCD.MNB'C’D’.

A3_a3 B7_aS C% [)17"3
" 16 S 32 " 16 " 32

Cho lang try tam giac ABC.A’B’C’ ¢6 thé tich bang 72. Goi M la trung diém cta canh A’B’; cac
diém N,P théa mén B'N:%B'C';ﬁ =iﬁ. Puong thang NP cit BB’ tai E, dudng thing

ME cit ABtaiQ. tinh thé tich khdi da dién AQPC.C’A’MN .
A. 55. B. 59. C. 52. D. 56.
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BANG DAP AN
1.A 2.D 3.D 4.A 5.A 6.C 7.A 8.B 9.B 10.A
11.B 12.C 13.B 14.B 15.A 16.A 17.B 18.C 19.D 20.B

HUONG DAN GIAI CHI TIET
Caul: ChonA

Duyng diém E sao cho tir giac BDCE 1 hinh binh hanh. Khi d6
CD//BE = CD//(ABE) = d(AB,CD)=d(C,(ABE))=c; (AB,CD)=(AB,BE)=a.

S i = %AB.BE.sin(AB, BE) - %ab sina.
N 1 11, . abcsina
Vay Vo = Ve i = g.SAABE.d(C,(ABE)) = g.zabsma.c ==
Céu2: ChonD
C
A D
E
B
Goi H 1a hinh chiéu vudng goc cta C trén (ABD) va E 1a hinh chiéu vudng goc cia H trén
AB . Khi do
((CAB),(DAB)) ~(HE,CE)=CEH =a,
CH 1 AB 2
— CELAB. Dodo S,,,. = EAB — cp =22 _ 25
HE 1 AB 2 AB  a
o 28, si
ACEH vuéng tai H ¢6 ((:;_I; — sinCEH =sina = CH = CE.sing = ~ 2%
a
R 1 1 ., 25 sina 2SS sina
Vay Vuen = Ve amp ZE'SADAB'CH 25'52' ' B =—1 ;a .
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Cau 3:

Cau 4:

Cau 5:

Cau 6:

Chon D

., CB1 AB
Taco —CB L (SAB).
CB1SA

Suy ra goc gitta SC v6i mit phing (SAB) la CSB=30°.

Do 46, SB=CB.cot30°=ay3 . Suy ra
SA =SB~ AB* =a\2.
Vivy Ve = %SA.SABCD = ﬁw”.
Chon A
(SAB) L (ABCD)
Do = SA L(ABCD).
(SAD) L (ABCD)

Suy ra goc giita SC voi mat phang day 1a SCA =30° .

Suy ra SA = AC.tan30° = a\/E.% - % .
3
, 1 J6
Do dO VS.ABCD = ESA'SABCD = ?ﬂs .
Chon A

Gia sir hinh chop déu S.ABCD c6 day ABCD la
hinh vuong canh a tdm O. bat SO =h.
Goi M 1a trung diém BC .

2
Tacé SM =+SO? + OM? =1/h2+”z.

1 a
S,, =455 = 4.~ .SM.BC = 2.,/112 +2 4
2 4
2
CéS, =25, c:>21fhz+a—a=2a2 @hzﬁ.
i Y 4 2

1 1al3 , @3
VS.ABCngso'SABCD=§' 5 A= 6
Chon C

Ta chi xét hai hinh chop déu tam giac, tir giac
Truong hop 1: Hinh chop déu tam giac co canh day bang a va chiéu cao & .

2
Thé tich khéi chép tam gidc déu ban dau: V1=%.“ f.h.
Thé tich khéi chop sau khi ting chiéu cao va canh day cung ting 1én n lan:
2
na) \3
Vv, zl.L.nh =n’V,.
3 4

Két luan: mot hinh chop tam giac déu co chiéu cao va canh day cung ting 1én  1an thi thé tich

ctia no ting 1én n° lan.
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Trwong hep 2: Hinh chép déu tur giac c6 canh ddy bang a va chiéu cao h .

1

Thé tich khi chép tir giac déu ban dau: V, = %.az h.

Thé tich khdi chop ti gidc déu sau khi ting chiéu cao va canh ddy cing ting 1én n lan:
1 2

V,= 5.(7111) nh=n’V,.

Két luan: mot hinh chop tir giac déu c6 chiéu cao va canh day cung ting 1én » 1an thi thé tich
ctia nd tang 1én n° 1an.
Két luan: Néu mot hinh chop déu co chiéu cao va canh day cing ting 1én 7 1an thi thé tich cua
né6 ting 1én #° lan.
Nhén xét: Ta c6 thé dung mot két qua quen thude
= Néu ta ting céc kich thude ciia da giac 1én k 1an thi dién tich da giac sé& tang 1én k* lan.
= Néu tang dién tich day ctia khdi chop 1én k? 14n va chiéu cao k 1an thi thé tich khdi chop s&
tang 1én k° lan.
Cau7: Chon A
Goi H,K lan luot 1a hinh chiéu vudng goc cua A Ién
BB',CC' tacdé AH =d(A,BB")=1,AK=d(A,CC")=2
va AH’* + AK* = HK* =5= AAHK vudng tai

1

A=S5 ZEAH-AK =1.Vay V oo =S - AA'=2.

Céau8: ChonB

Taco V, e = %OA.OB.OC .

Sur dung bat dang thic AM — GM ¢6

O.ABC —

12=0A* +0OB* +OC* > 3/OA*.OB>.0C* = OA.0OBOC<8=V < % zg

Cau9: ChonB
A h(S, +S, +4/S,S
Thé tich hinh chop cut 1a (5, +5, \/j )

Cau 10: Chon A

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2092 | 6



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Cha y: ABDA'MN la mot hinh chop cut ¢6 hai tam

gidc ddy AABD,AA'MN . T s
o ds v S +S, +5.5,) b \J//
3 ' |
Trong do, h=2a3 va
@3 1 3 -
5, =5, =T'52 =S4y :ZSA'B'D' = 16 R Ve [/
2 2 2 2 2 TR Ve B
Vayvz2ax/§(ax/§+ax/§+ a 3_”\/5):7L_ A
3 4 16 4 16 8
Caull: ChonB
; 1 1(1 a a N
Taco: Vv, , ==S,. -AA ==| = —.— sin60° |- —— = —
AAMN gAY 3(2 22 j 2 32
w3 23 a’~3

Khéi chop cut ABD.A'MN ¢6 h = 5= Sap =S = S =

, h a3[ 23 23 (344 74°
Do do VABD.A’MN25(51+52+ 5152): 6 [ 1 + + —J

16 64 | 32

v 7a° 4 3da° s

I)O d() L’ A.A'MN ::755--325 ———iz;

A.BDMN —

VABD,A’MN -
Céu 12: Chon C

MP _BP _BM _1_ AMBP~AABN theotisé -
AN BN AB 2 2
Khéi da dién MBP.A'B'N 1a khdi chop cut co chidu cao
h=BB' =a.

Dién tich hai day 1a :

1 3 1 a3

8, =S g == Sume = S, =Syup =S
2 8

1 A'B'N A'B'C’' MBP 4 A'B'N 32

a[a2\/§+a2\/§+ a*\/3 azx/gJ%/gcf
2 . = .

Taco

N h
Vay VMBP-A’B’N = 5(51 +Sz + Slsz ) = 5 32 3 32 9%

Céu 13: Chon B
Ap dung bt dang thirc Cauchy cho ba s khong am, ta
co:
6=0A+0B+0C > 3JJOA.OB.OC < OA.OBOC<8

1OA.OB.OC < 1.8 _2 .
6 6 3

A

Taco V

0ABC —

Déau "=" xay rakhi OA=0OB=0C=2. ¢

OABC

Vay V.. 16n nhat 13 %.
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Cau 14:

Céu 15:

Céu 16:

Chon B

, 1 1 11 , Sh
Ta e S, =2 Sunco = Viwso =5 Vianco = 55 Sanco A(A";(ABCD)) = -
Chon A

Xét hinh lang try déu (H) da cho co ddy la da giac déu n dinh. Xét S )
diém I bat ky trong hinh lang try déu (H ) da cho. Khi d6 néi I véi

cac dinh cua (H ) ta duoc n+2 khoi chop c6 dinh 1a I, trong do co

hai khéi chép c6 day 1a hai mét ddy cua (H), va n khéi chop c6 day B b

la cac mat bén cua (H ) Dién tich cia mdi mit day cla (H ) la S,

dién tich coa mdi mat bén cia (H ) béng ah . Goi

hyhy,.ihy b 180 Tuot 1a khoang cach tir 1 dén cac mat bén va cdc mit ddy cua (H). Vay

theo cong thirc tinh thé tich ctia khéi lang tru va khdi chép ta co:

Vi =Vit Vet VotV 4V, & Sh= %hl .ah+...+%hn.ah+%hn+l .S+%hn+2.5
= %(h1 +h, +---+hn)‘1+%(hn+1 +hn+2)%
h
<:>S=%(hl+h2+...+hn)a+§<:>%(h1+h2+...+hn)a=5—§
<h +h,+..+h =2—S<:>hl+hz+...+hn+hn+l+hn+2 :2—5+h.
a a
Chon D c g
Ta co
1 1ay3 J3a* X

Vi=Veaenm = §CH'SABNM =§ 5 = 6

MN < (GMN)

AB < (ABC)

AB//MN

= (GMN)(ABC)=EF//AB//MN

CF CG CE 2
Suyra —=—=—=—.
CB CH CA 3
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3 3
—+—+1+1
Suy ra VC.EFNM=2 2 =§:>V —V -V =évzé\/§a3:2\/§a3
Vl 4 é é 1 1 9 BFN.AEM 1 C.EFNM 9 1 9 6 27
2°2
Caul7: ChonB B '
. N
Dé thay A'MN.ADB 1a hinh chop cut va hai ddy la hai A/ M D
N . T \
tam giac déu dong dang theo ti sO 1a 1 . I \I N
2 'y \
AN
‘. a3 1 a3 B 2c--|C
Ta co: SAADB:T:SAAMszsAADBzT :II \\"'“‘.\ \\
1 a’ / R
=V oy ==AA'S A D
1. ., 7a° 3a°
V nan.aps = gAA (SAA’MN +5,ap8 F\Saaniv-Saans ) = 3_2 =V sonn = Vaswaos = Varuw = E
Céau 18: ChonC A cC
Ta co A’N//(ABC). Goi K 1a trung diém cia doan thang M K
BC.Suyra AK//A'N . \ B
Mat khac (A’MN) ABC =P nén P la trung diém cua doan '
thang BK. /] _\_\ . -
D& thdy MBP.A'B'N 1a hinh chép cut va hai dy 1a hai tam 4~~~ -1 — o
N
giac dong dang theo ti s6 1a 1 . j
2 B
. 1 , NG 1 23
Taco SAABN ZAB A'N.sin60° = :SAMBP:ZSAA’B’N:T'
A 1 ' 7613'\/_
Vay VMBP A'B' N 3 AA (SAMBP + SAA'B'N + SAMBP SAA 'B'N ) 96
Céu19: ChonD ,
Pat: V, 1a thé tich cia khéi hop ding b
ABCD.A’B’'C'D’.
V, 1a thé tich cua khéi chép cut A’MN.ABD. N p ;-

V 1a thé tich cua da dién BCD.MNB'C’D".

0 a\/_ 3a>

Ta co: V,=Bh=a.a.sin60".

4 E
1 NEY 3 |
Saamn = ZSAA'B'D' = Y' AABD — T ;

h P —
= VZ = E(SAA'MN + SAABD + SAA'MN 'SAABD ) ',
B
:ax/g{aZx/g+a2\/§+ a*~/3 aZ\/_J
6 32

16 4 16 4
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70 170

Dodo: V=V, -V, = 1 R

Cau 20: Chon B
bat: V 1la  thé tich khéi

ABC.A'B'C’. =V=72.
V, 1a thé tich khdi da dién AQPC.C’A’MN .

lang  tru

V, 1a thé tich khéi chép cut BQP.B'MN .
_BQ _1_BQ_1
BA 6
1 1
= 7= SABQP = QSABAC

(SABQP + SAB'MN + SABQP 'SAB'MN )

n( 1 3 1 3
= E{QSABAC +§SABAC + \/QSABAC'gsABAC } -

Vay: V, =V -V, =72-13=59..

_ h'SABAC l + é 1 = ﬂ = 13,
3 24 8 8 72
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m Thé tich khoi lang try dirng

% Thé tich ciia khéi ling tru ding c6 dién tich day S, chiéu cao (@9 dai canh bén) 1 1a V =Sk
e Khéi lang try dimg 13 khéi lang tru c6 canh bén vudng goc voi day .
e Chiéu cao cta khéi ling tru dimg bang do dai canh bén cua khéi ling try.
e Khdi liang tru da giac déu 1a khéi lang tru dimg c6 day 1a mot da giac déu ( khdi ling tru tam gidc
déu, khéi lang tru lyc giac déu...)
% Khai thac cac gia thiét goc va khoang cach cho khéi ling tru ding tam gisc.

e Ké AH L BC(HeBC),AK L A'H(Ke A'H) tacd A'HA=a =((A'BC),(ABC)) va

h=AH.tano .
AK L A'H , \ | R
{AKJ_BC = AK L(A'BC) va AK=d, =d(A,(A'BC)) ¢0 FAERTTE

% Thé tich ciia mdt khoi 1ap phwong canh 4 12 V =4°.
Véi hinh 1ap phuong canh 4 ta chiy:
° Dién tich moi mat cta hinh 1ap phuong la S=a’ .
. Dién tich toan phan ( tong dién tich cac mat) cua hinh lap phuong 1a S, =6a".
e Do dai dudng chéo ctia hinh 1ap phuong 1a d = /3 .

e Do dai duong chéo mdi mit cta hinh 1ap phuong 14 a2 .

_i _211\/5.

e d(A(ABD))= 3 d(A,(CBD'))= .

3
e d(AC,CD)=d(AC,A'B) a2
2

% Thé tich ciia mdt khodi hop chir nhat kich thwéc a,b,c 1a V =ab.c.

e Dién tich toan phan ( tong dién tich cac mt ) ciia hinh hop chit nhat1a S, =2(ab+bc+ca) .

e DO dai dudng chéo ctia hinh hop chit nhat 1a d =+a® +b*> +c*> hay AC' = JAB+ AD* + AA™ .

Ké DH L AD'(He AD') ,tac6 DHC =a =((ACD'),(ADD'A")) .

Vi AB 1 (BCC'B') nén AC'B=(AC',(BCC'B')) .

1 1 N 1 N 1
d’ AB*  AD* AA”
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Céu 1:

Cau 2:

Cau 3:

Céu 4:

Céau b5:

Cau 6;

Cau7:

Cau 8:

Cau 9:

Céau 10:

Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 khoang céch giita hai duong thang A'C va C'D’ bang
a. Tinh thé tich V cua khdi 1ap phuong di cho.
A V=8d. B. V=224 C. V=334 D. V=274,

Mot khoi hop chit nhat c6 dién tich cac mat xuét phat tr cuing mot dinh lan luot la 10(cm2 ),
20(cm*), 80(cm’). Thé tich V' cita khéi hop chit nhat do.

AV =40(cm’). B. V =80(cm’). C. V =8010(cn’). D. V =40310(cnr’).
Khi ting d6 dai mdi canh ctia mot khdi hop chit nhat 1én 2 14n thi thé tich cta né ting 1én bao

nhiéu lan?.
A. 7 lan. B. 2 lan. C. 4 lan. D. 8 lan.

Cho lang try tam ding ABC.A'B'C' c6 day ABC la tam giac can voi AB=AC=a,
BAC =120°, mit phing (AB'C’) tao v6i ddy mot goc 60°. Tinh thé tich V cua khéi ling try
da cho.
Av=3 B.v-2" vt S

8 8 8 4
Cho khdi ling tru dung ABC.A'B'C' ¢6 BB'=a, ddy ABC la tam gidc vudng can tai B va
AC =a+/2 . Tinh thé tich V cua khéi lang tru da cho

3 3 3

Av=L B.V=a. c.v=%. D.v=2,
2 6

Cho khdi hop chit nhat ABCD.A'B'C'D' ¢6 AB=a,AD =a+/3 va mit phiang (A'D'CB) tao
v6i day mot goc 60° . Thé tich V' ctia khdi hop chir nhat 1a

A V=d. B. V=3d. C. V=432, D. V=94,

Cho khéi hop chit nhat ABCD.A'B'C'D' ¢6 AB=AD=a va A'C tao v6i mit phang
(ABB'A") mét goc 30°. Thé tich V cua khéi hop chit nhat 1a

A. V=322 B. V=24 C. V=124, D. V =+6a°.

Cho lang tru déimg ABC.A'B'C’' ¢6 AB=a, BC=a3, AC =2a va goc giita CB' va (ABC)
bang 60°. Mit phang (P) qua trong tim tir dién CA'B'C’, song song véi mit day lang try va cat
cac canh AA', BB', CC' lan luot tai E, F, Q. Ti sb thé tich ctia khéi tir dién CEFQ va khéi

lang try da cho gan sd nao sau day nhat?
A. 0,06. B. 0,25. C. 0,09. D. 0,07.

Cho hinh h¢p dung ABCD.A'B'C'D’, day la mdt hinh thoi. Biét dién tich cua hai mat chéo
ACC'A’, BDD'B' lan lugtla S,,S, va g6c BA'D =90°. Tinh thé tich V ctia khbi hop di cho.

Slsz B. V= Slsz C.V= S152 D V-= Sls2
Ja(sz-s1)  ap(si-s) 2(s-st) fasi-<)
2 1 1 2 2 1 1 2
Cho hinh chép S.ABCD c¢6 day ABCD lahinhvudng, cac tam giac SAB va SAD lanhiing tam

giac vudng tai A . Mit phing (P) qua A vudng goc véi canh bén SC cit SB, SC, SD lan luot
Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2092 | 2
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Céu 11:

Cau 12:

Céu 13:

Cau 14:

Céau 15;

tai cac diém M, N, P. Biét SC=8a, ASC =60°. Tinh thé tich khéi cau ngoai tiép da dién
ABCDMNP?

AV =6ra. B. V =247d’. C.V=323zs’.  D.V=183xd.

Cho hinh lang try déu ABC.A'B'C’, biét khoang cach tir diém C <
dén mat phing (ABC') bing agdc giira hai mat phang (ABC')

va (BCC'B') bang a véi cosazé (tham khdo hinh vé bén

duéi). Thé tich khdi lang try bang c
9\154° 3154°
A. . B
20 20
3\154° 9y154>
C. . D. .
10 10

Cho hinh lang tru ding ABC.A'B'C' c6 day ABC latam giac vuong cantai A véi BC = 202
. Biét khoang cach tir diém C' dén mat phang (A' BC ) bang % . Tinh thé tich V cua khdi ling
tru ABC.A'B'C'.

3 8a° 3
AV =4a. B.V=—. C. V=8a". D.V=—.

3 3
Cho hinh lang try diing ABC.A'B'C’ c6 day 1a tam gidc vudng can tai A, khoang cach tu A
dén mit phang (A'BC) bang 3. Goi « l1a goc giita hai mat phang (A’BC) va (ABC). Tim
cosa khi thé tich ctiia khéi ling tru ABC.A'B'C’ nho nhat.
A cosazg. B. cosa:—3. C. COSCXZl. D. cosa:—z.
3 3 3

Cho hinh lang try déu ABC.A'B'C’. Biét khoang cach tir diém C dén mat phang (ABC') bang

agoc gita hai mat phang (ABC') va (BCC'B') bang o Véi cosa =L\/_ (tham khao hinh v&
243
bén). Thé tich khéi lang tru ABC.A'B'C’ la
3 3 3 3
A" ;/5 B. 3”26. C. 3”46. D. 3a8ﬁ

Cho ling tru ABCD.A'B'C'D' ¢6 day ABCD 1a hinh chit nhat véi AB=+/6 , AD=+/3 ,
A'C =3 va mit phing (AA’C’C) vudng goc voi miat day. Biét hai mit phang (AA’C’C) ,
(AA'B'B) tao v6i nhau goc a thoa min tana :Z. Thé tich khéi lang tru ABCD.A'B'C'D’

bang?
A V=6 B. V=8. C.V=12. D. V=10.
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Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cho hinh chop S.ABCD c¢6 day ABCD Ia hinh binh hanh. Goi H 1a diém trén canh SD sao cho
5SH = 3SD, mit phang (a) qua B, H va song song v&i dudng thang AC cit hai canh SA, SC lan

. 7 . A R o7 V
luot tai E, F. Tinh ti s0 thé tich —SEEHE
S.ABCD

A s c. L D. -

. 2_0. 35.

g =

Cho lang try tam giac ABC.A'B'C’ ¢6 day 1a tam giac déu canh a. D9 dai canh bén bang 4a.
Mit phiang (BCC'B') vudng gbc v6i day va B'BC =30° . Thé tich khdi chép A.CC'B' Ia:

3 3 3 3
”“/5. B.”ﬁ C.Q\E. D.“‘B.

A. .
2 12 18 6

Cho hinh lang tru ABC.A'B'C' ¢6 day ABC la tam giac vuong tai A . canh BC =2a va
ABC =60°. Biét tir giac BCC'B' la hinh thoi ¢c6 B'BC nhon. Biét (BCC'B’) vudng goc voi
(ABC) va (ABB'A’) tao v6i (ABC) gdc 45°. Thé tich cia khdi lang tru ABC.A'B'C’ bing

a’ a 3a>

3
B. . C D. %%

37 7 N7 7

Cho ling try ABC.A'B'C' c¢6 diy ABC latam giac vudngtai A, ABC =30°.Diém M latrung

A

diém canh AB, tam gidc MA'C déu canh 2a4/3 va nim trong mat phang vudng goc voi ddy.
Thé tich khéi lang tru ABC.A'B'C’ la

7224 24/34° 24\24°
.

D. .
7

A. . B.
7

C.

7234°
s

Cho lang try tam gidc déu ABC.A'B'C’ ¢6 AA' = a3 . Goi I 1a giao diém cia AB' va A'B. Biét
khoang cach tir I dén mat phang (BCC ’B’) bang @ . Tinh thé tich V cua khéi lang tru da cho.

3 3
A. V=32, B. V=4, c.vﬁ%. D.V=“Z.

Cho hinh lang try tam giac déu ABC.A'B'C' c6 tit ca cac canh bé“mg a.Goi M, N lan luot la
trung diém cta cac canh AB va B'C’. Mit phang (A’MN ) cit canh BC tai P. Tinh thé tich
ctia khéi da dién MBP.A'B'N

3 3 3 3
A.*/E“. B.*E“. c. 31 p. /N3
24 12 9% 32

Cho hinh lang try tam gidc déu ABC.A'B'C’ c¢6 tat ca cac canh bang a. Goi M,N lan luot 1a
trung diém cua cac canh AB va B'C’. Mit phang (A’MN ) cit canh BC tai P. Thé tich khéi da
dién MBP.A'B'N bang.

3 3 3 3
A. 73 . B. V3a . C. 743 . D. 7434 .
68 32 9% 32

Cho hinh lang try ABCD.A'B'C'D’ ¢6 day ABCD 1a hinh vudng canh a. Cac canh bén tao véi
day mot goc 60°. Pinh A’ cach déu cac dinh A, B,C,D . Trong cac s dudi ddy, s6 nao ghi gia
trj thé tich cua hinh lang tru néi trén?
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Cau 24:

Cau 25:

Céau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

26 B. 23 C. 26 D. “3‘/6.

A. . . .
9 2 2 3

Cho hinh ling try ABC.A'B'C’ ¢6 day la tam gidc déu canh a. Hinh chiéu vudng goc cua A’
1én mat phang (ABC) tring v6i trung diém canh BC . Goc gitta BB’ va mit phing (ABC)
bang 60° . Tinh thé tich khdi ling tru ABC.A'B'C'.
23 203 3 303

: B. . C. . D. .
8 8 4 8

A.

Cho hinh lang try tam gidc ABC.A'B'C’ ¢6 day ABC la tam giac déu canh 24, hinh chiéu cua
A’ trén mit phing (ABC ) 1a trung diém canh BC . Biét goc giita hai mit phang (ABA’) va

(ABC) bang 45°. Tinh thé tich V' ctia khdi chép A.BCC'B'.

3
A. §a3. B. V=4, C. *+3. D.233”’ .

Khéi lang tru tam gidc déu ABC.A'B'C'c6 khoang cach tir A dén mit phang (A'BC )béng 3
va gdc gitra hai mat phang (A'BC) va (ABC)bang 60°. Tinh thé tich V khéi lang try da cho?

C.V:% by 83

A V=243 B. V =843, ;

Khdi lang tru ding ABC.A'B'C'cé day 1a tam gidc vudng can tai A . Biét khoang cach tir A
dén mit phang (A'BC)béng 3 va goc giita hai mit phing (A'BC) va (ABC)bang 60°. Tinh
thé tich V khdi lang tru da cho?

A V=243, B. V=83, C.V=72. D. V=24,

Cho hinh ling try ABC.A'B'C’ ¢6 déy 1a tam giac déu canh 4. Hinh chiéu vuéng goc ciia diém
A’ 1én mit phang (ABC) tring véi trong tAm tam gidc ABC . Biét khodng cach giita hai dudng

thang AA’ va BC bang #. Tinh theo a thé tich V cua khdi lang tru ABC.A'B'C".
3 3 3 3

A.V:a\/g. B.V:“‘@. c.vz”“/g. D.V:”\E.
12 3 24 6

Cho khdi hop chit nhat ABCD.A'B'C'D' ¢ AB=a;AD=a\/§ , gbc gilta hai mit phang
(ADD'A') va mat phing (ACD')bang 60°. Tinh thé tich khdi hop chit nht da cho.
a6 2 6 352

. B. V= . C.Vv= . D. V= .
6 4 2 4

A V=

Cho lang try ABC.A'B'C’ ¢6 day 1a tam giac déu canh a. Hinh chiéu vudéng goc cua diém A’
1én mat phing (ABC) trung véi trong tim cia tam gidc ABC . Biét khoang céach giira hai duong

thaing AA’ va BC bang %. Khi d6 thé tich ciia khdi lang tru 1a

23 23 3

3
A. . B. . C. . D. 2 ‘B.
24 12 36 6
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Cau 31: Cho hinh lang truy ABC.A'B'C’' ,day ABC latam giac déu canh x . Hinh chiéu cua dinh A’ 1én
mit phang (ABC ) tring voi tim AABC , canh AA’ =2x . Khi d6 thé tich khéi lang try 1a:

A 11 5 /39 c 43 11
T A = IR

D.

Cau 32: Cho hinh hop ABCD.A'B'C'D’ ¢6 day la hinh chit nhat véi AB=+/3,AD =+/7 va canh bén
bang 1. Hai mit bén (ABB’A’) va (ADD’A’) lan luot tao v6i day cac goc 45° va 60° . Thé tich
khéi hop bang
A 33 B. 747 C.7 D. 3

Cau 33: Cho hinh hop ABCD.A'B'C'D’ ¢6 déy la hinh chit nhat véi AB=+/3,AD=+/7 va canh bén
bang 1. Hai mit bén (ABB’A’) va (ADD’A’) lan luot tao v6i day cac goc 45° va 60° . Thé tich
khéi hop bang
A. 33 B. 7\7 C.7 D. 3

Cau 34: Cho hinh ling tru ABCA'B'C’ ¢ dédy la tam gidc déu canh a. Hinh chiéu vudng goc ciia A’ I1én
mit phang (ABC) tring véi trong tm tam gidc ABC . Biét khoang cach giita hai duong thing

AA' va BC bang #. Tinh thé tich V ctia khéi lang try ABCA'B'C’.
3 3 3 3
A g v -TV3 c v p. v -3
6 24 12 3

Cau 35: Cho hinh lang try ABC.A'B'C’ c6 déy la tam giéc déu canh m [ -5;2). Hinh chiéu vuong géc

cia diém A’ 1&n mat phiang (ABC) triing véi trong tam tam gidc ABC . Biét khoang céch giita

hai duong AA’ va BC bing #. Tinh thé tich V cta khéi lang tru ABC.A'B'C’ .
3 3 3 3
A.V:“‘/g. B.V:a\/g. C.V:”ﬁ. D.V:”ﬁ.
24 12 3 6

Cau 36: Cho hinh lang try ABC.A'B'C' ¢6 day la tam giac déu canh 34, hinh chiéu cia A' trén mat
phang (ABC ) tring v6i tim dudng tron ngoai tiép tam gidc ABC . Canh AA' hop véi mat
phang day mot goc 45° . Thé tich cua khéi lang try ABC.A'B'C' tinh theo 4 bang.

3 3 3 3
A2 B. /% c. 2 D. 274
4 4 4 6
Cau 37: Cho ling try tam giac ABC.A'B'C’. Cac diém M, N, P lan luot thudc cac canh AA’, BB',
CC'sao cho AM _1 BN _2 va mit phang (MNP) chia lang try thanh hai phan c6 thé tich

AA" 2'BB" 3

bang nhau. Khi d6 ti sb P 1

!

5 c. L D

A. B. —. 1
12 3 2

| =

Cau 38: Cho lang try ABC.A'B'C’ ¢6 day la tam giac déu canh a. Hinh chiéu vuéng goc cta diém A’
lén mat phang (ABC ) tring voi trong tim tam giac ABC . Biét khoang cach giita hai duong
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thing AA' va BC bing %. Khi d6 thé tich cta khéi lang try la

3 3 3 3
“\B. B.“‘B. C.‘“/5 D“ﬁ.

A. . .
6 3 24 12

Cau 39: Cho hinh ling tru C ¢ day la tam gidc déu canh H . Hinh chiéu vudng goc ctia diém D 1én mit
phing M trung véi trong tAm tam giac ABC . Biét khoang cach giita hai dudng thing AA’ va

BC bing #. Tinh thé tich V ctia khéi lang tru ABC.A'B'C’ .
3 3 3 3
A.V:a\/g. B.V:a\/g. C.vz”*/g. D.V:“‘/g.
12 3 24 6

Cau 40: Cho khoi lang try tam gidc déu ABCA,B,C,, gbc giita mit phang (A,BC) va déay bang 30°, dién
tich tam gidc A,BC bang 8. Tinh thé tich V cua khéi lang tru da cho.
A V=273. B. V=243, C. V=93. D. V=83.

Cau 41: Cho khéi hop chit nhat ABCD.A'B'C'D’ ¢6 AB=a,AD = a3, khoang céch tir A dén (A'BD)

béng @ . Tinh thé tich V cua khoi hop chir nhat da cho.
3
A.V:z*/g” . B. V =3a. C. V=230 D.V=d.

Cau 42: Cho hinh chép S.ABCD c6 thé tich V , day 1a hinh chit nhat, mit phang song song véi day cit
cac canh SA, SB, SC, SD lan luot tai M, N, P, Q. Goi M', N', P, Q' lan luot la hinh
chiéu vudng goc cia M, N, P, Q 1én mat ddy. Thé tich khdi hop chit nhat MNPQ.M'N'P'Q’
c6 gia tri 16n nhat 1a

ALy, B. 2V, c. v D.2v.

27 9 9 27
Cau 43: Cho hinh hop ding ABCD.A'B'C'D’, day 1a mot hinh thoi. Biét dién tich ctia hai mat chéo
ACC'A’, BDD'B' lan lugt 1a 1 va v/5 va BA'D =90° . Tinh thé tich V ctia khéi hop da cho.

V1o c.v-205 p. v -2V10.

A V=22, B.v="—. .V .
2 2 5 5

CAu 44: Cho lang try ABCD.A'B'C'D' v6i day ABCD la hinh thoi, AC =2a, BAD =120°. Hinh chiéu
vudng goc cua diém B trén mit phang (A’B’C ’D’) 1a trung diém canh A'B’, gbc giita mit phang
(AC’D') va mat day lang tru bang 60°. Tinh thé tich V ciia khdi lang tru ABCD.A'B'C'D’ .
A V=3, B. V =63a". C. V=232 D. V =334,

Cau 45: Cho khéi lang try tir gidc déu ABCD.A'B'C'D’ c6 khoang céch giita hai duong thaing AB, A'D
bang 2 va do dai duong chéo ciia mit bén bang 5. Tinh thé tich V' cua khdi lang tru di cho, biét
dd dai canh day nho hon d6 dai canh bén.

1045 8. 2045, c v 205

A V= . D. V=105.
3 3
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Cau 46:

Cau 47:

Cau 48:

Céau 49:

Céu 50:

Cau 51;

Céau 52:

Cau 53:

Cho khoi 1ap phuong (H) ¢6 canh bang 1. Qua mdi canh ctia (H) dyng mdt mét phang khong
chtra cac diém trong cua (H ) va tao vo1 hai mat cua (H ) di qua canh d6 nhirng goc bang nhau.
Cac mat phéng nhu thé gi61 han mot da dién (H ’) . Tinh thé tich cua (H ’) .

A 4. B.2. C. 8. D. 6.

Mot khdi hop chit nhit ¢6 cac kich thuée thoa mdn a,b,c €[1;4] va a+b+c=6. Tim gid trj

nho nhét cta dién tich toan phﬁn ctia khéi hop chir nhat do.
A. 18. B. 24. C.9. D. 12.
Cho khéi lang tru déimg ABC.A'B'C' ¢6 day la tam giac cdn ABC véi AB=AC=a, goc
BAC =120°, mit phang (AB’C ’) tao v4i ddy mot goc 30°. Tinh thé tich V cua khéi ling tru
da cho.
Av=20 B.v-". cv=" p.v=37

8 6 8 8

Cho khdi ling try tam gidc déu ABC.A'B'C' ¢6 khoang cach tir diém A' dén mit phang
(AB'C') bing 1 va cosin gbc giita hai mat phang (AB'C') va (ACC'A') bing g. Tinh thé

tich khéi lang try ABC.A'B'C".

A2 5. 2 c. 32 p. 32

2 2 4 8
Cho khdi lang tru dng ABC.A'B'C’ ¢6 day 1a tam gidc vudng tai A . Khoang cach tir A’ dén
cac duong thing AB', AC' vamit phang (AB'C’) lan lugt bang 1; J2; g.Tinh thé tich khoi
lang tru ABC.A'B'C’.
A &15 p. Y15, c. 215 p. V15,

5 5 5 5
Cho khdi lang try dimg ABC.A'B'C' ¢6 déy 1a tam giac vudng tai A . Khoang cach tir A' dén céc
duong thing AB',AC',B'C' lan lugt bang 1;% ;g . Tinh thé tich cta khéi ling tru
ABC.ABC
A 6+/210 B 7210 C 24/210 D 34210

© 35 - 35 - 3B © 35

Trong céac khi lang tru déu ABC.A'B'C’ ¢6 dién tich tam gidc A'BC 1a 3. Goi « la géc giira
hai mat phang (A’BC),(ABC). Tinh tana khi thé tich khéi lang tru dat 16n nhét.
A. tana =2. B. tanazg. C. tana =+2. D. tanazg.
Cho khéi ling tru ding ABC.A'B'C' c6 day 1a tam gidc vudng can dinh A, mit bén 13 hinh

vudng BCC'B', khoang cach giira AB' vd CC’ bang a. Tinh thé tich V cta khéi ling tru
ABC.A'B'C'.

3 3
A.V=\/53‘Z . B. V=24, c.vzﬁz” . D.V=d.
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Céu 54:

Cau 55:

Céu 56:

Céau 57:

Cau 58:

Céau 59:

Céau 60:

Céau 61:

Cho khéi ling tru tam giac déu ABC.A'B'C' c6 AA’ =a3. Goi I 1a giao diém cua AB' va
A'B Cho biét khoang cach tir diém I dén mit phang (BCC ’B’) bang @. Tinh thé tich V cua
khéi lang tru ABC.A'B'C’ theo a.
3 3
AV =3d. B.V=d. c.v=3>2 D.v=2L.
4 4
Cho ling tru dtng ABCD.A'B'C'D’ c6 day 13 hinh binh hanh. Cac dudng chéo DB’ va AC’ lan
luot tao voi day goc 45° va 30°. Biét BAD =60°, chiéu cao hinh ling tru bang a. Tinh thé tich
V khéi lang tru ABCD.A'B'C'D’.
3 3 3
A V=23, B.V=2_. cvoT2 p.v_tV3
2 3 2
Cho lang try ding ABC.A'B'C' diay ABC la tam giac vudng cén tai A, E 1a trung diém cua
B'C', CB' cit BE tai M .Tinhthétich V ctakhditadién ABCM ,biét AB=3a va AA'=6a
AV =8d. B. V =6v24. C.V=6a. D.V=7d
Cho khdi ling try dng ABC.A'B'C’ ¢6 day 1a tam giac vudng ABC vudng tai A, AC=a,
ACB =60°. Puong thing BC' tao v&i mat phang (A'C'CA) goc 30°. Tinh thé tich khdi ling
tru da cho.
3 3
A. a6 . g V3 c. 3 D. 234"
2 3
Cho hinh lang try dtng ABC.A'B'C' ¢6 day ABC la tam giac can, voi AB= AC =a va goc

BAC =120°, canh bén AA'=a. Goi I la trung diém cua CC'. Cosin cua gdc tao boi hai mat
phing (ABC) va (AB'T) bang

PUREED g Y10 c 3. p. V11
11 10 10 11

Cho hinh lang try ABC.A'B'C'c6 AA’ = 2, khoang céch tr A dén cac duong thing BB',CC’
lan luot bang 1 va 2; khoang cach tir C dén duong thing BB’ bang 5 . Thé tich khéi lang tru
ABC.A'B'C' bang

2

A 2 B. 3 C. 4. D.

Cho khdi lang try ABC.A'B'C’', khoang cach tir C dén duong thang BB’ béng\/g , khoang céach
tir A dén duong thang BB' va CC’ lan luot bang 1 va 2, hinh chiéu vudng goc ciia A 1én mat
phing (A'B'C’) 1a trung diém M cua B'C’'va A'M =+/5 . Thé tich khéi lang tru di cho bing

A 25 g 15 C. 5. p. 215
3 3 3
Cho hinh lang try ABC.A'B'C’, khoang cach tir A dén cac duong thang BB',CC’ lan luot 1a 1

W |

va 3, khoang cach tir C dén BB’ bang 2 . Hinh chiéu vudéng goc cia A 1én mit phing
(A’B’C’) la trong tam G’ cua tam giac A'B'C’ va A’G'z%. Thé tich cua khdi ling tru

ABC.A'B'C’ bang:
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Céu 62:

Céu 63:

Cau 64:

A 2. B.%. C. 4. D.

3
Cho khéi hop ABCD.A'B'C'D' ¢6 A'B vudng gbc v6i mit phing (ABCD); gbc gitta AA’ véi

[SSRININ

(ABCD) bang 45°. Khoang cach tir A dén cac duong thing BB', DD’ cung bang 1. Goc giita
mit phing (BB'C 'C ) va mit phang (C ’CDD’) bang 60° . Thé tich ctia khéi hop da cho bang:

A 243, B.2. C. 3. D. 343.

Cho khéi da dién ABC.A'B'C' ¢c6 AA'//BB'//CC' Biét khoang cach tir A dén BB' bang 1,
khoang cach tir A dén CC' bang NE) : Khoang cach giira hai duong thang BB',CC'bang 2 va
AA'=1,BB'=2,CC' =3 .Thé tich khdi da dién ABC.A'B'C' bang

A3 B.%. c. L. D. V3.

2 2
Cho hinh lang tru ABC.A'B'C' Biét khoang cach tir A dén BB' bang 1, khoang cach tir A dén

CC' bang NE : gbc gita hai mat bén cua ling tru chung canh AA' bang 90° . Hinh chiéu cua A

1én mat phang (A'B'C') 1a trung diém M cta canh B'C' va A'M = % .Thé tich khéi da dién
ABC.A'B'C' bing
A 2. B. 1. C. 3. D. ?
HET
BANG DAP AN
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1.B 2.D 3.D 4.A 5.A 6.B 7.C 8.B 9.A 10.C
11.A | 12.C | 13.B 14.B 15.B 16B | 17D | 18.C | 19.A | 20A
21.C | 22.C | 23.C | 24D | 25B | 26A | 27.C | 28.A | 29D | 30.B
3LA | 32D | 33D | 34.C | 35B 36.B | 37.C | 38D | 39A | 40.D
41B | 42C | 43.A | 4B | 45D | 46B | 47A | 48.C | 49.A | 50D
5.D | 52C | 53.C | 54A | 55D | 56.C | 57.A | 58.C | 59.A | 60.D
61D | 62C | 63.D | 64.A

HUGNG DAN GIAI CHI TIET
Caul: ChonB
B C
bat canh hinh 1ap phuong la x. A | /;;f’
Goi O=AD'nA'D ,tacé D'O L(DCB'A'). | o
Taco: A'C<(DCB'A')//C'D' nén 0
d(C'D'; A'C)=d(C'D';(DCB'A")) /::/:i,;: __________ C
:d(D’;(DCB’A'))zD'Oz%za. AL 5 o
Do d6, x = a+/2 . Thé tich khéi 1ap phuong la: V = x* = 24/24° .
Céau2: ChonD
bat do dai cac canh cta hinh hop chir nhat 1a a,b,c, ta cé:
ab=10
be =20 = abe = 40~/10 . Thé tich cita khdi hop chit nhat la: V = abc = 4010 (cm*).
ca =80
Céu3: ChonD
Gia stir do dai moi canh cua khoi hop 1a a,b, ¢, thé tich khoi hop 1a V| = abce.
Khi tang d6 dai mbi canh 1én 2 lan thi d6 dai mdi canh 14 2a,2b,2¢ va co thé tich 1a
V, =2a.2b.2c = 8abc =8V, .
Do d6, thé tich khéi hop chit nhat ting 1én 8 1n. ) ] '
Céau4: ChonA
Goi M 14 trung diém B'C’. Ta co {i{;@ iBB(é | )
= ((AB'C'),(AB'C')) = AMA = 60° gl

Tam gidc A'MB’ vudng tai M, c6 B'/A'M = 60° nén A'M =acos60° =§ .

AA' = A'M.tan(AMA') - %.tan60° - # .
1 3 3a°

Susc =5 ABACSING0"="""=. Viy V = AA'S ;==

A
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 5:

Cau 6:

Cau7:

Cau 8:

Cau 9:

Céau 10:

Chon A

Tacdb AB=BC=a.

3

Thé tich ling try da cho 1a V =S,,...BB = %.a.a.a = % :
Chon B
B c'
. [ABLBC
Taco = ((A'D'BC),(ABCD)) = A'BA = 60° x o
A'B L BC
AA'= AB.tan60° = av/3 = V = AB.AAD.AA' = 3a°
Chon C . ¢
Dung anh cidu 6 nhé ! A 5
Taco (A'C,(ABB'A'))=CA'B=30°
2 1 A2 2 1 A2
BC = A'B.tan30° =—““+\/‘_4A . =—W+Jf"4 = A'A=+2a
3 3

V = AB.AAD.AA' = 24°

Chon B

Goi M, N lan lugt 1a trung diém A'B', CC': G la trung
diém MN . Suy ra G la trong tdm tir dién CA'B'C’".

(P) qua G va cit cac canh AA’, BB', CC’ lan luot tai E, F

Q thi AE=BP=CQ=ZAA'.

Thé tich khéi lang trula V = AA'S

ABC *

Thé tich tir dién CEFQ la:
1 13 / 1 VCEFQ 1
VCEFQZECQ.SEFQZE.ZAA 'SABC :ZV: V 2120,25_

Chon A

Goi O= ACABD. Vi S, = AC.AA’; S, = BD.AA' vd BA'D =90° = OA' = %

AC?

S; 12 512 ' 4\] S; - 512

AC?
hay —2— = AA” +—— = AA'=
4 4AA 4AN 1
Do d6 VZSABCD'AA'ZlAC-BD-AA': 5152,: 5,5, .
2 204"l (52 -7)

1

Tam gidc A'AO vudngtai A ¢ OA” = AA” +OA* = AA” +

BD?

Suy ra =AA” +

Chon C
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5=

Mit phang (AMNP) L SC = ANC =90°(1),5C L AM .

Do (SAB) L BC = BC L AM = AM 1 (SBC)= AM L MC = AMC =90°(2)

Tuong ty ta c6 APC =90°(3)

Do ABCD Ia hinh vudng nén tir (1), (2),(3) suy ra AC 1a duong kinh mét cau ngoai tiép da

dién ABCDMNP.
AC

Xét tam gidc SAC c6 sin60’ = -~ = AC= 43a=R=23a=V = %72’(2\/§a)3 =3237a’ .

Céau 1l: Chon A

Goi 2x 1a canh cua tam gidc déu, Goi O,K lan lugt 1a
trung diém ctia AB,BC

Ké CKLC'O

Ta cO0 CHLC'O va CH L AB nén CHJ_(ABC') va

d(C,(ABC'))=CH=a

1 1 1 1 1 1

Suy ra: = + hay — = +— (1

Y CH*> CC? co? Y a> CC? 3x° @)
Ta c6 hinh chiéu vudng goc cua tam giac ABC' 1én mit
phang (BCC'B') la tam giac KBC'

S ne

Do d6 =K< = cosar = 1
AABC' 3

1

Taco: S, =%.x.CC’ va S, .. =

5-ABCO= %.AB.\/CC’Z +CO? = x\JCC™ + 32

Do d6 %.x.CC’ = %X\/CC'Z +3x% < 3CC' =24CC"? +3x* < 5CC”* =12x* (2)

, 1 1 4
Tw (1),(2 —_ =
r (1),(2) taco +5CC’2

a> CC"”
a3

Suyfa x=—=.Vay thé tich khéi lang tru1a V =S, .CC' =

Céu 12: ChonC

13 | Facebook tac gid: Phan Nhét Linh
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Thé tich khdi da dién — Hinh hoc khdng gian

Céu 13:

Céu 14:

Goi M 1a trung diém canh BC, H la hinh chiéu
vuong goc cua A 1én A'Mtaco

d(C;(A'BC))=d(A;(ABC))=AH.

Ma AH=—AA'AM _4a
JAAZ+AM? 3

o AAa2 _da .

JA'AZ 4227 3

V=AA'-%AB-AC=4a-%-2a-2a=8a3.

Chon B

Goi M la trung diém ciia BC, ké AH L A'M = AH 1 (A'BC)
= AH=d(A,(A'BC))=a va géc giita (A'BC) véi (ABC) la

AMA=«.
Am=4H _ 3 pe_pam-_%
Ta Cé SINno smno smno ]
AA'= AMtana =
cosa
Khido V =Sh=—~ AMBCAA =2~ 27
2 sin” a.cosa (1—cosza).cosa
_ 272 § 272 8143
\/2C052a(l_cosza)(l_COSZO‘) 2cos’ g +1-cos’a+1—cos’a ) 2
3
’{ " n 2 3
Déau "=" xayra <:>cosa=?.
Chon B

Goi K,J lan luot 1a trung diém cua AB, BC.
Goi x la do dai canh AB.

X3
AJ=CK=="=.
Taco CH L(ABC')=d(C,(ABC'))=CH=a.

Mit khac AJ L (BCC'B').
Nen((ABC'),(BCC'B)) =(CH, A7) =@ =(CH, AG) (cosa =sinp).

MG

Taco singoz_:L@ _AG 2 A w3 x
AG 23

"3 332 233 6
H_sz a x

o -=" < x=2amad(C,(ABC'))=CH=a.
3 6 3 6

MG
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aZa\/g 2\/_
2 2 3 3
=CC'= CI;I'CK ~ = 2 :a*z/g.vay V=xf.CC'=( ”)4 .”fﬁ“zﬁ,
JCK? —CH \/(a\/g) 2

Céu 15: ChenB

Tir B ké BI L AC = BI L(AA'C'C).
Tir [ ké IH L AA'
= ((AA'C'C),(AA'B'B)) = BHI ,
Theo giai thiét taco AC =3

AB.BC
= Bl=—r = =\2.

Xeét tam giac vudbng BIH c0 tanBHIz% e

BI < IH = & .
tan BHI 3

< [H=

AB*

Xét tam giac vudng ABC c6 AI.LAC=AB* = Al = C 2.

Goi M 1a trung diém ca AA’, do tam gidc AA'C cantai C nén CM L AA'=CM // IH.
Al AH 2 AH 2 _AH 1

— == —=—=——=_,
AC AM 3 AM 3 AA" 3

Trong tam giac vuéng AHI ké dwong cao HK ta c6 HK :¥ — chiéu cao caa ling tru
ABCD.A'B'C'D' la h=3HK = %

Vay thé tich khéi lang tru ABCD.A'B'C'D' 1a V

ABCD.A'B'C'D'

— AB.AD.: :JEJE% -8,

Céu 16: CheonB 8
bat Vs 0p =V .
Trong tam giac SOD ta cé:
IS BOHD | IS _,_ Sl _SE_SF_3

. . =]l —=3>—="—=—"="-,
IO BD HS 10 SO SA SC 4

V.
Taco: =S :S—H=§:>VSHBC v
V. SD 5 ' 10

S.DBC

1%
Mat khac: —SEHE —

C.SHB

CF_1_, _3v
CS 4 CFHE 40"

ﬂj Ve senr :i.
20

Ma: V

C.BEHF —

2VC.FHB = 40 v

S.ABCD
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Cau 17:

Cau 18:

Cau 19:

Chon D
Goi H 1a hinh chiéu ciia B’ trén BC. Tir gia thiét suy ra:
B'H L (ABC).
1., . 1 . o 2
Sepc = EBB .BC.sinB'BC = E4a.a.sm30 =a".
2S,., 2
Mit khic: S, =~ B'H.BC = B'H = 22m¢ _ 20 _p,
2 BC a
2 3
V,, =BHS,, =2a" 3 _aVs
4 2
1 12 1 13 a3
Vacew = EVA.CC’B’B = E'EVLT = EVLT = 5 5 = 6
Chon C A c

Do ABC latam giac vudng tai A, canh BC =2a va

ABC=60°nén AB=a,AC =a+/3.
Goi H 14 hinh chiéu vudng goc cia B’ 1én BC

= H thudc doan BC (do B'BC nhon) A ’n c

= B'H L (ABC) (do (BCC'B') vuéng goc Vi N , /
b0° H

(ABC)). \Eg/

K¢ HKsong song AC (K € AB) = HK L AB (do ABC latam giac vuong tai A).
=|(ABBA'),(ABC) |~ BKH =45"= BH=KH (1)
Taco ABB'H vuong tai H = BH =+/4a° -B'H>  (2)

Mat khac HK song song AC = BH _HK = BH = HK.2a 3)
BC AC a3

Tir (1), (2) va (3) suy ra \4a* - BH® = 2124 _ g =g, /% .

a3
N , 1 , 3a3
V&Y Ve spe =Suuc BH =2 ABACEH = =
Chon A

Goi H 1 trung diém cua MC .
A'H L MC

Taco {(A'MC) L(ABC) = A'H L (ABC)
(A'MC)(ABC)=MC

MC =2a3

Tam gidc MA'C déu canh 2043 =
A'H =3a
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BC =2x

AB=x/3

bat AC=x>0, tamgiac ABC vudngtai A ¢c6 ABC =30° :{

Ap dung cong thuc tinh d6 dai trung tuyén ta c6

2 2 2 2 2 2
cvpp LCAHCB AR o X add 3¢ day3
2 4 2 4 7
2
Suy ra SABC ZlAB.AC = 1 124 46{\/_ 240 \/_ A’ C'
2 277 7
3 B'
Dod6 V. ye = AHS,,; 72” V3
Cau 20: Chon A [

ABC.A'B'C’ 1a khéi lang tru déu nén AABC latam giac déuva A4 N\~
AA' = a3 1a chiéu cao ciia khéi nay.

B
d(A;(BCC'B')) AB' _ . . | a\/_
d(I;(BCC'B)) B =2=d(A;(BCC'B"))=2d(I;(BCC'B"))=2—— \/5

Goi H 1a hinh chiéu cia A trén BC thi do AABC déu va (ABC)J_(BCC’B’) nén H ciing la

hinh chiéu cua A trén (BCC’B’) va H 1a trung diém cua BC.

AH =d(A;(BCC'B')) =a3 = BC = 240 _ 20=S,,. = 3.

73

Vay thé tich ctia khéi lang try déudi cho 1a V =5, .AA" =a’ 3.04/3 =34°.
Céu 21: Chon C

e
Goi S 1a giao diém ciia A'M va BB’ khi d6 P la giao diém SN va BC.
.V
Taco - _SN{ S_B;S_P L :>VMBPA’B’N:ZV _Z
Vosn SA'SB'SN 8 -

3
Voann = %SB’-SAABN ;SB’ ;A’B’.B’N sin60° = %2a.a.§sin60° = “lf .

3
—~V Ty 7”[

MBP.A'BN SABN —
8 96
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 22:

Céu 23:

Céu24: ChonD

Chon C
Goi Q 1a trung diém cua BC. Suy ra AQ||A'N= MP| AQ=P la

trung diém cta BQ.

Ta c6 BB',A'M,NP dbng quy tai S va B la trung diém cua B'S
= SB'=2a.
23 23
SA’B’N = 3 = VS.A’B’N = ?
1 7 7\/5113
VSMNP = gVSA'B’N = Vispapn = gVSA’B’N = T
Chon C

Goi O latam hinh vudng ABCD .Tir gia thiét A’ cach déu cac dinh A
, B, Ctasuy ra hinh chiéu cia A’ trén mit phing ABCD 1 O hay A’O 1a duong cao cua khoi
lang try.

Trong tam gidc A’OA vuong tai A va A'OA =60, ta cé:

A'O=0A.tan60 = j_ A3 —i . Dién tich day ABCDIa S, ., =a’.
3
Thé tich ctia khoi lang try 1a V = B.h = S s A'O = \/_ .Vay V = ;/g .

Goi H la trung diém canh BC . Theo & ra:
A'H 1 (ABC).
2 2
poABY3 _aV3 . V3 _a3 (dod)
2 2 4 4
Ta co:
(AA',(ABC)):A'AH
= A'AH =60°

(AA',(ABC))=(BB',(ABC))=60°

Xét AA'’AH vudng taiH : A'H = AH.tan60° = =

3a3 \/_

Vay V AHS,,

ABC.A'B'C’

(dott)
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Céu 25:

Céau 26:

Cau 27:

Chon B
Taco: VABC.A’B’C' = VA.A'B'C’ + VA.BCC’B’ = VA'.ABC + VACBCC'B' :
Ma VA’.BCC’B’ = VA.BCC’B’ = VA.A’B’C’ = VA’.ABC'

Goi M 1a trung diém cua BC, I 1a trung diém cua AB va K
1a trung diém cua IB. Khi dé: A'M L (ABC).
MK /] CI

Mat khac: = MK 1 AB.
ClI L AB

MK 1 AB, AM 1. AB= A'K 1 AB.
Goc giita hai mit phang (ABA’) va (ABC ) chinh la goc gitra

A'K va KM va bang A’KM =45° nén tam giac A'’KM vudng can tai M .

Trong tam gidc ABC: MK = 1CI = 1.20\/5 = &.
2 2 2 2
Trong tam giac vubéng can A'’KM : A'M = MK = # va VvV, e = %'VABC.A’B’C"
1 2 2 L2 a3

= Vaseew = Vapcane — EVABC.A’B’C’ = EVABC.A’B’C' = E'SAABC A'M = g'az 3'7 =a’
Chon A
Do lang try ABC.A'B'C' déu nén lang tru da cho 1a ling try
diang.
Goi H la trung diém cua BC, K 1a hinh chiéu cua H lén
A'H .

., BC 1L AH
Taco = BC L(AA'H)=(ABC) L(AA'H)

BC 1 AA'

Ma
AK L A'H= AK 1 (A'BC)=d(A,(A'BC))= AK =3, B

Ta ¢6 goc gilta (A'BC)va (ABC)la goc gitta AHva. Suy ra A'HA=60".
Ak A'A=AH.tan60’ =6
Taco AH = 23>
sin 60" AB=#=4
3

Thé tich khdi lang tru1a V =S, .AA'=4/3.6 =243 .

Chon C

Goi H hinh chiéu ciia A Ién BC, K 1a hinh chiéu cia H I&n "
A'H . ‘\\::\\\\\‘Bl
. BCLAH
Taco = BC L(AA'H)=(ABC) L(AA'H) Mg
BC L AA'

A" c’

Ma AK L A'H=> AK L(A'BC)=d(A,(A'BC))= AK =3. jay o

19 | Facebook tac gid: Phan Nhét Linh



Thé tich khdi da dién — Hinh hoc khdng gian
Ta ¢6 goc gita (A'BC) va (ABC) la goc gilta AH va. Suy ra A'HA=60°. Ta c

AK A'A=AH.tan60° =6
AH=—"—=2{3=
sin 60 BC =2AH =4+/3; AB=2+/6
2
Thé tich khoi lang tryla V =5,,..A %(2\/5) 6=72.

Céu 28: Chon A
Tacd A'G L(ABC) nén A'G LBC; BC L AM

= BC L (MAA')
Ké MI L AA’;
BC LIM nén d(AA’; BC)zIM:#
Ké GH L AA’,
Tacoﬁzﬁ 2 GH—ZEZ&
AM IM 3 374 6
a\/g a\/g
12: }2+ 12©A,G: AGHG _ 3 "¢ _a
HG* A'G> AG JAG? —HG? \/az 2 3
3 12
2 2
1% = A'GS ”[_ ﬁ,

ABC.A'B'C’

ABC3T 4 12
Céu 29: ChonD

Goi H 14 hinh chiéu cua D 1én AD'.
Tac6 AD' L(DHC)= ((ADD'A'),(ACD')) = DHC =60°.

C6 DH =CD.cot60" = ”J_
Suy ra 12= 12+ 12:>DD‘=ﬁ.
DH® DD DA 4
3
Thé tich khéi hop1a V =S ascn-PD' _3a 4\/5 :

Céu 30: Chon B

Goi G la trong tdm cua AABC, M 1a trung diém

cua BC.

= A'G L(ABC).

Trong (AA'M) dung MNLAA" , ta co
BC L AM

{ ., =BC L(AA'G) = BC L MN .
BCLAG

= d(AA',BC)=MN = a3,

4
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Céu 31:

Cau 32:

Goi H 14 hinh chiéu cua G 1&én AA’.

Taco: GH//MN = GH _4G _2 = GH = 2MN_ \/5
MN AM 3 3 6
Xét tam gidc AA'G vuong tai G, ta co:
1 1 1 1 1 1 1 1 27 , a
2= >t Elnd 2 2 2 = 2=_2':>GA:_'
GH® GA® GA GA”™ GH” GA [ J ( J 3a 3
: ‘. \/_ a 3\/_
Vay thé tich cia khoi lang try 1a: V =5,, ..A'G = 3= 1
ChonA
Goi H 14 hinh chiéu vudng goc cua A’lén (ABC ) .DOAABC déunén H 1a trong tim tam giac
AABC . Taco AM_X\/_ AH = 3AM—%
Xét tam giac vudng AAA'H  c6 A'H=+AA” - AH? :ﬁ.
1,3 23 23 w33 21
Sanc =Ex 7=T ABC.ABC' — 4 ' 3 = 4
Chon D

Goi H la hinh chiéu cia A’ trén (ABCD) va K, L Ia hinh
chiéu ciia H trén AB,AD.
Ta co cac goc A'KH =45° va A'LH =60° .

[

bat AH=x suyra HK=x;HL=——

2 2
Do do AA’2=AH2+A'H2=x2+%+x2:>%:1:>x:\/§_

Thé tich khdi hop bing V = Bh= AB.AD.A'H =37 \E =

Céu 33: ChonD

Goi H 14 hinh chiéu cua A’ trén (ABCD) va K, L 1 hinh chiéu cia H trén AB,AD.
Ta co cac géc A'KH =45° va A'LH =60° .

5

Pit A'H=x suyra HK = x; HL—x
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Thé tich khdi da dién — Hinh hoc khdng gian

2 2
Do dd AA” = AH? + AH? =x* + 2 1 42 :ﬁzlzx:ﬁ_
3 3 7
Thé tich khéi hop bing V = Bh = AB.AD.A'H = /37 \E -

Céu 34: Chon C

M 1a trung diém ctua BC thi BC J_(AA'M).

Goi MH la duong cao cua tam giac A’AM thi
MH 1 A’A va HM 1 BC nén HM la khoang cach
AA’ va BC.Taco

A'AHM = A'G.AM < *f A'A= K] A'A? -
4 2 3
) , a ,  4a’ ,  4a’ 2a
oS AA =4 A'A —g S3AA =— AA =7®A'A=?.
2 2 2 3
Duong cao cualang trula A'G = da” 307 _a . Thé tich Vir _ V3 = V3
9 9 3 34 12

Céu 35: Chon B

Goi G la trong tam tam gidc ABC. Vi A'G L(ABC)

va tam giac ABC déu nén A’ABC la hinh chop déu.

K¢ EFLAA" va  BCL(AAE)  nén
' aN3 o 4

d(AA’,BC)=EF = T.Bat A'G=h

TacHd A'A=

Tam gidc A’AG dong dang véi tam giac EAF nén

AA_AC_AC | AGEA= AAFE =™ - h=2.
EA FA FE 3
2 3
Thé tich V cua khéi lang tru ABC.A'B'C' 13 V = AGS,, g 4 4[ ”f.
bat AH=x=H'B=x.
Taco K latrong tam tam giéc AA'B
SuyraKB_—AB_ 1} ; KA = —AH’ %\/x +a’
: A 2 2 2 4 5a° 2 2 2 2
AKAB vubng tai nén KB"+KA®°=AB 9 2x* +T =a" < 8x +5a" =9a
_ a2
S
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2 3
P B R Y

Vay V =5, =~1 "7 " 3

Céu 36: Chon B
Goi Al 1a duong cao, H la tam cua tam gidc ABC = A'H 1 (ABC).

. |AA'N(ABC) = ' X .
= goc gitta AA’ va (ABC) la A’/AH = A’AH =45°.
A'H 1 (ABC)
p A’ B
Ta co: AI=#,AH:§AI=(J\/§ ,
(3a)2 3 923
SABC = 4 = 4 )
A'H = AH.tan45° = AH = a3 . A 5
2 3
Thé tich ctia lang try 1a: V = AHS,, = 3. 94 4\/5 = 27; ) I
C
Cau 37: ChonC
) 1%
Ap dung cong thirc | —AECMEP — E(AM, + BN, + CPJ.
ABC.A'B'C’ 3 AA BB CC
. 1(AM BN CP) 1
Ta CO VABC MNP VABC.A'B'C' nen g(AAr + BB! + CC’j = E
1 2

SAA 3IBE ep | 1 cp 1

@1 + + :
3| AA’ BB" CC'| 2 cC' 3

Céu 38: ChonD

Do AABC déu trong tim G va A'G L(ABC) nén A".ABC
13 hinh chop déu.

[

Goi M la trung diém cua BC , khi d6 AM=—""

s

Goi H la hinh chiéu cia M trén AA’ . Khi dé do
BC L(AA'M) = BC L HM nén HM la dudng vudng goc

[

AG_”

chung cta hai duong thing AA’ va BC.Do d6 HM = 4

az

bit AA'=A'B=A'C=x,khiddo A'G= xz—g.

2
A'G.AM = MH.AA' :&. 2oL =&.x :>x=%.

AAM — 5 3 4

Do 2S
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23

AABC = 12

2
&, AG=2ovy

Do SAABC = 4 3 ABC.A'B'C’ — A'GS

Céu 39: Chon A
Goi M la trung diém cua BC. V& MH L AA’ (HeBC).

Ta c6 AM LBC, A'GLBC = BC L(A'AG)= BC L MH
= d(AA’,BC)=MH.

2 2
AH =JAM? - MH? =, |27 3% _3a
4 16 4
av3 a\/g
Ta co @:A—G:tanGAH :>A’G=MH'AG -4 3
AH AH 3a
4
a 23 0 23
-Z.vayv=S, AG-= - .
3 ABC 4 '3 12

Céu 40: ChonD
Dit BC =x vagoi K 1a trung diém cua BC,tacd A,KA=30°.

Ta co
5
ak=2K _ 2 s lagpe-¥ _gex-4
cos 30 3 ! 2 2
2
3

2
Do d6 h:T-tan3O°:2\/§- :>V:Sh:4f-2:8\/§.

1
— =2
J3

AR

VTN
N B
N

Céau4l: ChonB o

, 1 1 1 1
Taco — = >+ >+ ~
d, AB° AD” AA &

1 1 1
>———=—+ +

_ 1
(NEI_QQ @By | AA’
5

— AA' =+/3a.

Vay V =a-+3a-\32=3a".

A /
Céu 42: ChonC
Goi h 1a chiéu cao ciia khdi chop va h'= MM’ 1a chiéu cao khdi hop
chir nhat.
Theo Thales, ta co:
_SM _SN_SP_SQ_MN _NP _ I _AM_, SM

X=——=—=—= — == o>—=——=1-—=1-
SA SB SC SD AB BC h AS SA
Do do V= %AB.BC.h va

V'=MN.NP.W =x*.AB.BC.(1-x)h=3x*(1-x)V .
Xét ham s6 f(x) = 3x? (1 - x) =3x?-3x° voi x e (0;1)

&
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x=0
= f(x)=6x-9x" = f'(x)=0<| 2.
xX==
3
Bang bién thién:
2
x |0 3 1
f(x) + 0 -
4
9
f[xl / \

. 4 ., 4
Vay r{éall)xf(X) —5 Vmax ==V. A 5
Cau 43: ChonA Ny | )
'J' ; \‘ \\ Cl
Ta c0: Y J
S ‘Al . ' l’ : \\ \‘\\
ACC'A — AC CC’ — AC (CC': DD') ’/ AL___\l __________ :_ o
Seppp  BD.DD"  BD ’,: v \\‘\‘%—*"”'
=L _AC _Bp-acys.
J5 BD B -
2 2 2 2
Taco AA'=VO ’Z—OAzz\/BD _4c ZJS'AC _AC — AC
4 4 4 4
: 1 JE \/g
= Syccq = ACAA = AC* =1= AC=1Va S0, =~ ACBD ="~ AC® =
S e 1 \/_ \/—
Vay thé tich khdi hop dung la V =, [—2E2- S accu-Seopw
Céu 44: Chon B
A D

Goi H la trung diém A'B', suy ra BH L (A'B'C'D’).

Vi A'B'C'D’ la hinh thoi va B'A'D'=120° = AA'B'C’ la tam
giac déu canh 2a.
Ta c0:

(AC'D')n(A'BC'D')=C'D’

HC' L C'D'

BC' LC'D’

= ((AC'D"),(A'B'C'D')) = BC'H = 60°

V3

CO AA'B'C' déu canh 2a nén C'H = 7.2{1 = \/511.

Xét tam gidc BHC' vudng tai H c0: tan60° =§,—Ij{:> BH =C'Htan60° =3a.
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SA'B'C’D’ = 2‘SA'B'C' = 2'g-(25’)2 = 2\/5512 .
Vay, Vsep.aer = BHS yyc = 3”'2\/502 = 6\/5513 . A ]
i \‘\\ K
Céu 45: Chon D B, DN -
Dung AK L A'D o 5
CD 1L AD o oy 20N 5D
= CD 1 (ADD'A")=CD L AK
CD 1L DD’
B C

Véay AK L(CDA'B)
Tacoé: A'D=5 va AB//CD = AB//(A'B'CD)
= d(AB,A'D)=d(A,(A'BCD))=AK=2.Do d6 véi AD=a, AA'=b(b>a), taco:

2, p b=25
{””’ 2 { I:V=a2b=1o£.

=
ab=25=10 |g=+5

Céu 46: Chon B

Taco Vi, =V +6Vs e - V6i S.ABCD 1a khoi chop tir giac deu nhu hinh ve.
121
Taco SH = HM.tan45° = HM = % =V, isep = Tz = % .Do do V,,,, = 1+6% =2,

Céu 47: Chon A
Theo giéthiétcé a,b,c 6[1;4] Via+b+c=6; Stp :Z(ub+bc+ca).

(a—l)(b—l)(c—l)zo abc+(a+b+c)—(ab+bc+ca)—120
a,b,c e[l;4]:> =

(a—4)(b—4)(c—4)20 64—16(a+b+c)+4(ab+bc+ca)—ubc20
:>63—15(a+b+c)+3(ab+bc+ca)20 :>63—15+3(ab+bc+ca)20
90-63

9=5,218.

=ab+bc+ca>

Céu 48: Chon C

Goi M la trung diém ctia B'C'. Khi d6 A'M L B'C' vda AM L B'C' = gbc giita hai mit phang
(AB'C’) vaday 1a AMA’=30°.

Trong tam gidc vudbng A'MB' tacd A'M = A'B'.cosB'A’'M =% :
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a3

Trong tam gidc vubng AA'M cb: AA'= A’‘Mtan30° = - h.

23
1

Dién tich tam giac A'B'C' la S=

Céu 49: Chon A

2
Dit d¢ dai canh d4y bang a va chiéu cao bang h.Taco V = 4 114\/5 .
Goi H la trung diém B'C' vaké A'H L AH suyra A'HJ_(AB'C').

Vay theo gia thiét ta c6 lz—l+ 1 <:>l 4 =1.

= + —=
” w {a\@}z W 3a’
2

Goi M latrung diém A'C' vaké MN L AC' ¢c6 MN L AC' va B'M L AC'
= AC' L (B'MN)=((AB'C'),(ACC'A"))= MNB.

E o
C6 cosMNB=Y2 o tanMNB=VI1 M 11 & — 2 _ 11
6 MN ah
2Na? + 1
1 ah
& 3Ja? +h* =h11 trong 46 MN =—d(A',AC") = ——— .
2 ( ) 2Na* + 1
Giai hé trén ta dugc a=2,h=§ :Vz#.
Céch 2: chily AAMC' 1a hinh chiéu vudng géc cia AAB'C' 1én mit phang (ACC'A')
5 e
s an
Do do cos((AB'C'),(ACC A))=2aue 04 oy ¥5 fyr g
SAB'C' 6 , 3a® 6
alh™+—
4
2
Giai hé trén ta duoc a:Z,h:% :Vz%
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Cau50: ChonD

B
Pit A'B'=a , AC'=b , AA'=c thi SM,B,C;lab g :
= Vs ame = 5 abc.
1,11
@ & d&(A,AB)
. 1 1 1 1
Ta 0 (5+5=—77 ~== =
v ocd dP(ALAC) 2
i 1.1 1 _4
¢ v &(A(ABC)) 3
1 5 e _6J_ iy v 315
jazbzcz_@ = avc = aY Viapcapc = 5
Caub51: ChonD
Trong (ACA'C"ké A'KLAC':A'K:Q.
Trong (ABA'B)ké A'H 1L AB'= A'H =1.
Trong (A'B'C')ké A'ELB'C':A'E:%.
bat A'B'=a;A'C'=b;AA'=c.
6
i & A'H® a 6 5
Tacé %4_%: L 2:é,Cc}ngtheovétacé:%+%+%=£:> %ZZ@ b= é
b= ¢& A'K® 3 a b 6 b= 6 7
a b A'E > 6
1 34210
Vay thé tich ciia khoi lang try V openge =AA .E.AB.AC =35
Cau’52: ChgnC B! ¢
Goi I 1a trung diém BC < (A'BC,ABC)=AlA=a. A
25,
Goi BC=x(x>0)©A’I=£:é.
BC X ,
x\f o \/36 3 \/144—3x4 144 -3x |
x> 4 2x* 2x B “azzz--m----- &1 ———————— c
' 2 \\
=V seape = AA'S 50 = 14i 3¢ X \/_ \/_ x\144 — 3x* A
4
Pt f(x)=xv144-3x* :>f'(x)=\/144—3x4 —12—X=0<:>x=2.

24144 - 3x*

= f(x) dat gi4 trj 16n nhat thi thé tich khoi lang tru 16n nhat khi x =2.
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Cau 53:

Cau 54:

Céau 55:

!

:>AA’=\/8,AI=\/§:tana=%=\/§.

Chon C i .
. |CC'/JAA . . A
Ta co :>CC'//(AA’B’B) nén khoang céach gitra
AA' < (AAB'B)

AB' va CC' 1a khoang cach tir C dén mit phang (AA’B’B) . sl N\ ___ c

CA L AB 2
Mait khac =CA J_(AA’B'B) suy ra khoang céach tur C

CA 1L AA’ A

1 a’

dén mat phing (AA'BB)1a CA=a= AB=AC=a=S5,,, = EAC.AB =5 Lai co tir gidc

BCC'B' 1a hinh wvudng nén CC'=BC=av2 . Vay thé tich khéi ling tru

, a a2
:CC.SMBC:a\/E.E: .

1%

ABC.A'B'C'

Chon A

bat canh cta day 1a x. A C
Goi I 1a trung diém BC ta co

X3
2

d(A' ;(BCC'B')) = A

1 x\/g a\/g I

d(1;(BCC'B')) = d(A";(BCCB ) == == === x=2a.

4 2
2
S, ime = M —a*\3.

4
Thé tich khdi ling tru: V = a®</3.a4/3 = 3a°

Chon D
A"\ D
B, V4

Theo gia thiét ta co dwoc day ABCD 1a hinh binh hanh, d6 dai cac dudng chéo
BD =4, AC =a~3,BAD =60° .

Dit AB=x,BC =y, &p dung dinh Iy ham sé cosin cho hai tam giac ABD va ABC ta dugc.
@3

30> =x* + 1% +
{ f f ]2/ JC“V:ch=zzz.l<hi d6 V =a.xy.sin60’ .
a =X +y - Xy 2
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Cau 56:

Céau 57:

Cau 58:

Chon C
B F c
3a N 3a
VA
3 6a
B ST E ””””””””” c

Goi F la trung diém cta BC, FC'nCB'=N =N la trung diém cua MC :>B'M=%B'C. Khi

dotacod V,,., =%d(M,(ABC)),SABC -

2.6a 9a° _
"2

6a° .

WIN

d(B',(ABC)).S 15 =

W=

Chon A

Taco AB=av/3, d& thdy goc giita dudng thang BC' tao véi mit

phang (A'C'CA) la géc BC'A=30°. Suy ra tan30° :ix_f'
= AC'=3a :>C'C:2«/5a.
Vay Ve ape = Zﬁa.%a.a\/g N
Chon C

4 2 2 2 2 2 1 B' 1
Ta c6 BC? = AB*+ AC?2—2AB.AC.cosBAC =a® +a> —2.a.4. - a/3 C
=322 =>BC=a3 .

Xét tam giac vubng B'AB cb AB' =~/BB? + AB* = + &

=2
, ., R , PN
Xét tam giac vuong IAC c6 IA =+IC*+ AC? = aZ+Z ==~ B

C
2

Xét tam giac vudng IB'C' c¢6 B'I=+BC?+CT =,/3az+”Z A
_a13

>

. N ) , 5a* 134 , . .
Xeét tam giac IB'A c0 B'A°+1A" =2a +T: 1 =B'I" = AIB'A vudng tai A
2

=S, =%AB’.AI =%.a\/5.§ =2 ‘iﬁ.

1 3 llzx/gl

Laicod S,,. = 1AB.AC.sinBAC =—a4.— =
2 2 2 4

Goi goc tao boi hai mat phang (ABC) va (AB'I) d «.
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Tacd AABC la hinh chiéu vudng goc cia AAB'I trén mat phang (ABC ) .

2 2
Do do6 S,,. =S,;,.cosa = ? f =2 P.cosa :>cosa=1£00.

Cau 59: ChgnA
Goi HJK lan lwot 13 hinh chiéu vudng goéc cia A 1én BB’, CC’ ta c¢o
AH =d (A BB')=1AK =d(A,CC’)=2 va AA///BB'//CC’;AH L BB',AK L CC'
= (AHK) L AA'va HK =d(C,BB") =5

Tam giac AHK c6 AH? + AK? = HK? =5= AAHK vuong tai A = S, =%AH.AK =1
C

Vay Vige ppc = Sanc-AA = 2.
Cau 60: ChonD

Céch 1: Goi N 1 trung diém ctia BC, H = EFAMN = AH L MN(MN//AA"). Ta c6 H Ia trung

EF 5

diém cta EF va AE’+AF’=EF?=5 nén AH = =5 Tam giac vubng AMN co
AN = AM =+/5 va
1 == 1 ~+ 12 41 2+1© AM =@:AA'= /5+E=—2‘/1_5.
AH® AM® AN 5 AM° 5 3 9 3
(ABC') LAM i ,
Mat khéc do = ((A'B'C'),(AEF)) = (AM,AA") = ZMAA'.
(AEF) L AA'
Tam gidc AEF vuong tai A 13 hinh chiéu vuéng goc cia tam gidc A’B’C’ trén mit phang (AEF)
Vi vay theo dinh ly hinh chiéu cb
1 1.2
Sapc = Sper =2 =2=Vygenee = Sypc-AM = Z-E = @
cos /MAA" |15 | 3 3
3
2,15
3
Céch 2: Ta c6 thé tinh thong qua cong thirc nhanh thé tich tir dién nhu sau
) 25 S anc-SIN((AA'B'), (AA'C')) , 2415
CO Vigeweer =Npnse = 3AA =AA'= T
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Sane = % AA'd(B', AA) = % AA'd(A BB') = % AN

Sanc: = % AA'd(C', AA) = % AA'd(A,CC) = AA

((AA'B"), (AA'C")) =90°

Cau 61: Chon D

A B

+
G /

Goi E,F lan luot 12 hinh chiéu vudng goc cia A trén BB',CC’.
AA" | AE
AA" 1 AF
Suy ra hinh chiéu vudng goc cia AA'B'C’ 1én mit phang (AEF) la AAEF .

Suyra{ = AA' L (AEF).
Goi ¢ 1a goc giita hai mét phang (A'B'C’) va (AEF).

3 S
Taco S,uer = Suapc-COSO =S, pc = —25F (1)
cos @

AA' L (AEF)
AG' L(AB'C')

!/

Mit khéc, ta co { = ¢ =(AA,AG’) = AAG’

Suy ra cos¢g = = AG'=cosp.AA" (2)

Tur (1) va (2) suy ra Vyge ase = AG'.S e = AA'S e -
Tacd AE =1 AF =/3, d(C;BB")=d(E;BB')=EF = EF =2. Suy ra AAEF vuéng tai A.
Suy ra S, = % AE.AF = %.\/_ = % .

Goi M, N lan luot trung diém cia BC,B'C’.
Giasit MN cit EF tai H.Suyra MN L EF va H Ia trung diém cua EF nén AH =%=1.

A’G’=ﬂ:> A'M =§A’G’=2.
3 2
Xét hinh binh hanh AA'MN c6:

2
Spun = AGA'M = AH.MN <, [AA? —(—j 2=1AN & AN ==
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Thé tich khéi lang tru 13: V,ge ase = AA'S pier =

Céau 62: Chon C

A° i)
Goi M, N lan lugt 1a hinh chiéu vuong géc ciia A 1én cac canh BB',DD’.

. [AM L BB’ AM L AA’ , BB’ L(AMN)
Ta co: = = AA' L (AMN) =
AN L DD' = |AN L AA’ DD’ L (AMN)
Suy ra hinh chiéu vuéng géc ciia AA'B'D’ 1én mit phiang (AMN) 1a AAMN .
Goi ¢ 1a goc giita hai mit phang (AB'D’) va (AMN)

S
Tacod S,y =Suen-C0SP = S upp =2 (1
AAMN ANBD @ AABD C0s ()

AA’ L (AMN)

— (AA, AB) = AA'B
AB L (ABCD) ( )

Mat khac, ta co {

Suy ra cos¢ = % = A'B=cosp.AA" (2)

Tur (1) va (2) suy ra Vygp asp = AB.S, g = AA'S

Vay thé tich kh6i hop 13: Voo aecn = 2Vasoasn = 2AALS Lo -
) {(BB'C'C)//(ADD’A’)

(CCOD) i (ABEA) = ((ADD'A’);(ABB'A')) = (AM; AN ).

1 V3

Suy ra MAN =60° hoac MAN =120°. S =§AM.AN.sin MAN =T

AAMN

Taco (AA;(ABCD))=(AA; AB)= AAB = A'/AB =45°. Suy ra AA'AB vudng can tai B..
AA" AN

NI

S, sean = AM.BB' = AB.AB . Suy ra AM.AA = AA =2AM =2.1=2.

A 3
Vay Vgeo apco = 2-2-7 =3.

C4u 63: Chon D
Taha: AD L BB';AE L CC'= (ADE)_L AA//BBY/CC' va AD =1; AE =+/3,DE =2
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Cau 64:

A~
1

Taha: A'H J_(ABC); Do: AA'J_(ADE):((ABC),(ADE)):(A'H,AA'):AA H
Tam gidc ADE 1a hinh chiéu cua tam giac ABC 1én mp(ADE), do d¢:

A S S e -AA
S0 =Sppc-COSAA'H =S, =—#ABE = ZADE
ADE ABC ABC cOS AA, H A. H

1 ., 1 1 : o
=V, ase =§.A H.S ac :§.SADE.AA =§d (A ,(BCC'B )).SBCC.B.

Tacé: BB' L(ADE);BB' L DE.
Také: AK L DE = AK L BB'= AK L (BCC'B’)

=d(A',(BCC'B"))=d(A(BCC'B"))= AK

Vasees = %-AK% DE(BB'+CC') = %.SADE.(BBHL cC’)

1 , 1 . ' 1 . . .
= Vascasc =Vause TVasces = é'SADE-AA +§-SADE-(BB +CC )= g.SADE.(AA +BB'+CC )
Tam giac ADE vudng tai A va

V3 AA+BB'+CC' /3 1+2+3
Saoe = = Vasc asc: = Save: =—. :\/§
2 3 2 3
Chon A

Goi E, F 1an luot 13 hinh chiéu vuong goc cua A lén BB’, CC’. Ta
c6: AE =1 AF =2;AA//BB'//CC"

Vay: AF L AA' AE L AA':>(AEF) 1 AA'
Suy ra:

1 J3

EAF =((ABB'A'),(ACC'A"))=90° =S, :EAE.AF -

Goi N la trung diém BC, H 1a giao cia EF va MN nén
AH L MN (MN //AA')

EF AE? + AF?

Ta c6 H 1a trung diém EF va AH = 5= 5 =1. Tam giac vudng AMN co:
AN:A'M=2\/§va 12: 12+ 12:>AM:2:>AA'=ﬁ
3 AH? AM? AN :
. . 343
Vay Vg apc = Spee-AA ZTT =2
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m Thé tich khoi chép cé canh bén vudng géc voi day

Caul: Tinhthétich V cuakhdi tr dién déu ¢ canh bang a.

3 3 3 3
A.V:a\/g. B.V:”‘/E. C.V:”‘/g. D.V=‘“/5.
12 12 4 4

Cau2: Cho khdi chép tam gidc déu S.ABCD c6 d6 dai canh ddy bang a, mit phang chira BC va vudng
2
goc voi SA cat khdi chop theo mot thiét dién co dién tich bang “Z. Tinh thé tich V cua khdi

chop da cho.
2 3 3 3
Ay o2 5 v Y21 cv=L. D.v=L.
24 12 36 72

Cau 3: Cho khéi chép tir gidc déu SABCD c6 canh day bang a. Goi M,N lan lugt 13 trung diém cta

25

SB,SD . Mit phang (AMN) cit SC tai [ .Dién tich tir giac AMJN bang . Tinh thé tich

6
ctia khéi chép SABCD.
3 3 3 3
A voTN2 g v -T2 cv_m¥3 p. -3
3 6 3 6
Cau4: Bén canh con dudng nude di vao thanh phd, ngudi ta xiy S

mot ngon thap hinh chop to giac déu SABCD c6
SA =600m,ASB=15° . Do su cb duong day dién tai
diém Q ( trung diém cta SA ) bi hong nén ngudi ta tao ra
mot con duong tr A dén Q gdm bén doan
AM,MN,NP,PQ (nhu hinh vé ). B¢ tiét ki¢m chi phi, k§

su da nghién ctru va c6 dugc chiéu dai con duong tir A dén

Q nhd nhét. Tinh ti sb k=AM+—MN
NP + PQ
A k=2 B.k:§ C,kzé D.k:é

Cau5: Trong tit ca cac khdi chop tam giac déu co dién tich toan phan cho trude. Goi a,b lan luot 1a 46
\ . PP A , A . ; , A N-OY , L. . .
dai canh day va dg dai canh bén cia khoi chop. Tinh ti s6 5 khi thé tich cta khoi chop dat gia

tri 16n nhét.

A.ézl B.

a

Q|

_H cb_f3 D.loo
a a
Cau6: Cho hinh chép S.ABCD 6 SA =1, tit ci cac canh con lai bing /3. Tinh thé tich khdi chép
S.ABCD.

B J6 e J6

A —. B. —. C. —. D. —.
3 2 2 3
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Cau7:

Cau 8:

Cau 9:

Céu 10:

Céu 11:

Cau 12;

Céau 13:

Céau 14:

Cau 15:

Cau 16:

Cho hinh chép S.ABC c6 déy la tam gidc vudngtai A, AB=1, AC=2 vd SA=SB=SC =43
. Tinh thé tich khéi chop S.ABC .

N g V2. c 7.
6 3 6

D.

A\ |

Cho hinh chép S.ABC ¢6 BAC =135°, AB=AC =1 va SA=SB=SC =2 . Tinh thé tich khdi
chop S.ABC.

A N6-22 g V6-242 c N6-22 p, V6-242

4 6 12 2

X p . a\/g \ o 2 A p
Cho khoi chép S.ABC ¢c0 SA=SB=AB=AC=a,5C =3 va mat phang (SBC) vuong goc
v6i mit phang (ABC ) . Tinh thé tich cua khdi chop da cho.

a’\14 a’\14 a’+21 a’«21
A. : B. : C. : D. :
36 12 36 12

Cho khbi chép S.ABCD c6 day la hinh thang, SA=SB=SC = AD =21, AB=BC=CD=a.
Tinh thé tich ctia khdi chop da cho.
94’ ? 3a° 3

A 24 B. L. c. > D. L
4 4 4 12

Trong cac khéi chop tr giac déu S.ABCD cé canh day bang a, chiéu cao bang b théa min
4a+b =62 . Khdi chop c6 thé tich 16n nhat la.
a2 . 52 c. 22, V2

D. —.
3

Cho khéi chép S.ABCD ¢6 SA =SB =SC =SD =31 vd AB=BC =CD =a, AD =2a. Thé tich
ctia khdi chop S.ABCD bang

A Joa 5 364> c Joa D 364>
TR = 5 =

Cho hinh chép S.ABC c6 day la tam gidc vuong, SA =SB =SC =1va cung tao véi ddy mot goc
a. Tinh cosa khi thé tich cua khéi chop S.ABC dat gia tri 16n nhat.

NRER g Yo c. i b V3.
2 3 2 3
Cho hinh chép S.ABC ¢6 SA=SB=SC =a\3, AB=AC =2a,BC =3a. Tinh thé tich cua khdi
chop S.ABC
3 3 3 3
A ng” . B. Jf“ . C. */f” . D. 2”76.

Cho khéi chép S.ABC c¢6 day ABC déu canh a, canh bén SA vudng goc voi day (ABC ) va
goc gitra SB va miat ddy bang 30°. Tinh thé tich V cua khdi chop di cho.
Av=" B v=" c v p.v=27

4 12 4 4
Cho khdi chép S.ABCD c6 chiéu cao SA bang a. Mit ddy ABCD 14 hinh thoi canh a, gbc
ABC bang 60 . Tinh thé tich ctia khdi chép S.ABCD theo a.
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a3\/§ 23 23
. ) . . ) D. V= .
6 4 8 12
\/_

Cau 17: Chohinhchép S.ABCD c6ddy ABCD 1a hinh vudng véi AC :%. Canh bén SA vudng goc

A V=

v6i mit phing (ABCD), canh bén SB hop véi mit phing (ABCD)m(f)t goc 60°. Tinh thé tich
khéi chop S.ABCD .

3 3 3 3
V3 By o33 c vtV by 303
24 24 8 8

A V=

Céau 18: Cho hinh chop S.ABC c6 day la tam giac vuong tai B, AB=2a, BAC =60°. Canh bén SA
vudng goc voi mit phing (ABC) va SA =a/3 . Tinh theo a thé tich khdi chop S.ABC.
A V=2, B. V=3d". C.V=a. D. V=44,

Céau 19: Cho hinh chop S.ABC c¢6 day la tam giac vuong tai B, SA=a, BAC =30°, SCA =45°. Canh
bén SA vudng goc v6i ddy. Thé tich khdi chép S.ABC 1a V . Tisd Z3 gan gid tri ndo nhat trong
a

cac gia tri sau?
A. 0,01. B. 0,05. C. 0,08. D. 1.
Cau 20: Cho hinh chép S.ABCD, day ABCD la hinh chit nhat ¢6 AB=2a, AD =a. Hai mit phing

(SAB) va (SAD) cling vudng goc voi day va goc giita hai mit phang (SAB), (SBD) la 45°.
Thé tich khdi chép S.ABC 1a V . Ti sb ZS gan gia tri nao nhat trong cac gia tri sau?
a
A. 0,25. B. 0,5. C.0,75. D. 1,5.
Cau 21: Cho hinh chép S.ABC c6 canh bén SA vudng goc voi day va AB=a; AC =2a va BAC =120°
. Mit phiang (SBC) tao v6i day mot goc 60°. Tinh thé tich khoi chop S.ABC

221 221 24°\21
14

3
A V= . B. V= C.V-= 221
14 13 13
Cau 22: Cho hinh chép S.ABCD c6 déy la hinh chir nhat c6 AB=3a; AD=4a, SA L (ABCD), SC tao

D. V=

v6i day goc 45°. Tinh theo a thé tich khdi chép S.ABCD
AV =200, B. V =20V2a° C. V =30a". D. V =30v24".
Cau 23: Cho tir dién ABCD c6 AD L (ABC) va AB=3a;BC =4a; AC =5a; AD = 6a.. Thé tich khéi tir
dién ABCD la
A V=6a. B. V=124, C. V=18a", D. V =36a".
Cau 24: Cho khoi tir dién SABC ¢6 SA L (ABC). Hai mat phing (SAB) va (SBC) vudng géc véi nhau;

2 ” 4 3
SB=a3, BSC=45", ASB=230". ThE tich khdi tir dién SABC Ia V . Tinh ti s6 "’V
NS g 83 c. 23 D 4.
3 3 3 3

Cau 25: Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang vuéng tai A,D ; SD L(ABCD);

AB = AD =a;CD =34;SA = a/3 . Thé tich khéi chép S.ABCD Ia
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Cau 26:

Céu 27:

Cau 28:

Cau 29:

Céu 30:

Céau 31;

Céau 32:

Céau 33:

3
. p. v =202
3 3
Cho hinh chép S.ABCD, ddy ABCDIa hinh vudng canh . Hai mit phing (SAB) va (SAD)

3 3 3
A.V:%. B.V:%. C.V:aﬁ

cing vudng goc vai day, goc giita hai mit phang (SBC)va (ABCD)la 30°. Thé tich khéi chop

S.ABCD 1 V . Tinh 2% 2
a
a3 p. 33 c. B p. 3.
3 1 2 6

Cho hinh chdp S.ABCD ,day ABCD la hinh chir nhat c6 AB=a,BC — +/3 . Hai mit phing
(SAB) va (SAD) cing vudng goc v6i ddy, canh SC hop véi ddy mot goc 60°. Thé tich khdi
chop S.ABCD la?

A V=0 B. V=24 C.V=a3. D. V=243

Cho hinh chép S.ABC c6 tam giac. ABC .vudng tai B, AB = a, ACB =60°. Canh bén SAvubng
goc voi mat phiang day va SB tao v6i mat day mot goc bang 45°. Thé tich khbi chop S.ABC 1a?

3 3 3 3
Ay =2V By _aV3 cv-EB p.y=aVB3
6 18 9 12
Cho tir ABCD ¢6 ABC la tam giac déu canh a. AD vudng goc v6i mit phang (ABC), goc
26

giita BD va mit phang (DAC) la 30°. Thé tich khéi tir dién ABCD l1a V . Tinh ti s6 o
A 1. B. 3. C. 4. D. 12.

Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh 20c¢m . SA vudng géc voi mat
phang day va SA =30cm. Goi B',D' 1a hinh chiéu ciia A Ién SB,SD . Mat phang (AB'D") cét
SC tai C'. Thé tich khdi chop S.AB'C'D' la

A. 1466(cm’). B. 1500(cm’). C. 1400(cm’). D. 1540(cm’ ).

Cho hinh chop S.ABC c¢6 day ABC la tam giac vuong can tai A. BC —a2. SA vudng goc
v6i mit phang day. Mat bén (SBC ) tao voi day mot goc 45° . Thé tich khdi chop S.ABC 1a V.

Tinh ty s6 g ?
a

V3 g V3 32
s

D.—.
2

A —.
4

C.

o[

Cho hinh chdp S.ABC c¢6 day ABC la tam giac déu. Canh bén SA vudng goc v6i mit phing day.
Biét khoang cach tir A dén mit phang (SBC) bang 3, goc gitta (SBC) va mit phang day bang
. Tinh cosar khi khdi chép c6 thé tich nho nhat.

A. cosa =— B. cosa =—. C. cosa =——. D. cosazl.
3 2 3 3

Cho khéi chop S.ABC c6 day ABC la tam giac vudng tai B,AB=8,BC =6. Biét SA=6 va
vuong géc véi mat phang day (ABC). Mot diém trong M cuia khéi chop cach déu tat ca cac mat

cua khéi chop mot doan bang 7 . Ménh dé nao dudi day dung?
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Céu 34:

Céu 35:

Céu 36:

Cau 37:

Céau 38:

Céau 39:

Cau 40:

Cau 41;

A.hzé. B.hzé. C,h:z, D.hzz.
3 9 3 9

Cho khéi chép S.ABC c6 day ABC la tam giac vubng tai B,AB=8,BC =6. Biét SA=6 va
vudng goc véi mit phang day (ABC). Mot diém M thugc phan khong gian bén trong cua hinh
chop va cach déu tat ca cac mat caa khéi chop. Tinh thé tich khdi te dién M.ABC .

64 32

A V=24 B.V:?. C.Vzg. D.V=12.

Cho khéi chop S.ABC c6 day la tam giac vudng can tai A, AB=2a, SA vudng goc véi day,
khoang cach tir A dén mjt phang (SBC) bang % . Tinh thé tich khéi chop S.ABC .

3
| C. V=8 D. v =2/%
8 8
Cho hinh chop S.ABC c¢6 day la tam giac cantai A, AB=2a, BAC =45°, SA vudng goc voi

3 3
A,Vz%, B,Vzgi

day, khoang cach giita hai duong thang SB, AC bing 4—;. Tinh thé tich V cua khdi chop

S.ABC.
3 3
A.V:‘E;’ . B. V=24, C.V=420°. D.V:4\/§a .

Cho hinh chép S.ABC c¢6 déy la tam gidc can tai A, BAC=a (30°<a<90°), AB=6, SA

vudng goc voi day, khoang cach gitra hai duong thang SB, AC bang 3. Tinh cosa khi khdi
chép S.ABC c6 thé tich nho nhét.
J2

A. cosa:—3. B. COSO!=1. C. cosa=—3. D. cosa=—.
2 2 3 2

Cho hinh chop S.ABCD c¢6 day ABCD la hinh vuéng, AB=1, canh bén SA =1 va vudng goc
vO1 mat phéng day (ABCD). Ki hiéu M 1a diém di dong trén doan CD va N la diém di dong

trén doan CB sao cho MAN =45° . Thé tich nh6 nhat cua khdi chop S.AMN 132

A Y241 g ¥2-1 c 241 p V21
9 3 6 9

Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng, AB=1, canh bén SA =1 va vudng goc

vO1 mat phéng day (ABCD). Ky higu M 1a diém di dong trén doan CD va N la diém di dong

trén doan CB sao cho MAN = 30° . Thé tich nhé nhat ciia khbi chép S.AMN 1a?
AL B. L. c. 2. D. £
9 3 27 27
Cho hinh chop S.ABCD c¢6 day ABCD la hinh vuéng, AB=1, canh bén SA =1 va vudng goc
vO1 mat phfmg day (ABCD). Ky hi¢u M 1a diém di dong trén doan CD va N la diém di dong

trén doan CB sao cho MAN = 60°. Thé tich nho nhat ciia khbi chop S.AMN 1a?

A 2-3 2443 2J3-3 233

B. . C. . D.
3 9 3 9

Cho tam gidc ABC vuéng can tai B, AC = 2. Trén duong thang di qua A vudng goc voi mat
phing (ABC) lay céc diém M, N khac phia v6i mt phang (ABC) sao cho AM.AN =1. Tim
thé tich nho nhét ctia khéi tir dién MNBC .
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Cau 42:

Céu 43:

Céu 44:

Céau 45:

Cau 46:;

Cau 47:;

Cau 48:

A.l. B.l. C.l. D.

3 6 12

WM

Cho hinh chép S.ABC ¢6 SA, SB, SC d6i mot vudng goc, I 1a tim duong tron ndi tiép tam
gidc ABC . Mit phang (P) thay doi qua I citcéc tia SA, SB, SC lanluottai A’, B', C'. Biét

SA=SB=+2, SC =+/7. Hoi thé tich ctia khdi chép S.A'B'C’ c6 gié tri nho nhét 1a?

2437 5. V7 c. 817 o, V7
256 3 256 256

Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai C, SA= AB=2a. Canh bén SA

vudng goc véi mit phang day (ABC ) . Goi H, K lan luot 13 hinh chiéu vudng goc ciia A Ién

SB va SC. Tim thé tich 16n nhat V. cia khdi chop S.AHK .

3 3 3 3
A' Vmax:af' B Vmax:ag/g' C Vmax:a;/g' D Vmax:a;/z'

Cho hinh chép S.ABC c6 day la tam giac vudng can tai B, AB =2a,SA vudng goc véi day. Goi

A.

M 1a trung diém canh AB, mit phing (P) qua SM song song voi BC cit AC tai N . Tinh
thé tich V' ctia khéi chop S.BCMN biét gbc gitra (SBC) va day bang 60°.

3 3 3
A.V:4*/3§” . B.V:*/i” . C. V =34 D.V:z*/g"

Trong mét phang (P) cho nita duong tron dudng kinh AB=2R va diém C thudc nira dudng
tron sao cho ABC =30°. Trén duong thang vudng goc voi mit phing (P) tai A lay diém S
sao cho goc giita hai mat phang (SAB),(SBC ) bang 60°. Tinh thé tich V cuakhdichép S.ABC

3 3 3 3

Cho khéi chép S.ABC c6 day la tam gidc cAntai A, SA vudng goc voi day, do dai dudng trung
tuyén AD =a,canhbén SB tao v&i ddy mdt goc o va tao voi mdt phang (SAD) géc (). Tinh
thé tich V' ctia khéi chép da cho.

a’sinasin a’sinasin

3(cosza—sin2ﬁ’) cos’ a —sin® B
C V- a’sinasin D V= a’sinasin
' 3(cosz/3—sir12 a). ' cos’ B—sin’ a

Cho hinh chép S.ABCD c¢6 day 1a hinh vudng canh bang 2, SA =2 vudng goc voi day. Goi
M,N lahai diém lan lugt trén AB, AD sao cho (SMC), (SNC ) vuodng goc voi nhau. Tinh tong
1 1

T =——+—— khikhdi chép S.AMCN dat gi4 trj 16n nhat.
AM* AN

INES B.2. c 20¥. p. B
4 4 9

Trong mit phing (P) cho AXYZ ¢6 dinh; Trén duong thang d vudng goc véi mat phfmg(P)
tai diém X va vé 2 phia cia (P) ta lay 2 diém A, B thay d6i sao cho hai mit phang (AYZ) va
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Céu 49:

Cau 50:

Céu 51;:

Cau 52:

(B YZ ) luén vudng goc voi nhau. Hoi vi tri cia A, B thoa man diéu kién nao sau day thi thé tich
ABYZ 1a nhé nhat

A. XB=2XA. B. XA=2XB. C. XAXB=YZ". D. XA=XB.

Cho khéi tir dién ABCD c6 AB=2, AC=3, AD=BC=4, BD=2y5, CD=5. Tinh thé tich
V' cua khoi tir dién ABCD.

A V=+15, B.vzg. c.V=¥. D.V=¥.
Cho tam giac déu ABC c6 canh bang a. Trén duong thang A qua A vudng goc voi mit phing
(ABC) ldy hai diém M,N nam khac phia vi mit phang (ABC) sao cho hai mit phang

MBC ) va (NBC ) vudng goc voi nhau. Thé tich khdi tr dién MNBC c6 gia tri nho nhit bang.
A.i. B.3—a3. C.3—ag. D.i.

4 8 4 8
Cho hinh chit nhat ABCD ¢6 AB=a, AD=b. Trén hai dudng thang Ax, Cy cliing vudng goc
v6i mit phang (ABCD) lan luot lay hai diém M, N sao cho hai mit phang (BDM ) va (BDN )
vudng goc voi nhau. Thé tich khdi tir dién BDMN c¢6 gia tri nhé nhit bang
a’b’ 5 4a’b’ c 4a°b’ D. a’b’

Cho hinh chép S.ABCD c¢6 day 1a hinh binh hanh, AB =24, BC=a ABC =120° va SD vudng

A

goc voi day. Sin goc gilta dudng thang SB va mit phang (SAB) bang % Thé tich khéi chop

S.ABCD bing

3 3
A. 2. B. L. C. 34, D. 37
2 2
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BANG DAP AN

1.B 2.A 3.B 4.A 5.A 6.D 7.A 8.B 9.A 10.C

11.A 12.A 13.B 14.D 15.B 16.A 17.B 18.A 19.C 20.C

21.A 22.A 23.B 24.A 25.D 26.A 27.B 28.B 29.D 30.A

31.C 32.A 33.A 34.C 35.A 36.D 37.D 38.B 39.A 40.C

41.D 42.C 43.A 44.C 45.A 46.A 47.A 48.D 49.A 50.A

51.D 52.A

HUONG DAN GIAI CHI TIET
Caul: ChonB

Cach tu luan. Goi G latrong tdm cua ABCD .

2 a\/g a\/g

BG==BM=——, AG=+AB*-BG* =——.
3 3 3

(azx/g}ax/g _ 22 |

4 3 12

Voo =~ Sy AG =2

ABCD — 3 BCD* 3

Céch triac nghiém. Ta nhd truc tiép két qua “Tt dién déu co V = (canh)3 N2,

Cau2: ChonA
Goi M 1a trung diém ctia BC.Goi O 1a trong tdm ctia AABC
Goi I 12 hinh chiéu vudng goc ctia M 1én SA. Tacd: MI L SA va BC L SA

a1 a1 a a
Suy ra SA 1 (IBC). Mat khéc S, =— < -MI.BC=— < ~Mla=—< Ml =—
472 4 72 4 2

Tach Al =AM =2, tanmar=ML_ SO _ 5o MLAO _aV6
2 Al AO Al 6
vavy. -1 23 a6 a2
WVsae =374 T T o4
Cau 3:
S
J
|
H
A 0 c

Gia sur: do dai canh bén la x
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Ta c6: 1 1a trung diém cta SO nén 5 1:>£=1.D1,1’ng OH //SC
JC 27 5C 3
A0 _oH
Tacs: JAC JC A0 IS _OH S _S] S| _1_ . 2
IS s  ACI0 JC'OH JC JC 2 3
10 OH
a2
- 2 2
Xét AAIC: AJ* = AC? +CJ? =2 ALJC.cosC = 242 +——2 \/_2"—:%#%(1)
2
\/_a 1 a\/z \/ga a\/ﬁ
S A MN=— o-Al—=—- S A= 2
2 1 1 a2 22
Tir (1), (2) suy ra: x=a. SO = | 2--:“—nen V=250S,,, =24 = .
(1), (2) suy xX=a X 5 3 ABCD = 37T, 6
Céau4: Chon A S

Cit ngon thap va trai déu trén mt phang nhu hinh vé

Do ASB=15" nén khi trai ra ta thu dugc tam giac déu SAA

Pé AM +MN + NP +PQ ngan nhat thi AM,N,P,Q thang

hang

Khi d¢6: N=5Cn AQ la giao 2 dudng trung tuyén nén N 13
AM+MN AN

N Q
trong tam tam gidc SAA. Do do: k= = =2 A A
B D
C

Cau5: Chon A
2
Duong cao mdt bén: h =, sz —az . Dién tich toan phan:
2
2
4S5 \/511 ] e

2 2 2 2 2 [ 3a
_a \/§+31a p_ 4 3 +3aV4b" —a oy

L 2 4 4 4

2
45 —+/3a* )
— | ta

2 3 3a e ay/S(25-/3a%)

1322 |, & a
v=2 2T T2 s, P =
3 4 3 12 4 66
o 0525-\Bah) _V3r2s-\Bah)S S [\Ba+25-\as s
216 2683 21603 2 21643

Déu“:”xéyra:\/gaz=28—x/5a2c>8=\/§a:>b=a:>9=1
a
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Cau 6:

CauT:

Cau 8:

Chon D
Goi O la giao cia AC va BD.
Tacod ASBD = ACBD nén SO=CO.

Trong tam giac ASAC c6 SO=CO=%AC nén tam

giac ASAC vudng tai A.
Suyra AC=+/SA>+SC* =2.

Dién tich ddy S, =25,,,. = 2.%BO.AC —22.

ABCD —

Do SD =SB =SC =+/3 nén hinh chiéu vuéng goc H cta S trén (ABCD) thugc canh AC.

Vi SH la duong cao cuia tam gidc ASAC nén SH = _5ASC | ﬁ
JsA?4+sc? 2
. 143 6
Vay V..o =2SHS, =+ ¥2 55 Y6
3 2 3
Chon A
Trong tam gidc AABC ¢6 BC =V AC? + AB® =+/5. S

Do SA=SB=SC=+/3 nén hinh chiéu vuong goc H cia S
trén (ABC) tring voi tim duong tron ngoai tiép tam gidc
ABC . Khi d6 H la trung diém cua BC .

Trong tam gidc ASHB ¢6 SH =+SB>* —HB* = 3—1 :%
c B
. 1 147 1 J7
Vay VS ABC ESH'SABC :5 7 E 1:?
A
Chon B
!y acammnc 2

Tacodiéntichday S,, .. = EAB.AC.sm BAC = 1

AABC

Trong tam gidc AABC ¢0

BC =\ AB* + AC? —2AB.AC.cos BAC =2+ .
Goi H 1a tdm dudng tron ngoai tiép tam giac AABC khi do6

e 7

ZSmA
Do SA=SB=SC=+/3 nén hinh chiéu vudng gbéc cua S trén
(ABC ) trung voi tim duong tron ngoai tiép H cta tam giac ABC .

Trong tam gidc ASBH c6 SH =+/SB? — HB? = /4-(& +1) =342 .
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A 1 1 622
VY Vi e = SHS e = - 3-42. R

|5

Cau9: Chon A
Goi H 1a trung diém cta BC tacd: AH L BC = AH L(ABC)

Do AS=AB=AC=a nénla H tim dudng tron ngoai tiép tam giac
SBC . Do do ASBC  vudng tai S va
a6

2 2
pean =a\/E:>AH: a2—5i=a 1
3 3 12 012

3
Suy ra V:1 &.aﬁ:a \/1_4
3 12 6

—.a.
6 3

BC =+/SB*+5C? =

Céu 10: Chon C

Do SA =SB =5C =2a suy ra hinh chiéu vuong goc H cua S 1én mit phing (ABCD) trung
Véi giai thiét ABCD la hinh thang vd AB=BC =CD =a, AD = 2a thi tr gidc ABCD la hinh
thang can va ndi tiép duong tron tim H ¢6 ban kinh R=a.

3a’

2
Do d6 chiéu cao cta khéi chop h =+/4a® —a® = ax/g,Sd = 3\/4561 =V= R

Céu 11: Chon A

a’ (6\/5 - 4a)

Ta co: S=a2,h=b=6\/5—4a:>V=%S.h=—.

3
a+a+3\/§—2aJ3 :4\/5

Theo bat dang thirc ¢ si ta co: V = %.a.a.(3\/5—2a) < %(

3 3
Déu bang xdy ra khi: 1=3V2-20a=2=b=22.

Cau 12: Chon A
SA =SB =SC =SD =/3a nén tir giAc ABCD néi tiép dudng tron (O) ban kinh R ..

Do AB=BC =CD =a,AD =2a nén ABCD la nua lyc giac déu. Suyra R=a.

3342 1 26
4

W2 =SA*-R*=2*=>h=aJ2.5 suyra V. .o :gh'SABCD =

ABCD —

Céau 13: Chon B
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Cau 14:

Cau 15:

S

Gia str day 1a tam gidc vudng tai C. SA=SB=SC =1 nén hinh chiéu vudng goc cua S 1én

(ABC) 1a trung diém cia AB.

VS.ABC = %SH'SABC S %SH.HAZ = ﬁ

Tacod: 2SH* + AH? + AH? =2SH? +2HA* =2SA* =2

~J2SH? SA% SA?.

Vay 2SH?>.SA>.SA* dat GTLN khi 2SH* = HA> = HA* ==

WIN

Vay Vs e dat GTLN khi tam giac ABC vuong
HA? =2 = cosa = cosSAH = ﬁ =£
3 SA 3

Chon D
Goi O 1a tim duong tron ngoai tiép mit day (ABC).

SA=SB=SC nén SO 1 (ABC).

Al = [(2a) —[%I a7,

2 2
2 2
AO:R:£: 4a :ia
241 o7 7
= SO =+SA*-AO? = 3a2—%a2 :@a.
2
S, =sAIBC=1. L 320
2 27 7
2 3
Viy thé tich khéi chop cin tim 1a: V, . =250, _1a35 60 205
' 3 3 7 7 7
Chon B g
(SB,(ABC))=(SB,AB)=SBA=30".
a3
= SA=AB.tan30 =" .
3 A o
1 1a\3 a3 &
VS.ABC :g'SAABC'SAZE' 4 T:E

can

va
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Céu 16: Chon A

s

Vi ddy ABCD la hinh thoi c6

2\/5_012\/5.

ABCD — .4_8

ABC=60" =S

N

a

AN

a2

Vi ABCD 1a hinh vudng véi AC = — = AB= 5 =3

ABCD —

N‘ﬁl |

(SB,(ABCD))=(SB,AB)=SBA=60" = SA = AB.tan60 =

w3 a3 S

1 1aa
34 2 24

1% -5

S.ABCD —

SA=

ABCD
Céu 18: Chon A

a,/3
AABC vuéng tai B : BC=AB.tan60°=2a3 °

1
= 5,50 = AB.BC = 20%43. B c
A
) 1,
Vay Vs ABC 5 ABC a\/_ 25’2\/_ 24, 2
B
Céu 19: Chon C S
ASAC vudngcantai A: AC=SA=a
AABC ~ vudng tai B va  BAC=30°
1 a
BC=—AC== ) _ c
A
22 \/_ - —AB BC = */_
AB=+AC*-BC? =1 :
S3 v B
SuyraV=V,, .= 3SA'SABC YR Vay Ry 0,072.

Céu 20: Chon C
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Cau 21:

Cau 22:

(SAB)n(SAD)=5A
Taco: {(SAB) L(ABCD) = SA L(ABCD).
(SAD) L(ABCD)
Goi H 12 hinh chiéu cua A trén SB = AH L SB.
D& thdy AD L (SAB)=> AD LSB.

Do d6: SB L(AHD)=SB L HD.

Khi d6 ta co:

(SAB)(SBD) =SB

AH 1 SB; HD 1 SB = ((SAB) ;(SBD)) = AHD =45°.

AH <= (SAB); HD = (SBD)
Hay AAHD vuongcantai A = AH=AD=a.
ASAB vudng tai A: — = 12— 12=l2—i2=iz:>SA=£,

SA> AH®> AB* &* 4d* 4a 3
1 1 2a 4q° vV 4
Suyra V= ==8SAS, =—"—2"=" Viy —=——~0,77.
S.ABC 3 ABCD 3 \/g 3\/5 £Z3 3\/5
Chon A
Tinh canh s _,C
BC =\ AR + AC> —2AB.AC.cos A = a7
Ké AH vudng géc BC tai H,
dién tich tam giac AH.BC _ %AB.AC.sinA
. AN -0
o apy - ABACsinA _ av21 (
BC 7
Goc tao boi mp(MBC)vamp(ABC) lagocSHA = 60" ®
3

Suy ra SA = AH.tan(60° ) = 3”7ﬁ .Vay thétich V, . = %SA.SABC - f
Chon A

Tinh AC =5a vitam giac SACsuy ra SA =5a

Tinh thé tich V = %SA.S =204’

ABCD
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Céu 23: Chon B

Taco: AABC vuong tai B=S,,.. = ;AB BC =6a’.

= Voo = %SAABC AD = %.6a2.6a =124°.

Céu 24: Chon A

Ta cd: ASBC vudng tai B; AABC vudng tai B.

SA = SB.cosASB = %
AB = SB.sin30" = “*/_ :BC=SB=a\3.
VS.ABC = 1SAABC SA = % %AB BC.SA Al — c
_1 ﬂ\/_ \/— 3a 3L a__§. \
vV 3
Céu 25: Chon D

1 1 (AB+CD).AD 1 (a+3a) o \f

Taco: = Vs ABCD 3SABCD'SD :5- > SD =5 \/_

Céu 26: Chon A

Ta c6 goc tao boi (SBC)va (ABCD)la SBA =30°.
5

Xét tam gi4c SABvuéng tai A taco SA = ABtanSBA = atan30° = g

3
=V, yop =2 Lpal a3y, 3V 3

R R T E
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Cau 27: ChonB

Xét tam gidc ABC vudng tai B tacd AC®> = AB>+BC*> =a*+3a’ =44’ = AC =2a.
Goc tao bai SC va day 1a goc SCA =60".
Xét tam giac SAC vudng tai A ¢0 SA = ACtanSCA =2atan60° = 2a/3

=V sep = %SABCD SA= %a.a\/g.Za\/g =24°.
Céau 28: ChonB
Xét tam gidc ABC vudng tai B ta cd BC = ABcot BCA =acot60° = ?
2
S, =~ ABBC= 1,003 a3
2 2 3 6

Do tam gidc SABvudng cantai A suyra SA=AB=au

2 3
Ly =lg 414 */g.aza ‘/5.
6 18

S.ABC — 3 ABC 3

Céu 29: ChonD

Goi H 1a trung diém ctia AC BH 1 AC;BH = # .
_BH L AC

a: = BH 1 (ACD)=>Hinh chiéu ciia B xuéng (DAC) la H .
BH L AD

Tac6: BD(DAC)=D = (BD;(DAC))=(BD;DH)=BDH =30°.

Xét tam giac BHD c6: tan30° B pp- PH - _3n
HD tan30" 2
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9a a’

Xét tam giac DAH ¢6: DA® = DH? — AH? = -5 20> = DA=a2 .

1 a2\/_ PN RN PPN /3
ABCD \/> . Ty s =
12 [N

12

Thé tich khoi tir dién V la:

ABCD

=12.

Céu 30: Chon A
Goi O la giao diém cua AC va BD. Taco: SC = (SAC).

Xét hai mt phang (SAC) va (AB'D") c6: A la diém chung thir nhat.
Trong (SBD) ¢6: SONB'D'=1. Viy (SAC)n(AB'D")= Al=SC~(AB'D')= AInSC=C'

Thé tich khéi chép SABCD: V., = %-SA-SABCD =%-3o.203 =4000(cm®).
.. SC' SA? SA? 30 9
Ta co: = = - -2
SC SC* SA*+AC*> 30*+20°+20° 17
SD_SA*  SA*  30° 9
SD SD* SA*+AD* 30*+20*° 13
V.. 2V .
suen _ 2Vacp A SC SD ,=i-i-VSABCD=8—1.4000z1466(cm3).
Veusco  2Vein SA SC SD SABCD 17 13 221
Céu 31: ChonC
Goi M 1a trung diém ctia BC = AM = EBC = \2/_
1 1 a’
SABC :EAMBczchz :E.
(SBC)n(ABCD)=BC
Taco: AM 1 BC = (SBC;(ABCD))=SMA =45
SA 1 (ABCD)
af
Xét tam gidc SAM c6: SA = AM.tanSMA = AM =
2 . , - ST 1 1a Cl\/_ 613\/5 i 6V \/5
Thé tich cua khoi chop la: V,,. =—-SA-S,, . = 32 2 - 12 Ty so: a_3:_

Céau 32: Chon A

Goi I 1a trung diém BC. Vi ch6p S.ABC c6 day ABC la tam gidc déu va canh bén SA vubng
goc v6i mat phing day nén (SAI) L (SBC) theo giao tuyén SI. K& AH L SI= AH 1 (SBC)
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Céau 33:

Céau 34:

= d(A,(SBC))=AH =3 . Gia st AB=2x= Al = x\3 .Trong tam giac vubng ASAI cé

1 1 1 1 1 1 3x A .
= + = =—— =S5A= bicu kién «xe \/§;+oo
AH? SA* Al? SA* 9 3x? Jx2 =3 ( ’ ( ) )
1 x3\/§
= Vs apep = _SA'SABC =
3 x* -3

4

S -3 -2

s ’ . N 2(2x* -9)
Xétham f(x) = ————/(0;3) c6 f'(x) = x =3 _x(
x=0
[ 3 A o « X . A 9 \ A . 3
= f(x)=0& x=$ . Lap bang bién thién suy ra GTNN cua ham so6 dat tai xzﬁ
-
J2

2 2
Khi do ta co cosazﬂzuzﬁ

Al Al 3
Chon A
Vi M diém trong cua khéi chop cach déu tat ca cac mat caa khoi
chop mot doan bang 1 nén M la tim mat cau noi tiép hinh chép, '\“‘\\

ban kinh mat cau la r=h. . \\\
Mit khac mat cau ban kinh » ni tiép hinh chop thi thé tich khdi \ \\
chop la: A \ -------------- />. c
V= %.S.r trong d6 S la tong dién tich tat ca cac mat cua hinh chop. \\Q/ //
Ta co AC =\ AB? + BC? =+/82 + 62 =10; B
SB=+ AB* +SB? =/82 +6? =10

_[BC L AB

i — BC L (SAB)= BC L SB

BC 1 SA

5=S§ +S +5 +S 1 1 1 1

AABC ASAB ASBC ASAC

=—.AB.BC+—-SA.AB+—.SB.BC+—-.SA.AC =108
2 2 2 2

16oacag pop3V 348 12
3 S 108 3

AABC —

V= l.S.r = 1.SA.S
3 3

Chgn C
Vi diém M thudc phan khong gian bén trong caa hinh chép va cach déu tat ca cac mat caa khoi
chop nén M la tdm mat cau noi tiép hinh chop, ban kinh mat cau la r .

Theo ciu 31 tacod r=h=%.
1 11 4 32
=V =-S5 h==—.-86.—=—.
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Céu 35: Chon A

s
Vi AABC la tam giac vudng cén tai A,AB=2a, nén
BC =224

. s .2 1
Goi I latrung diém BC suy ra Al = EBC =av2.
BC L Al
BC L SA

Goi H la hinh chiéu cua A 18n SI suy ra AH la khoang
cachtir A dén mat phang (SBC).

Khi d6 { = BC L (SAI).

— AH = % _ Ta co
1 1 1 / AlI*.AH?
5= 3 + 5 = SA= ﬁ =4a.
AH” Al SA Al- —AH

Mat khac S, . = %AB.AC = %Za.Za =20 =V, .= %.SAABC SA= %.Zaz Aa= 5

Céu 36: ChenD

Ké Bx//AC = d(AC,SB)=d(AC ,(SBx))=d(A,(SBx)).

Dung Al L Bx tai I, A] LSI tai ]:>d(AC,SB)=d(A,(SBx))=A]=%.
- N AB
Tam giac AIB vudng can tai [ S Al=22=a\2.
2
Tam giadc SAI vubng tai A = > = 12 + 12 :SA:ﬂzéla.
A SA* Al AI* — A]?

Dién tich tam giac ABC la S= %.2&.2a.sin45° = 2?2,

4a°\2

— Thé tich V ctia khéi chop S.ABC 1a V =%.a2\/§.4a= .

Céu 37: ChenD
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Ké Bx//AC = d(AC,SB)=d(AC,(SBx))=d(A,(SBx)).
Dung AH1Bx tai H , AILSH tai I
= d(AC,SB)=d(A,(SBx))= Al =3.
Tam giac AHB vudng tai H
= AH = AB.sina =6.sinc .
Tam gidc SAH vudng tai A
1 1 1 1 1 _4sin2a—1

= = ——_ -
SA* AI* AH? 9 36sin*a 36sin’a

_,ga-_ bsina
Jasin*a -1
- T __6sina 36sin’ a
Theé tich khoi chop V == SAS 6 6.sina = —————.
anc = 3 V4sin® o - V4sin®a -1
a2 9(4sin*a—1)+9
Taco V=08 _ ( ) -9 \/4sin2a—1+; >18.
Vasin®a -1 Vasin®a -1 Jasin® a -1

= minV =18 xay ra khi 4sin2a—1=1<:>sin2a=%z>cosa=72.
Cau 38: ChonB

Thé tich khéi chép S.AMN nhé nhit < Dién tich tam
giac AMN nho nhét.
Goi DM =x, BN =y (O<x,y<1).

tana =tan DAM =x

Khi d6 ta co
tan § = tan BAN = y

tana +tan S B
1-tana.tan g 1-xy

:>x+y=1—xy22@ (1).
Pt t=xy (0<t<1). ()= +2t-1<0e —~2-1<t<y2-1.
Két hop didu kien = 0<t<2-1=0<xy<3-242.

= tan(a+ﬂ) =tan45° =

1 1 1 1
S e =S~ (Saom Sy + S :1—{§x+5y+§(1—x)(1—y)}=—(1—xy)2x/5—1.

J_l 21
—.

1
Vay Vv ==S

AMN AMN -

.SA=1S
3

Céu 39: Chon A
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Céau 40:

biat DM =x, BN =y v6i 0<x,y<1.Khidd AM=+/x"+1, AN =Jy* +1.

11

Taco V. —.—.AM.AN.sin30° = i.AM.AN .
32 12

S.AMN —

1 SA.S
3

AMN —

tanDAM +tanBAN  x+y
1-tan DAM.tan BAN 1-xy

J3-x
1+\/§x.
3-243x+x2 +1+2\3x+3x>  24x*+1

(1:+3x) 1B

Loaman=—**1 f(x).

AMN — 12 6(1+\/§x)

2x.(1+x/§x)—\/§(x2+1):\/gszrzx_\/g:O:) x=—(TM)
(1+\/§x)2 6(1+x/§x)2 x=—3 (L)

Taco tan60° = tan(DAM + BAN) _

Suy ra \/g(l—xy)=x+y<:>y(1+\/§x)=\/§—x<:>y=

Do d6 AN = y2+1—\/

Suyra V,

)

A\ | =

) 1 1 s
Suy ra l\éhl?f(x):f(ﬁjzg

Chon C
bat DM =x,BN=y v6i 0<x,y<1.

Khid6 AM =+x*+1, AN =.Jy> +1.

Taco
VMMN = %.SA.SAAMN = %%.AM.AN.sin60° = g.AM.AN )

tan DAM +tanBAN  x+y
1-tanDAM.tan BAN 1-xy

Taco tan30° = tan(DAM + BAN) -

1-/3x 240x* +1
Suyra 1-xy=+/3 = .Dodd AN =.y*+1= )
y xy=N3(x+y)ey 3 o do + N
_4/3 _\/3(x2+1)_
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:ﬁ.zx.(\/§+x)—(x2+1):x2+2\/§x_1:0:> x=—3 +2(TM)
6 («@+x)2 6(1+\/§x)2 x=—3-2(L)
2\3-3
.

f(x)

Suy ra 1\(/0111?1[(36) = f(—\/§+2) -

Cau4l: ChonD

Ta co tam giac ABC vudng cantai B, AC=2 nén AB=BC = V2.

11

14 .E.(AM.AB.BC +AN.AB.BC) = %(AM +AN)

MNBC

=V

M.ABC

+V

N.ABC — 5
> %x/AM.AN = % , ddu bang khi AM = AN =1.

Céu 42: Chon C

Goi SA'=a, SB'=b, SC'=c. Tathdy V, .. = %abc .
C

Xét tr dién SABC nhu hinh v&. Goi H 1a trung diém cta AB. Ta thdy CA=CB=3, AB=2
Va CH =+/CB? - BH? =+/3* -1 =22 Vay tam gidc ABC la tam gidc cn tai C, suy ra diém

I thudc vao dudng cao CH cua tam giac CAB, dong thoi S P

%CH.AB —22.
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Cau 43:

Goi r la ban kinh dudng tron ndi tiép tam giac ABC ( r=IH ). Ta c0

JE
S e 22 2 . IK _IH SC.IH _ V7.0 7
IH=r= = =—.Tuddy —=——=1IK= —
Puc (3+3+2)/2 2 SC CH CH 2( 4
Goi x, vy, z lan luot 1a khoang cach tur 1 dén cac mat phéng (SAB), (SBC), (SAC). Dé théy

J7

Y=z, x=IK:TDéngthGI

1
$.ABC 1sas T Visac T Visse & \/_ \/_ \/_ = x Seap+3 y Sspc T3 %S5ca

N7 147 1J_1Jﬁ®_zzi
8

V =V

5 7374 T3V T3,
Xét tir dién S.A'B'C’, ta thiy V.,

=V

I.SA'B'

+V

I1.SA'C'

+V

S.A'B'C’ I.SB'C'

= 1abc =1x.lab+1y.lbc+1z.lca = E+%+E =1
a c

Theo bat dang thirc Cauchy cho 3 sd, ta co

1=£+z+523‘3/%:>abc227xyz:243\/_ Tudo V ,pe = abc>81\/—
a b ¢ abc 128 6

256

Chon A
S

C

AK L SC

Ta chimg minh dugc BC L (SAC), tr do = AK 1 (SBC)= AK LKH.
AK L BC

AH 1 SB

Dong thot {AK 1B (do AK L (SBC)

): SB L (AHK)

Vay ta nhan thay hinh chép S.AHK ¢6 SH L (AHK) va tam giadc AHK vuodng tai K.
Goi d¢ dai doan AC =x (v6i 0<x<2a vitam gidc ABC vuodng tai C voi AB =2a). Xét tam
giac vubng can SAB ta c6 duong cao AH =SH = a2 .

Trong tam giac vudng SAC ta co 12= 12+ 12= L %_ﬂ. Khi d6
AK?>  AS* AC* 4a* «x 4a°x*

2,2 4a
AK = -Suy ra HK =JAH? ~ AK? = [24* - 20X ,/
1/45, +x2 4a” +x 4a® + x*

Vay thé tich
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2(4a” -2 V2x)Vaa? - x*
VSAHKzlsH.S _1SH 1AKKH——Q\/7 a ( a—x ):_2 3( )
| ] 32 \/4a +x° 4a” +x° 3 4a® +x

2

Ap dung bét dang thirc Cauchy cho J2x va V4a® -x* taco

(\/Ex)z +4a? —x22 4[12 +x2

(x/Ex)\/élaz -x* <
< e 2 ([x)ﬁla -x’ \/_ 42 +x* a2
Tudosuyra V, ., = =5 1 2(41124”(2): .
Céau 44: Chon C
Sl
A N c
M

B

Ta c6 tam gidc ABC vudngtai B nén S, = %AB.BC = %.Za.za =2a".

Miat khic theo gida thiét ta c6 ((SBC),(ABC))=(SB,AB)=SBA=60". Do dé

1 4434
SA = AB.tan60° =2a+/3 . Nén V, . = SAS :%.
Taco Vs BCMN — VS.ABC = ‘/§a3 :
Céu 45: Chon A
S 9
H
AJ B
C

K¢ AH 1 SB,(H eSB),AK L SC(KeSC)= SB L (AHK)= AHK =60".

TacO AC = ABsina =2Rsina,BC = ABcosa =2Rcosa = S,.. =2R*sinacosa .

Talaicc’)&:sinAHK:QSZAK:\/gAH: 3 _ 4
AH 2 AK®  AH?

ABC

=3 1 + 1 =4 L+L :SA——zRSina
SA?  4R%sin’a SA?  4R* J3—4sina
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3 .2 3
Do dé V lSA'SABC =4R sin” acosa _ R \/g
3J3-4sin’a 12

S.ABC — 3

Cau 46: Chon A

Tacé (SB,(ABC))=SBA=a.

_ [(BDLAD
Mt khéc ta c6 = BD 1 (SAD)=(SB,(SAD))=BSD = 4.
BD 1 SA
Gia stt BD = x(x>0). Khidotaco sinff=—— =SB=—"_.
SB sin
< Lk , AB xcosa xsina
Mat khac ta c6 cosa =— = AB=——,5A ="— .
SB sin sin
. P ,[ cos’ & ) asin f
Talaico AB=vVx"+a" x| ——-1|=a" < x= .
sin” 8 Jcos? & —sin® B
. . 3 . .
Dodé V,,,c =~SAADBD =502, asnf ___asinasinf
' 3 3 smﬂ \/COSZOC—Sinzﬁ 3(COSZC¥—Sin2 ﬁ)

Cau47: Chon A

Pit AM=x, AN=y.Goi O=ACNDB; E=BDNCM; F=BDNCN.
H 14 hinh chiéu vudng goc ciia O trén SC, khi d6: ACHO dong dang ACAS

:HO—QDHOz\E.

SA  SC
BD 1 SA
Ta co: = BD 1 (SAC)
BD L AC
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SC 1L BD SC L HF
Do d6 goc gitra (SCM) va (SCN) béang goc gitta HE va HF . Suy ra HE L HF .

SC LOH SC L HE
Lai co: { :>SCJ_(HBD):>{

Mait khac S S +S

AMCN — PAACN T PaacM

= %CB.AM+%CD.AN —x+y

1 2
= Vs amen = ESA'SAMCN = g(x + ]/) .

Taco: x>0, y>0 vanéu x=2, y#2 thigoi K léltrungdiémcﬁa AM , khi

46 KO/ /MC nen CE_KM _ x _OE_ EB _ OB _ p_ N2
EB MB 4-2x X 4-2x 4—x 4—x

Tuong ty: m:ﬁ. Ma OE.OF = OH® :nga(ﬂz)(wz):lz

4-vy (4—x)(4—y)

Néu x =2 hodc y =2 thi ta cling c6 OE.OF =OH* < (x+2)(y+2)=12.

8_2x,do y<2 nén 8-2x
x+2 xX+2

2[ 8—2xj_2x2+8

AMCNzg(XJFy):g * x+2 ) 3 x+2

Tom lai: (x+2)(y+2)=12 < y= <2 x>1.

1 2

Do @6 V. SA.S

S.AMCD — 5

, 2x*+8 . , 2| x> +4x-8
Xeét f(x)zgz_:z VO’lXE[l;Z], f(x)=§[x(:+—;c)2J

f'(x)=0<:>x2+4x—8=0<:>x=—2+2x/§; x=-2-23 (loai).

Lap BBT ta suy ra %g]xf(x)=f(1)=f(2)=2.

{x=1

. y=2 1 1 1 1 5

Vo maxVeme =21 (=T e A T2 Ty e
{y:l

Céu 48: ChonD

Thé tich khéi tx dién ABYZ 13 V = %AB.S

AXYZ*
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Cau 49:

Cau 50:

Cau 51:

Do dién tich tam gidc XYZ khong d6i nén thé tich tir dién ABYZ 14 nho nhat khi AB ngan
nhét.
Dumg XFLYZ , do YZLAB nén  YZL(ABF) , suy ra
((AYZ), (BYZ)) - (FA,FB) — AFB=90°.
Xét tam giac vudng ABF ¢6 FX la duong cao khong ddi (Do XF 1a dudng cao ciia AXYZ ¢d
dinh) nén XF? = XA.XB khong dbi.
C6 AB=XA+XB=>2JXA.XB =2XF khong déi. DAu bang xdy ra khi va chi khi XA =XB.
Vay thé tich khéi tr dién ABYZ nhé nhat khi X 1a trung diém AB hay XA = XB
Chon A
Do AB*>+ AD? = BD* = AABD vuéng tai A ; AC*>+ AD? =CD’* = AACD vudng tai A .

2 2 2 2 2 42
Lai c6 cos BAC = AB*+AC’-BC* 2243 -4 1

2.AB.AC 223 4
Swr dung cong thirc gidgi nhanh: Cho chép S.ABC ¢6 SA=a, SB=b, SC=c va ASB=«a,
BSC =/, ASC = y. Thé tich khéi chép S.ABC la:

1%

abc \/ 2 5 >
s.apc =~ 1-cos“a —cos” f—cos”y + 2cosa.cos .cosy .

Ap dung: Thé tich khdi tir dién ABCD |a

2
Visep = 23—4\/1 —(—ij —cos” 90° - cos” 90° + 2.(—%).@5 90°.c0s90° = /15 .

6
Chon A

2
Taco: Ve = :1)).1\/11\1.5/43C E Jf—;.MN

BC 1L DM
BC L DN

3a

. D
Goi D la trung diém canh BC taco = BC L(MDN) = {

{BC 1L MN

Do d6 ((MBC),(NBC))=(DM,DN)=90° < DM L DN <> AM.AN = AD” =
Khi d6 theo bét ding thire AM — GM ta c6:

MN = AM + AN > 2 AM.AN =34

Vivay V \/_

MNBC - 12

G

.MN =

Chon D
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Cau 52:

Taco: M
25,130 X Syap xsin((MBD),(NBD)) 25 x5 |
Viowmn = = — \
3BD 3\/11 +b \

Trong d6 BD =+a* + b’ LB . 1==2/¢

Va sin((MBD),(NBD)) =sin90° =1
Pit AM=x,CN =y

Taco ((MBD),(ABCD))+((NBD),(ABCD))+((MBD),(NBD)) =180°
Do d6 ((MBD),( ABCD))+((NBD),(ABCD))=90°

& sin((MBD),( ABCD)) = cos((NBD),( ABCD))

2
- a_[sABDj S 11 1 _ 4

—+ = =
2 2 2 212
SMBD SNBD SMBD SNBD SABD a b

Theo dinh 1y dién tich hinh chiéu ta c6 cos((MBD),(ABCD))z S asp va

cos((NBD),(ABCD)) _ 54D Theo BDT AM- GM ta c6:

NBD

2422 21 + 21 221’ 21 : 21 - 2 :SMBD'SNBDzlazbZ : Vay
ab” Sy Swo Svsp Sxep  Swmsp-Onep 2

a’b’
VBDMN = T2 .
3Va +b
Chon A

bat SD=h,tacé

BD = AD? + AB* —~2AB.AD.cos60° = /3a
Suy ra SB=~/SD? + BD? =1* + 3>

Taco d(B;(SAC))=d(D;(SAC))

va
1 1,1 1 AC 1.7
d*(D;(SAC)) SD* & (D;AC) I 4Sj,. K 3"
. _ \/gah 2 _ =2, _ 1 \/g _ 112\/5
:d(D,(SAc))_m (Do AC*=74%; S, =820~ =—"=)
J3an
d(B;(SAC)) f3.2 .72
Do d6 sin(SB;(SAC)) = (BASAC)) _ Va7 ~len=al3
5B K +3a°

3

Vay Vg apep =4
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m Thé tich khéi chép cé mat bén vudng goc voi day

V6i cac khdi chop c6 gia thiét mit phang vudng goc v6i day ta st dung cac dinh 1y vé gioa tuyén duéi
day:
Hai mit phang cung vudng goc v6i day thi doan giao tuyén ciia chung vudng goc véi day. Tinh chat
nay dua trén dinh li vé giao tuyén cia hai mit phang cting vudng goc v6i mit phang thi ba.
(P)L(R)
Kihi¢u: {(Q) L(R) =al(R)
(P)n(Q)=a
Mit bén nao vudng goc véi day thi dudng cao ciia mit bén d6 vudng goc vai day. Tinh chat nay dwa
(P)L(Q)
trén dinh 1y sau: (P)m(Q) =a=>dl (Q)
dc(P),dLa

Céau 1.

Céu 2.

Cau 3.

Cau 4.

Caub.

Cho hinh chép S.ABCD c¢6 day la hinh vuong canh a, mat bén (SAD) 1a tam giac déu va nam
trong mit phing vudng goc voi day. Tinh thé tich V cuia khdi chop da cho.
3 3 3 3
V3. g y-TV3 cv==, D.v=2.
2 6 12 4

Cho khdi chop S.ABCD c¢6 day 1a hinh vudng canh a, mit bén (SAD) Ia tam gidc vubng cén

A V=

tai S va nam trong mit phiang vudéng goc voi day. Tinh thé tich V' ctia khdi chop da cho.

3 3 3 3
Av="L. B.V:aﬁ. c.vJﬁ. D.v=2
6 3 6 2

Cho khéi chép S.ABCD c6 day 1a hinh chit nhat, AB=a, AD =a+3, mit bén (SAD) la tam

gidc déu va nam trong mit phang vudng goc voi ddy. Tinh thé tich V' cta khdi chop di cho.

3 3 3 3
A.V:a;@. B.V:”;/5 c.vz3"2ﬁ. D.V:“f.

Cho khéi chép S.ABCD co déy 14 hinh chit nhat, AB=a, AD=ay/3. Mit bén (SAD) la tam
gi4c vudng can tai S va nam trong mit phang vudng goc véi day. Tinh thé tich V' ctia khdi chop
da cho.
3 3 3
ANEY 5 v -TV3 c.v=>2 v=2
2 2 2 2
Cho hinh chép tir gide S.ABCD c6 day 1a hinh vudng canh bang ax2 . Tam gi&c SAD can tai

A V=

S vamitbén (SAD) vudng goc véi mt phang day. Biét thé tich khdi chop S.ABCD béng %f

. Tinh khoang cach h tir B dén mit phang (SCD).

A h=2a. B. h=24. c.n=24 D.h=34.
3 3 3 1
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Cau 6.

Cau7.

Céau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cho hinh chép S.ABCD c6 canh day 1a hinh vudng canh bang a2 . Tam gidc SAD can tai S
va mat bén (SAD) vudng goc véi day. Biét khoang cach h tir B dén mit phang (SCD) bang 4?51
. Tinh thé tich cua khéi chdp S.ABCD .
Av-2 B. V-2 c.v-8 p. v

3 3 3 3

Cho hinh chép S.ABCD c6 canh day 1a hinh vudng canh bang a. Tam gidc SAD can tai S va
mat bén (SAD)Vuéng goc voi day, biét SC = 3761. Tinh thé tich cta khdi chop S.ABCD .

a’ a’ 2a°
A V== B.V=3- C. SHJ_MN(HEMN).D.V=7.

Cho hinh chép S.ABCD ¢6 day 1a hinh chit nhat AB =a; AD =a+/3 . Tam giac SAD cén tai S
va mat bén (SAD)Vuf)ng goc voi day, biét SC =2a . Tinh thé tich cta khdi chép S.ABCD .

a3 3a%3 9a°/3 a3

A V= . B.V= . C. V= : D. V= .
6 2 2 2

Cho hinh chop S.ABCD c¢6 day la hinh thoi AC =a;BD = /3. Tam gi4c SABIa tam giac déu
va mat bén (SAB) vudng goc voi day. Tinh thé tich cta khdi chép S.ABCD .
3a’ ’ a’ 3a’

A V=22 B.v=2, c.v=2. D. V=22,
4 2 4 2

Cho hinh chop S.ABCDc¢6 day la hinh thoi AC =a;BD =a3. Tam gidc SABIla tam giac

vuong can tai S va mat bén (SAB ) vuodng goc v6i day. Tinh thé tich cta khdi chép S.ABCD .

3 3 3 3
A.V:a*/g. B.V:a\/g. C.V:a‘/g. D.V:a*/g.
4 6 12 2

Trong céc khdi chop S.ABCD co6 day la hinh vudng, tam gidc SAD cén tai S va mat bén
(SAD) vuéng goc véi day, SC = 24/3 . Khéi chop c6 thé tich 16n nhét 1

A W10 g 64 c 1o 5 64
5 15 15 5

Cho khéi chép S.ABCD c¢6 day 1a hinh vudng canh a2 , tam gidc SAB vudng can tai , tam
gidc SCD déu. Tinh thé tich V ctia khéi chép S.ABCD .
a6 @3 a6 23

A V= . B. V= C.V= . D. V= .
12 4 6 12

Cho hinh chop S.ABCD c¢6 day la hinh vuéng canh a2 , mat bén SAB la tam giac can tai S

26

va nam trong mit phiang vudng goc véi day. Biét SC = — tinh thé tich V cua khi chop
S.ABCD.

203 3 3
AVZ? B. V=44". CVZ— D. V=24,
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Céu 14. Cho hinh chép S.ABCD c6 ddy ABCD la hinh chir nhit véi AB=4,SC =6 va mit bén (SAD)
1a tam gi4c can tai S va ndm trong mit phang vudng goc véi mit phing day ( AB CD) . Thé tich

16n nhét cua khéi chop S.ABCD la

A.ﬂ. B. 40. C. 80. D.@.

3 3

Cau 15. Trong cac khdi chép S.ABCD c6 ddy ABCD 1a hinh chit nhat, AB =243, tam giac SAB
vubng can tai S, tam gidc SCD déu. Khéi chop S.ABCD c6 thé tich 16n nhat bang

A 6. B. 643 . C. 24/3. D. 642

Cau 16. Cho khdi chép S.ABCD c6 day la hinh chit nhat, AB=a, AD =+3a. Goi H la trung diém cia
canh AB, cac mit phing (SHC ),(SHD) cung vudng goc voi day va SD tao véi day goc 60°.
Tinh thé tich V ctia khdi chép S.ABCD.

13 213 32213 52213
2 3

C.Vv= . D. V= .
2 2

Cau 17. Chokhdichop S.ABC c6 day la tam gidc déu canh 2a, tam gidc SAB cantai S, mitbén (SAB)
vudng goc voi ddy va SC tao voi day goc 60° . Tinh thé tich V' cta khdi chop da cho.

3 3
A V=a B. V =/34°. C.V:\/ia . D.V:%.

Cau 18. Cho khéi chép S.ABC ¢ SA=SB=AB=AC=a, SC= g va mit phang (SBC) vudng goc

voi (ABC ) . Tinh thé tich V cua khdi chép da cho.

214 *14 21 221

B. . C. . D. .

A .
36 12 36 12

Cau 19. Cho khdi chop S.ABC ¢6 SA=SB=AB=AC=a, SC = x vamit phing (SBC) vudng goc voi
(ABC).Tim x dé thé tich V ctia khdi chop da cho 16n nhat.

a6 a6 a3 a3
x=T. X=—. C.x=—. D. x=——.

2 3 2

A. B.

Cau 20. Cho khdi chép S.ABCD c¢6 day ABCD la mdt tir gidc 10i va goc tao boi cac mit bén (SAB),
(SBC), (SCD), (SDA) va mit day twong tmg 1a 90°,60°,60°,60° . Biét tam giac SAB vudng
cantai S ¢ AB=a, chu vi t gidc ABCD bang 9a. Tinh thé tich V ciia khdi chop da cho.

3 3 3
A. 3. B.“‘/g. c.‘“/5

. D. L
3 9 3

Cau 21. Cho khéi tir dién ABCD c6 tam gidc ABC déu, tam gidc DBC 1a tam giac vudng can tai D .
AD =2a. Biét (ABC) vudng gbc v6i mat phiang (DBC) . Thé tich V' cta khoi tir dién ABCD
3 32°3 23

A V= . B. V=a/3. C.V-= . D. V= .
12 4 3

Cau 22. Trong cac khdi tir dién ABCD ¢6 tam gidc ABC déu, tam gidc DBC 1a tam gidc can tai D .
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Céu 23.

Céau 24.

Céau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

AD =2a. Biét (ABC) vudng géc v6i mat phang (DBC) . Khdi tir dién c6 thé tich 16n nhat 1a

3 3 3 3

40'\2 B.v-17 c.v=297 p. vV

9 9 27 3
Cho hinh ch6p S.ABC c6 day la tam giac déu canh 4. Mit bén SAB 1a tam giac déu va nim
trong mit phang vudng goc voi day. Tinh thé tich khdi chép S.ABC .

3 3 3 3
A V=30 RS cv==L, b v="V
8 2 8 6
Cho hinh chép S.ABCD ¢6 ddy ABCD 1a hinh thang vudng tai A va D . Goi I 1a trung diém
canh AD . Biét hai mét phing (SIB), (SIC) cling vudng géc v6i mét phang day (ABCD), goc
giita hai mat phang (SBC) va (ABCD) bang 60°. Biét thé tich khéi chop S.ABCD bing
3415

40

A x=2. B. x==-. C.x=4. D. x==.
4 2

Cho hinh chop S.ABCD ¢6 day ABCD 1a hinh chit nhat v6i AB=2a, AC = a7 . Mat bén
SAB 1a tam gidc can tai S va nam trong mit phang vudng goc véi mit phang day (ABCD) :

A V=

va AB=AD=1, CD=x.Giatricua x la

goc giita SC va mat ddy (ABCD) bang 60°. Tinh ti s6 KB .

a
A Y-y B. £ =242 c. Los. p. L

a a a a
Cho hinh chép S.ABCD c6 day ABCD la hinh vuoéng canh a.Matbén SAD la tam giac can tai
S va nam trong mit phang vudng goc v4i mat phang day (ABCD). Biét khoang cach giira hai

4ax/£
33

3 3 3
Av=L, B.v=21 C.V=a. D. V=22

3 3 3
Cho khoi chop S.ABCD ¢6 ABCD lahinh thang vuongtai A, B, AB=AD =2a, BC =a.Goi
I 13 trung diém canh AB, hai mat phang (SIC), (SID) cung vudng goc voi day, goc gitra
(SCD) va day bang 60°. Tinh thé tich V' cua khoi chép da cho.

3 3 3 3
3a\/ﬁ_ a\/ﬁ_ C.V:a\/ﬁ. D.V:9ax/ﬁ.
5 5 15 5
Cho khoi chép S.ABCD c6 day la hinh vudng canh a. Goi M, N lan luot la trung diém céac
canh AB, BC.Hai mit phang (SDM ), (SAN ) cung vudng goc voi day va (SCD) tao voi day
mot goc 60° . Tinh thé tich V' ctia khéi chép da cho.
3 3 3 3
PNV g v 4T3 c v TT3 p. v 43
10 15 30 5
Cho khoi chop S.ABCD ¢6 ABCD lahinh thang vuongtai A, B, AB=AD =2a, BC =a.Goi

I 13 trung diém canh AB, hai mit phang (SIC ), (SID) cung vudng goc voi day, khoang cach

=12.

duong thang SD, AC bing . Tinh thé tich V' ctia khdi chop S.ABCD.

A.V: B.V:

tr I dén (SCD) bang 4—3”. Tinh thé tich V' ctia khoi chop da cho.

A. V=364 B. V=184, C. 124°. D. 6a°.
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Cau 30.

Céau 31.

Cau 32.

Cau 33.

Cau 34.

Céau 35.

Cau 36.

Cho hai mat phang (P) , (Q) vudng goc v6i nhau, ¢6 giao tuyén 1a duong thang A. Trén A lay
hai diém A, B v6i AB=a. Trong mit phang (P) ldy diém C, trong mit phing (Q) liy diém
D sao cho AC, BD cung vudng goc véi A vd AC = BD = AB. Tinh thé tich khéi to dién

ABCD
3 3 3 3
Av=L, B.v=%. C.V:”*/g. D.V:”*/E.
6 2 12 12

Cho tir dién ABCD c6 tam gidc ABC déu , tam gidc ABD can tai D, mat phing (ABD)

vudng goc véi mét phang (ABC), CD = 2a+/3 . Tinh d6 dai AB khi khéi tir dién ABCD c6 thé

tich 16n nhit.

Za\/g

A. AB=2a. B. AB="77 C. AB=4”3JE.

D. AB=2a/3.

Cho hinh chdp S.ABC ¢6 day ABC la tam gidc vudng tai B,BA =3a,BC =4a . Mit phing
(SBC) vuéng goc v6i mit phing(ABC). BiétSB=2ay/3 va SBC=30°.. Tinh thé tich khdi
chopS.ABC .

A. V=223, B. V=4, C. V=33, D. V=243,

Cho hinh chép S.ABCD c¢6 déy 1a hinh vudng canh bang 4 , tam gi4c SAB 1a tam gidc déu nim
trong mit phang vuéng goc véi day. Goi M, N, P lan luot 1a trung diém cua cic canh SD,
CD BC . Thé tich khéi chép S.ABPN la x, thé tich khdi tir dién CMNP 1a y. Giatri x, y thoa

mén bat dang thirc nao dudi day?
A, x*+2xy—y* >160. B. x* —2xy+2y* <109.
C. x* +xy-y* <145. D. ¥’ —xy+y* >125.

Cho hinh chép S.ABCD c¢6 déy 1a hinh vudng canh bang a, tam gidc SAB 1a tam giac déu nam
trong mit phiang vudng goc voi day. Tinh thé tich V cuia khdi chop S.ABCD.
a3\/§ a3\/§ P

A V= . B. V= . C.V=—. D. V=a’3.
3 6 6 \/7

Cho tir dién ABCD c6 ABC la tam giac déu, BCD 1a tam gidc vudng can tai D ,
(ABC) L(BCD) va AD hop vé6i (BCD) mot géc 60°, AD =a. Tinh thé tich V cia tir dién
ABCD.

3 23 23 23

A V= . B. V= . C.V= . D. V= .
9 3 24 9

Cho hinh chop S.ABC c6 day ABC la tam giac vudng can tai B, c0 BC =a, mat bén SAC
vudng goc voi dy, cic mit bén con lai déu tao v6i day mot goc 45°. Tinh thé tich V' cua khéi
chop S.ABC.
3 3 3 3
Av=L, B.V:”ﬁ. C.V=”‘/§. D.V:”ﬁ.
12 9 12 3
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Céu 37.

Cau 38.

Céau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cho hinh chép S.ABC c¢6 day ABC déu canh a, tam gidc SBC vudng can tai S va nam trong
mit phang vudng goc voi (ABC ) . Tinh thé tich V cua khéi chép S.ABC.
a 3 a3 a

A V=—. B. V= . C.V= : D.V=—.
9 9 36 16

Ta dién ABCD c6 hai tam gidc ABC va BCD la hai tam gidc déu lan lugt nam trong hai mat
phing vudng goc v6i nhau, biét AD =a. Tinh thé tich V cua khéi ttr dién ABCD.

3 3 3 3
A.“‘/g. B.“‘/g. C.”“/g. D.“‘/g.

9 9 36 36

Cho hinh chép S.ABC c¢6 BAC=90°, ABC=30°, SBC la tam giac déu canh a Vva
(SBC) L(ABC). Tinh thé V cua khéi chép S.ABC.

ﬂ3 a3 ﬂ3 ﬂ3

A V=—. B.V=—. C.V=—. D.V=—.
6 16 3 9

Cho hinh chdp S.ABCD ¢6 day ABCD la hinh vudng, goi M 1a trung diém ciia AB . Tam giac
SAB cantai S va nam trong mit phang vudng goc voi ddy (ABCD), biét SD =2a+/5 , SC tao
véi day (ABCD) mot goc 60°. Tinh theo a thé tich cta khbi chop S.ABCD .

40’15 15

3 3
A V= . B. V= . c.y-2 v
3 3 3 3

Cho hinh chop S.ABC c¢6 day ABC la tam giac vuong tai A, AB=a, BC = a+/3. Mitbén SAB
1a tam gidc déu va nam trong mit phang vudng goc véi day. Tinh thé tich ctia khdi chop S.ABC

3 3 3 3
A. 2:J6a . B. Jéa . C. J6a . D. Jéa .
3 4 6 12

Cho hinh chép S.ABCD c6 day 1a hinh chr nhat AB=2a, AD =a. Tam gi&c SAD can tai S
va nam trong mit phang vudéng goc voi miat dy 1én mat phang (ABCD) , SB hgp véi day mot

g6c45° . Tinhtheo 4 thétich V cia khéi chép S.ABCD .

17 17 17

A V= 3 B. V= e C.Vv= 5 D. V= 5
Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh thoi canh a. SAB la tam giac vudng céan tai S
va nam trong mit phang vudng goc véi day, goc gitra canh SC va mit phang (ABCD) bang
60°, canh AC =a.Tinhtheo a thétich V cuakhdichop S.ABCD.

3 3 3 3

A V= . B. V= C. V= D. V= .
4 2 3 9

Cho hinh chop S.ABCD c6 day 1a hinh vudng canh a. Mat bén SAB la tam giac vuong tai S va
nam trong mat phang vudng goc vdi day. Hinh chiéu vuéng goc cua S trén duong thang AB la
diém H thudc doan AB sao cho BH =2AH. Tinh thé tich V ctia khéi chép S.ABCD.

3 3 3 3
A.V:ﬁ“- B.V:‘E;’- c.vz”f- D.V:@”-

Cho hinh chép S.ABCD c¢6 déy 13 hinh thoi, ASAB déu va nim trong mit phang vudéng goc véi
day. Biét AC =2a,BD =4a . Tinh theo a thé tich khdi chop S.ABCD..
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Céau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

3 5 215 c 20°15 D 215

15 3 3 2

A.

Cho hinh chép S.ABC ¢6 ddy ABC la tam giic vudng tai B, BA =3a,BC = 4a. Mit phang
(SBC) vuodng gbc v4i mit phang (ABC) .Biét SB= Za\/g va SBC =30° . Tinh thé tich cua khdi
chop S.ABC.

A V=2, B. V=03, C. V=223, D. V=24,

Cho hinh chép S.ABC c6 day la tam giac vudng tai A, AB=a, AC =2a. Mit phing (SBC)
vudng goc véi déy, hai mit phang (SAB) va (SAC) cung tao véi mat phang day goc 60°. Tinh
thé tich V cua khéi chop S.ABC theo a.

23 24°3 23 4a°\3

A V= . B. V= . C.V= . D. V= .
3 9 9 9

Cho hinh chop S.ABCD c¢6 day ABCD la hinh thoi canh béng a, SD = a\/E,SA =SB=a va mat
phang (SBD) vudng goc v6i mit phang (ABCD). Tinh theo a thé tich V cua khdi chép S.ABCD
a3\/§ a3\/5 a3\/§ a3\/§

A V= : B. V= . C. V= D. V=
4 6 2 8

Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng 2a, SA=a,SB =a+/3 va mit phang (SBA)

vudng goc voi mit phang day. Goi M,N 1an lugt 13 trung diém ciia cac canh AB va AC . Tinh theo a
thé tich khéi chép S.BMND

3 3 3 3
A.V:a\@. B.v=2 C.V:”‘E. . ”ﬁ.
3 3 2 3

Cho hinh chdp S.ABC c¢6 ddy ABC 1a tam giac déu canh a, ASAC cantai S. SBC = 60"
Mit phang (SAC) vuong goc (ABC). Tinhtheo a thé tich khdi chop S.ABC

3 3a°\2 ) a2
-

A.v=%. B.V= 5 C.V= Pt D. V=

Cho hinh chop s.ABC ¢0 (SAC) L(ABC), SAB latam gidc déu canh ax/g,BC = a\/g , duong
thang SC tao voi day goc 60°. Thé tich khdi chop S.ABC bang:

3 3 3
a\/g B.2a3\/g. C.a;/g. a\/g

A. : D. .
3 6

Cho khéi chép S.ABCD ¢ day 1a mot t giac 16i, BC=1,CD = V13,DA =417 . Tam giac
SAB déu canh bang 1 va nam trong mit phang vudng goc véi day. Khoang cachtir S dén duong
thing BC,CD, DA 1an lwot bing 1;2;4/5 . Thé tich khéi chép S.ABCD bing

R 313 NG c 313 23

. B. —. . . D. —.
12 3 24 3
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Céau 53.

Céau 54.

CAau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cho khdi chép S.ABCD c¢6 day 1a hinh vudng canh bang 1, tam giac SAB,SCD 1a cac tam giac

can dinh s . Khoang cach tr s dén cac dudng thing AB,CD lan luot bang 1,'\/5 . Tinh thé
tich khdi chop s.ABCD

NRCY g 4B ey b, 3B
3 3 3 4

Cho khdi chép S.ABCD c6 day la hinh vudng canh a , SA=SB, SC=SD . Biét
9 2 2 2
(SAB) L (SCD) va tong dién tich ctia hai tam giac SAB,S5CD bang % . Tinh thé tich V cua
khéi chop s.ABCD
3 3 3 3
4a . B. 4a . C. 4a . D. 12a .
75 15 25 25
Cho khéi chép s.ABCD c¢6 day 12 hinh vudng canh a , tam giac SAB,SCD 14 cc tam gi4c can

A.

dinh s . Géc giita hai mat phang (SAB),(SCD) la 60° va tong dién tich ctia hai tam giac SAB,

2
scD bing 2% . Tinh thé tich v cua khéi chép S.ABCD .
3 5+/3a’ 5/3a’ 3
A2 B. V3 . C. V3 . D. 2%
72 24 72 24

Cho hai tam gidc déu ABC va ABD c6 do dai canh bang 1 va nam trong hai mat phing vudng
goc. Goi S 1a diém ddi xtmg ciia B qua duong thang DE . Tinh thé tich cua khéi da dién ABDSC

Av=3 B. c. L. p. L.
1 2 1

Cho khoi chop S.ABC c6 cac mat phang (SAB),(SBC),(SCA)lan luot tao voi day céc goc

® | W

90°,60°,60°. Biét tam gidc SABvudng can tai S,AB= 24, chu vi tam gi4dc ABC bang 10a. Tinh
thé tich khéi chop S.ABC .
5(34° 434 534° 432

9 3 3 9

A. B. C. D.

Cho khéi chép S.ABC ¢6 déy 1a tam gidc déu canh a, cac mt bén (SBC),(SCA),(SAB)lan luot
tao voi day cac goc 90°;a; f5a0 choa + 8 =90° . Thé tich khdi chdp S.ABC c6 gia tri 16n nhit
bang
3 3 3 3

A 3% B. 4~ . c. 3% D. .

16 8 8 16
Cho khdi chép S.ABC c6 day 1a tam gidc vudng tai A, AB=1, AC=2 . Cic mit bén
(SBC), (SCA), (SAB) lan luot tao voi day cac goc 90%a; f sao cho @+ f=90° . Thé tich khéi
chép S.ABC c6 gia tri 16n nhat bang

A2 5 2 c. 22 o V2.
2 3 3 6

Cho khéi tir dién ABCD €6 AB=AC=AD=BD=1,CD=+2. Hai mit phing (ABC) va

(BCD) vuédng géc v6i nhau. Tinh thé tich V cua khéi tir dién ABCD.

av=P2 S
4 6 12 2
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BANG DAP AN
1B |2A (3B (4D |5B |eD |7A |8D |9.C |10.C
11.B |[12.C [13.C |14D |15.A |[16A [17.B [18.A |19.B |20.C
21.D |22.C |23.C |24D |25B |26D |[27.A |[28B [29.C [30.A
31.C |32.D |33.C |34B |35C |36A |[37.C [38D [39B |[40.A
41D |42A [43.A [44C [45C |46C |47B |48B |49.A |50.D
5.D |52.C |53.A |54A |55.C |56.D |57.D |58.D |59.D |60.D
HUONG DAN GIAI CHI TIET

Caul. ChonB

Goi H la trung diém AD = SH = % .
(SAD) L(ABCD)

Ta co (SAD)~(ABCD)= AD
SH L AD

= SH 1 (ABCD).

23

6

) 1
Vay VS.ABCD = E'SABCD SH =

Cau2. Chon A

Goi H 1a trung diém AD :SHz%:%.
(SAD) L(ABCD)

Ta ¢ {(SAD)~(ABCD)= AD = SH 1 (ABCD)
SH 1 AD

Viy V. 1

S.ABCD — o °
3

S

ABCD*

3
sH=2
6

Cau3. ChonB

3

(SAD) L(ABCD)
Goi H l1a trung diém AD => SH = % .Tac6 {(SAD)~(ABCD) = AD = SH L (ABCD).
SH L AD
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Cau 4.

Cau 5.

Cau 6.

A 1 1 34 613\/5
Vay Vs upep = E‘SABCD'SH = gaa«/g? = -

Chon D

. AD 3
Goi H latrung diem AD ZSH:T:§'

(SAD) L(ABCD)
Ta co (SAD)n(ABCD)= AD
SH 1L AD

1 1 3
= SH L (ABCD). Vay V; 450 = g-SABco SH = g.a.a\/g.uT =

Chon B

Goi H 1a trung diém AD.

(SAD) 1 (ABCD)

Ta ¢6 (SAD)(ABCD)= AD
SH 1 AD

—SH L (ABCD) .

SH:’SH:MZZQ

ABCD

Laico V. ==.5

1
S.ABCD — 4 "2 ABCD
3

Ké HK 1 sD tai K, khi d6 ta chirng minh duoc HKJ_(SCD) nén Hsz(H;(SCD)).

1 1 1 2 . A
=T b = HK =" Tac ABj/(scp) nén d(B;(SCD))=d(A;(SCD)).

AH ~(SCD) =D nén ZE:; Ez(cjg;; _ ;_‘Ig = 2. Vay d(B;(SCD)) = 2d( H;(SCD)) = %.

Chon D

Goi H 1a trung diém ctia AD = SH | (ABCD).

Taco
2SH.HD 4a

d,=d,=2d, =2HK=— 22110 _ % oy _9,.
JSH>+HD*> 3
Vy, thé tich ctia khéi chop v = Legs 4
QA SABCD 3 *~ABCD 3
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Cau7. ChonA

Dién tich ddy S ,;p =4° VA h=1/SC’~HC =a.

3
Vay, thé tich cua khéi chép V. _1 h.S -2

SABCD — A "2 aBcD
3 3

s

Cau8. ChonD T
A s . ; 3a
Dién tich ddy S,,., =a°~3va h=/SC>*~HC? = o

: ‘. 1 V3
Viy, thé tich cua khoi chop V., gh.S =4 ¥3 .

ABCD
2

Cau9. ChonC

ACBD 4*J/3 2 2
Dign tich ddy S, = 1CBD _ B3 Ang(% +[@J

2 2 2

ABI a3 1 a®

Do d6: h= > = B Vay, thé tich ctia khéi chép V. Veipen =

Céu 10. Chon C

ACBD a3
Dién  tich  dby  Syep= _aN3 va
2 2
2 2
Ang(ﬂj 52 -
2 2
Do do: h = AB _2
2
a’\3

. . 1
Viy, thé tich cua khoi chop V., gh.S

Céull. ChonB

Pit AB=x, Goi H latrung diém canh AD,tacé SH 1 (ABCD).

Tacod S=x2,h=+SC?—HC? =+/SC? — HD? —CD? =4/12—5%
1 X2 410

\% V ==Sh 2 1222

lval”31[()3\/ 1 [5}15
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Céau1l2. ChonC

Tacod S=24". Goi M,N lan luogt 1A trung diém cua AB,CD ta c6
SM 1 AB SM 1 CD
AB//CD SN 1. CD

Goi H 1a chan duong cao ha tir S xubéng MN tacd SH 1 (ABCD).

w2 o6
2

:SMLCD;{ = (SMN) L CD = (SMN) L (ABCD).

Miit khac SM—— MN =ay2,5N =22 — SM? +SN? = MN? = SM L SN .

1 1 1 8 a«/ N6
V‘ A — + P : = — V V - —Sh - .
ivay _h2 M SN® 32 ay 3 6

Céu 13. Chon C

-
-

-
= -
==

C
Goi H la trung diém canh AB, tacd SH 1 (ABCD) va theo Pitago ta c6

SH =+/SC* — HC? =2a. Vay V_ SH = 4;

ABCD

Céu14. ChonD

- -
-

-
= -
==

C
Pit AD = x, goi H 1a trung diém canh AD,taco SH 1 (ABCD).

2 2
Khi d6 HC = HD? + DC? =1/xz+16 — SH =+/SC? — HC? =1/20—xz.
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7 2,/ (80-x*) x*+(80-x
Vivay V=—Sh=1ax[20-% - ( )s ( )=@.
3 3 4 3 3 3
DAu bing xay ra khi x> =80 x> < x =210 .
Céu 15. Chon A

Pit AD =x, goi M,N lan luot 13 trung diém cia AB,CD tacé
SM 1 AB
SN L CD = CD L (SMN)=(ABCD) L (SMN).
AB//CD

Goi H 1a chan duong cao ha tir S xudng MN tacd SH L (ABCD).

CDA3

1
Trong tam gidc SMN tacd SM = EAB = \/g,SN = — =3,MN =AD=x.

4 2
Do dé - SH - 2San _ -t 424 -36
MN 2x
i 2 _ 3(—x* +24x* -36
Taco V= Loy 2503 o'+ 24’ =36 =f(x)=‘/ ( )sf(zﬁ)=
3 3 2x 3

Céu 16. Chon A

Taco S, = AB.AD =32,
Do cac mit phing (SHC),(SHD) cung vudng goc véi diy nén SH 1 (ABCD), suy ra goc giira

SD va ABCD la SDH =60°.

Tacdé HD =V AH? + AD? = ’

1a\/§\/§a2:a\/ﬁ
2 2

ABCD — ~

e
2

Vay Vs asco 3SH 5
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Caul7. ChonB

; 3
Do tam gidc ABC déu canh 2a nén S, =(2a)2%=\/§a2 :

Goi H 1a trung diém cua AB, do tam gi4c SAB cin tai S nén
SH 1L AB.

Mit khac, vi (SAB) L(ABC) nén SH L (ABC), suy ra goc
gilta SC va (ABC) la SCH =60°.

Vi tam gidc ABC déu canh 24  nén
CH =a~3 = SH = SH tan60° = 3a. ¢

Vay V, o = %SA.SABC S %351.\/55[2 =32
Céu 18. Chon A

Goi H 1a trung diém canh BC = AH L BC .
Ma (ABC) L (SBC)=> AH L (SBC).
Mit khac, AS = AB= AC = H la tAm duong tron ngoai B[ _|
tiép ASBC = ASBC vudngtai S .
H
. 1 a’\6
Khi do, Sy, = ESB.SC = g/_ ;

BC=+/SB*+5C? =~ 315; AH = AB? - BH? =a\/%.
1 \/Zazx/g_cf\/ﬁ
. .

7 , 1
Vay thé tich khéi chop S.ABC 13 V =—AHS,  =—-a|— TV _
o P 3 se T3 T g 36

Céu19. Chon B

C

Goi H la trung diém canh BC = AH 1 BC.
Ma (ABC) L (SBC)=> AH L (SBC).
Mit khac, AS = AB=AC = H latam dudng tron ngoai tiép ASBC = ASBC vudngtai S .

Khi do, S %SB.SC _ % ; BC=+/SB?+SC2 =Ji> + 2 ;

SBC

N V32> - 22
4 2

AH =+ AB* - BH? :\/az
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[ 2 2 [a2_ .2
Suy ra thé tich khéi chop 5.4BC 13 V = AH.S,, =+ 2 N34 X _axV3a —x
3 3727 2 12
_ 3
Taco x\3a*—x* = x*(3a” - M#—% :Vs%.

a6

A ” a2 2 2
Dau “="xdy rakhi x* =3a"—x" & x=——,

Céau 20. ChonC

Goi H 1a trung diém canh AB = SH 1 AB.

Ma (SAB) L(ABCD)=SH L (ABCD) va h=SH =% =g Tacd S=S,,.+S,cp +Sipa

= %(BC.HK+CD.HT+ DA.HI)
(voi K,T,I lan lwot la hinh chiéu cua H trén cac dwong thang BC,CD,DA).

=%(BC+CD+DA).h.cot60° —1(9 - )% 1 :@_

NE

2 3
Vay V=ish=L2033 a_a \/5.
3 3 3 2 9
Cau2l. ChonD
D
C B
A

Goi E la trung diém cua BC. Tacd DE L BC = DE L (ABC).

bat BC= x:DE——CB—g x\/_ * Taco AE>+DE*=AD* = x=24
2a) A3 3
V:lSABC-DEzl( a) \/_.a:a \/5
3 3 4 3
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Cau22. ChonC

Goi E la trung diém ctia BC. Tacd DE L BC = DE L (ABC).

3

bat BC=x:>AE=T; DE=~NAD? - AE* =, |4a* - —

C H
\V B

A

3x? 3x )
= = 1611 —-3x
4612_3x \/_\/ ) S16513 .
4 36 27
4ax/§

Dau bang xay ra khi x= 3

Céu23. ChenC

Goi E la trung diém ctua AB.Taco SE L AB= SE 1 (ABC).
1

1 a*/3 a\/g a’
:>VSABC 3SSBCSE_§‘ 1 ng

Cau24. ChonD
(SIB) L(ABCD)
Taco <(SIC) L(ABCD) = SI L(ABCD)
(SIB)~(SIC)=SI
Goi H 1a hinh chiéu I 1én BC = 1H 1 BC . Tacé BC L (SIH)= BC L SH

= ((SBC);(ABCD))=(IH;SH)=SHI =60°; BC =|(x~1)" +1 =+x* —2x +2

1 x+1, 1 X
S apcp :E(AB+CD)'AD:T’ Saias :Z; Saico ZZ
x+1 2§ x+1
Suse = Sasep ~ s ~Saicp = 4 = IH = BAgC = Zm

\/§(x+1)2 3\/ﬁ 1

V3 (r+1) Va lgrs

——=.Vay V = Sx=—.
2 —2x+2 T3 T o P —oxr2 40 2
Céu 25. ChonB

Goi H 1a trung diém cia AB = SH L AB

Taco SI=IH.tan60° =
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(SAB) m(ABCD) = AB
Taco {(SAB) L(ABCD) = SH 1 (ABCD)
SH L AB

Ta cd (SC;(ABCD))=(SC; HC)=SCH = 60°

Tacd BC =AC? — AB® =ay/3, HC =+/BC* “HB* =a 2
Taco SH = HC.tan60°=aw/6 ; S,;p = AB.BC = 20043 = 2430’
V=V, o= %SH.SABCD - %.a\/g 23a% =224° = :—3 =2\2.

Céau 26. Chon D

B
Goi H la trung diém AD ta ¢6: SH L(ABCD) . Dung hinh binh hanh ACDE ta c6:

d(AC,SD)=d( AC;(SDE)) =d(A;(SDE)) = 2d(H;(SDE)) = 2HK

1 aN?2
Va 2HK =2, HESH  _ 4ay/33 vi HF//DO va HF ==DO = i .Do d6 SH =24
JHF? +sH> 33 2 4
3
Vivay V = %SH.SABCD - %.Za.az _ 2%
Céu 27. Chon A
Taco S= @.AE =3a* Va SI L (ABCD).
Keé IH L CD (H c CD) = SHI = 60° va
h = IH.tan 60° = IH/3 .
25, 2(S=Suc—Sup)
Tam gidc IcD c6 [H=—K 2= bc__IAD
d cD cD
= % = h= 311\/6 )
J5 5
Sh 34’415
Vay V=21 = 1 SJ_ .

Céu 28. Chon B
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Taco: dt(ABCD)=a*. Goi H=DM N AN = SH =(SDM)(SAN)= SH L (ABCD).

Ké HE L CD (EeCD) = SEH =60°. Taciing c6 AN L DM .

t .t 1.5 a w5 AH 2
Ta co: = + = +—=—=>AH=— AN=—- 2" _2
AH* AM* AD* (oY @ @ J5 2 T AN 5
2
DE _AH DE——DC_—
“DCcT AN 5 5
2 2 2
Taco: DH=vAD* — AH® = i~ = 2% — HE=JDH? - DE* =22 22 _ 22,
5 s 5 25 5
4a~3 1,4 4733
Vi vay h=SH=HE.tan6O°—aT\/_ Vay V—%SHdt(ABCD) 3 7. 11\/_ tllg/_

Céu 29. ChonC

Tacé: dt(ABCD)= AD+ B¢

AB=3a".

Ké IH1CD (HeCD), IKLSH (KeHS) =IK1(SCD),

IK=d = 4a.
2
2[3a2—a—a2J
Taco 1 = 250 _ A5 =5 ~Sun) _ 2 ) %
D CD 5 75
Dodolzi— 1 = 1 - 1 = 1 :h=12a.Dod()V:%h.dt(ABCD)=12a3.

h? dlz IH? (;mjz (35,]2 1444°
3) 6

Céu 30. Chon A
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Theo gia thuyét ta c6 AABD vudngtai B.CO CA L AB=CA L (ABD).

D

1
Dodé v < SamCA _ 2™ o’
3 3 6

Céau3l. ChenC

Pit AB=x, goi H la trung diém cia AB, ta c6

DH L (ABC) va h= JCD? —-CH? = 1lea2 —sz .

Vay B
Sho1 23 , 3% x*\16a* —x* 406
VeI T P T r T

451\/8

Déu bang dat tai x = 3

Céau 32. ChonD
Ké SH vudng gbc v6i BC suy ra SH L (ABC).

C6 SH =SB.sinSBC = a\/g vas,, .. = %BA.BC =6a°.

1

ABC 25

Suy ra V, S

s SH =2a°3.

Céu33. ChenC

Goi H la trung diém cta canh AB. D0 ASAB déuva (SAB) L(ABCD) = SH L (ABCD).

Tacd ASAB déu va canh bing 4 = SH =243 .

s _ap_ ADDN CNCP_

Co S J > 5

S S 10.

ABPN — 2ABCD ~ P AND

203 203

Thé tich khdi chép s.ABPN 12 V e

ABPN —

1SH.S
3

Taco M li trung diém ciia 5D = d(M,(ABCD)) = d(S,(ABCD)) =2 SH =3

Thé tich khéi t dién McPN 1
1 1
Vieny = gd(M,(ABCD))S

cPN :g

CN.CP_2y3 _ _2\3

d(M,(ABCD)). it

Céu34. ChonB
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Goi H 1a trung diém cta canh AB. Do ASAB déu va (SAB) L(ABCD) = SH 1L (ABCD).

a3

TacOd ASAB déu va canh bang a :SH:T. C6S,,  =AB =ad*.

ABCD

P\3

. . 1
Thé tich khoi chép s.ABcD la V., = ESH Spep=——

Céu35. ChenC

Goi H la trung diém ctia canh BC. DO AABC déuva (ABC) L (BCD) = AH 1 (BCD).

Tacéd HD la hinh chiéu cia AD 1én (BCD) = (AD,(BCD))=(AD,HD)= ADH = 60°.

. a3
C6 AH = AD.sin ADH ===, HD = AD.cos ADH =g .
Ma ABCD vudng cantai D nén BC =2DH =a.
1 1, BCDH a3

Thé tich khdi ti dién ABCD 13 V) = EAH.SBCD = gAH. > 2

Céu 36. Chon A

Ké SH L AC VI (SAC) L(ABC)= SH 1 (ABC)
Goi I, ] 1an luot 12 hinh chiéu cua H trén AB va Bc suyra SI L AB,S] 1 BC
Theo gia thiét SIH = SIK = 45° . Tacd ASHI = ASH] = HI = H]
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Ta giac HIBJ 1a hinh thoi nén BH 1a dudng phan gidc cia AABC suy ra H 1a trung diém
AC

HI=H]=SH=% =V SH=%

S.ABC — E'SABC' 12

Céu 37. Chon C
Goi H 1a trung diém BC = SH L BC.

Taco
(SBC) L(ABC) va SH 1 BC = SH 1 (ABC)
2 3
VSABC_lsABCSH:l'a 3.525!\/5.
3 3 4 2 24

Céu 38. ChonD
Goi H 1a trung diém BC = AH 1 BC
Tacd (ABC) L (BCD), AH 1L BC = AH 1 (BCD)

Va AABC = ABCD = AH = DH

Do d6 AHD vuédng can tai H = AH =

BC\3 _2AH _a\2
2

N
a2 Z.E 26

Ma AH = = BC

Do do V. =

1 a
S.ABC 55(\/5 4 36.

Cau 39. ChonB

: - ; o A a3 s
Goi H 1a trung diém ctia BC. Vi SBC latam giac déu canh a nén SH = > .Theo gia thiét ta
0 (SBC) L(ABC) nén SH L (ABC).

a3

Tacé BC =a nén AB=BC.cos30° ==~ AC=BCsin30° :%

\f aZ\@
2 8

ABC —

1 1
Suyra S, = > —.AB.AC= .Do d6 Vi 5 = E'SH'S

Nlm
c.olr—\

la
2
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Cau 40. Chon A

Theo gié thiét ta c6 SM L (ABCD).
(SC;(ABCD)) =(SC; MC) =SCM =60°.
Trong tam giac vuéng sMC va SMD ta co:

SM=+/SD?* - MD? = MC.tan60° ma ABcD la hinh vuéng
nén McC = MD.
— SD* - MC? = 3MC? = MC :a\/g:>SM:ax/7

2

Lai cod MC? =BC* + AB _5BC
2 4
—=BC=2a=S,,., =4a".
A 1 4113\/_
Vay Vs ABCD — ~SM. SABCD
3 3
Céu4l. ChonD S

Do tam gidc SAB déu canh a va nim trong mit phang
vudng goc v4i miat phang day nén chiu cao cua hinh

3a

chop la h = \/_

Tam gidc ABC vudng tai A

— AB=+BC?> - AC? =24,

\/_a 1 e

:>V :gh.SABC—T

S.ABC

S, ——ABAC—
2

Céu 42. Chon A.

-
-

-

"

Goi E trung diém cia AD . Khi d6 SE 1 (ABCD)

V= ;SABCD SE, S,,., =2a*; EB 14 hinh chiéu ctia SB 1én mat phang ABCD)
= (SB,(ABCD))=SBE=45" = SE = BE.; BE=VAE" + AB’ = +4a =
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a\/ﬁ 1a\/ﬁ 9 a3\/ﬁ
2 2 '

.Vay V =—.
1y 3

Cau43. Chon A
Goi I latrung diém cua doan AB
Suy ra,
SI L ABma (SAB) L(ABCD) = SI 1 (ABCD)

Nen SCI =(SC;( ABCD)) = 60°,Cl - % |
Suyra, SI =Cl.tan60° = %
I
Goi M 1a trung diém cua doan BC, N i trung diém B N M C
cua doan BM .
am@3 3
2 4
223 1 a3 3a 23

Taco SABCD = ZSAABC = 2 = VSAABCD =5 )

Céu 44. ChonC

SABCD =a’,
(SAB) L (ABCD)
(SAB)n(ABCD) = AB= SH 1 (ABCD).

SH 1 AB
Xét tam gidc SAB vudng tai S cOSH la duong cao.

SH? = BH.AH =2 AH? = 2.%512 — SH = %

1&1\/5112_03\/5
= .

Thé tich ciia khdi chép S.ABCD:: V=%SA.SABCD =3 5

Cau 45. Chon C.
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s

1

AC.BD _

ABCD — 5

Taco S 44* . Goi H 1a trung diém AB.Tacd ASAB déu= SH 1 AB

Do (SAB) L(ABCD) = SH L (ABCD) ; AB=VAO*+BO* =a\5

ABV3 15 1 1, al15 22°15
SH=22N2 JINDY =~ 4d’. = .

V _§SH'SABCD = 3 2 3

2 2 * VS.ABCD —

Cau46. ChonC S
Goi H 14 hinh chiéu cua S trén BC.
Vi (SBC) L (ABC) theo giao tuyén BC = SH L (ABC).

Taco:
B C
SH =SB.sin60°=av3 =V, .. = %.SH.SAABC —20°3. A
Cau47. ChonB A
S
Ké SH L BC= SH 1 (ABC).
Ké HE L AB,HF 1L AC, ta c6: SEH=SFH=60° va
HE = SH .cot60° = hcot60°, HF = SH.cot60° = hcot 60°
Dién tich day bang S = 1 apac=a .
2 B C
Mat khac : E
E
)
A
S=S,,s+Siic = %(AB.HE +AC.HF) = %(a.h.cot 60°+2a.h.cot60°) .
3
Vay he—2> 20y _1g),_ 24 Sy Chon B.
a 2a \/5 3 9
- + N
3 3

Cau 48. Chon B
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AS=AB=AD = SO =BO =DOhay ASBD vuong tai S

AO L BO
Ta cé = AO L(SBD)

AO 15O
BD =+/SD?*+SB* =2a* +a* =a/3; AO = AB* - BO* = =§

1 1, .1 1a 2’2 22
Vasin =5 A0Sy, =~ AO._.SBSD=-.— a2 = o SUY TRV ey =2V = =

Céu 49. Chon A
Ké SH L AB (H € AB)
Ma (SAB) L(ABCD) nén SH L (ABCD)
B*=SA’+SB*> = ASAB vudng tai H

51y = SASE _ a3
AB 2

2 1 2

Seanp = Sascp ~Samp ~Snep =447 — 2-5”-251 =2a

Vay thé tich  khdi chép  S.BMND B N C

1 1 11\/7 an/g
VS.BMND = ESH'SBMND 3 2 - 3 .
Cau50. ChonD §

Goi H 1a trung diém AC : SHL(ABC) Vi
(SAC)L(ABC) . Giast SH=x(x>0)
2

Taco SC2 =SH? + HC? =x2+”z;

A >0 B
SB? = SH? + HB? = x +3%

Ap dung dinh 1y cosin trong tam giac (SBC )

SC* =SB* + BC* - 2.SB.BC.cosSBC c
2 2 2
<:>x2+a—=x2+3i—a1/x2+3i+a2:x:&
4 4 4
A 1 1 a6 3 _ «/_
Viay VS.ABC=§.SH.SABC 377 1 3
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Caub5l. ChonD

Céu 52.

C6 BA =BS=BC =+/3a nén hinh chiéu vuéng goc H cta B Ién (ABC) la tam dudng tron

BA =BC

ngoai tiép tam gidc ASC . Mit khac
sow e e ' {(BAC)J_(SAC

) — H 1a trung diém canh AC.

Do d6 tam giac ASC vuong tai S. Vacling c6 SCA =60°= (SC (ABC)).

Vay c6 SC=AScot60°=\/§a.%=a,
3
2
Ssac = %SA.SC = \/526! . \/gaz J&f
AC=2a=> Vay V—g > AN2a= P

Chon C

Goi H la trung diém AB:SHJ_(ABCD) va

Ké HKLBC,HTLCD,HILDA ta ¢b
SK 1L BC,ST LCD,SI L DA va theo gia thiét co

SK=1;ST =2;51 =5
Vi vay theo pitago cho cac tam gidc vudng
SHK,SHT,SHI ta co:

HK:\/SKz—SszJl—%:%.HI: SI> —-SH* = 5—2:@.

2
Vi vay, dién tich day cua hinh chop la:

S=S,5c +Suco +Supa = ;(HKBC+HTCD+HIDA) 2[2 \/_f */_f]
~ 2 1 J& , 1 1 \/_ 3 31 31\/5
Vay thé thich khoi chop: V, ., = 3 —SH-S,,, = 5 e = YR
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Céau53. Chon A

Goi M, N lan luot Ia trung diém cac canh AB,CD ta co

SM L AB
SN 1L CD = CD 1 (SMN)=(SMN) L(ABCD).
CD// AB

Vivay, ké SH L MN(H e MN) tacé SH 1 (ABC).
Tam gidc SMN ¢6 SM =d(S,AB)=1; SN=d(S,CD)=+3,MN =1.

J3
2S 2. 1 J3

Dodd SH==-23N _ 2 _ [3 Vay V= ~SHS
o J3 . Vay

i 3 S0 =75

Céaub54. Chon A

Goi M,N lan luot la trung diém céc canh AB,CD taco

SM 1 AB
SN 1 CD = CD 1 (SMN)= (SMN) L(ABCD).
CD// AB

Vi (SAB) L(SCD) nén tam gidc SMN vudng tai S .
1

Dién tich tam giac SAB la S, = E-AB-SM.
Dién tich tam giac SCD la S, =%~CD~SN.
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Cau 55.

494°
25
Mat khac, vi tam giac SMN vuong tai S nén

2
SM? +SN* = MN? & SM* +SN* = * & (SM+SN)* ~25SM-SN = a* < SM-SN = 1;; :

Ao 1 1 7a’ 7a 2
Theo d¢ ta c6 E-AB-SMJFE-CD-SN:E@SM+SN=€:>(SM+SN) =

SM-SN _12a
MN 25

Ké SH L MN(H e MN) tacé SH L (ABC), do d6 SH =

1 12a , 124°

Suy ra thé tich V, , . :%-SH-S

=—-—-a .
ABCD 3 95 75

Chon C

Goi M, N lan luot 13 trung diém céc canh AB,CD, khi d6 géc giita hai mit phang (SAB) va
(SCD) 1a goc giita SM va SN, suy ra (SM,SN ) = 60°.

Ké SH L MN(H e MN) tac6 SH L (ABC), do d6 sp = SM-SNsin60" (*).

MN
Dién tich tam giac SAB la S, , =%-AB-SM.
Dién tich tam giac SCD la S, =%-CD-SN.

2 2
Theo dé ta ¢ %-AB-SZVH%CD-SN=3%<:>SM+SN=%:>(SM+SN)2 =9%.

Theo dinh 1y cosin trong tam giac SMN , ta c6
MN? =SM? +SN* ~25M-SN -cos MSN = (SM+SN )’ ~25M-SN (1+cos MSN )

(SM+SN)’ - MN?

— SM-SN =
2(1+cosM5N)

Xét cac truong hop:
5a® 5a*

8[1+1J 12
2

SM-SN-sin120° _ 5+/3a
MN 24
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3
Suy ra thé tich Ve anep = ;'SH'SABCD ; 5\2/;61 2 S\Qa .

Trudng hgp MSN =120°, khi d6 SM-SN = =

(VO Iy vi %:SM+SN22\/SM-SN =5).

Céu56. ChonD

Goi I,HI, H lan luot 14 trung diém cua CD, AB.CD, AB.

=V 1\/5

Taco V. +on+Veume = 57(d(s,(ABD)) +d(S,(ABC))).

ABDSC

Trong do. d(s,(ABD)) = 2d(1,(ABD)) = d(C,(ABD)) =CH=">

Vay V

ABDSC

=V

S.ABD

+VS.ABC g?
Cau57. ChonD

Goi H 1a trung diém canh AB=SH | AB=SH 1 (ABC)Vél SH = % =a.

Ké HM 1 BC(M € BC),HN 1 CA(N € CA)= SMH = SNH = 60’

w3

= HM = HN = SHcot60° = 3 Taco

Susc =S + Sunc =5 (HMBC+ HN.CA) = ”‘/_(Bc +CA)= “*/_( 100—24) = 4“*/_
Vayvzﬁzél*/gf .
£ 9

Céaub58. ChonD
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Ké SH 1 BC = SH 1 (ABC)va HM 1 AB,HN 1L CA= a = ZSNH, = ZSMH

*/_” =S, +Ss = %(AB.HM +AC.HN) = %(SHcot,B +SHeota)

Do d6 SH = \/5 \/5 < \/5 _\/5

Taco

2(cota+cotﬂ) B 2(cota +tana) B 4\/cota tana i

1[51

a+ B =90° = tana = cot B. Vay V—3

sH<Z.
16

Céu59. ChenD

=%AB.AC=1.

Tam gidc ABC vudngtai A=S

AABC

Goi SH(H e BC) 1a dwong cao ctia SBC, theo gia thiét (SBC) L (ABC)=>SH L (ABC).

: : ) SMH =((SAB),( ABC))
Goi M,N lan luot Ia hinh chiéu ctia S trén AB, AC =

SNH =((SAC),(ABC))

SMH =

SNH =«

.. 1 1 1
T8 co! Syipe = Sus +Same =5 HM.AB+—.HN.AC = E.(SH.cot f+2.SH.cota)
Do d6: SH = 2 = 2 < 2 = V2

cot f+2.cota " 2.cota+tana 2\2.cota.tana - 7
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(Vi a+B=90° nén cotf =tana )

. 1 12 2
Vay VS.ABC zg‘SH’SAABC S§71 :?.
Céu60. ChenD
A
B D
H

C

Goi H 1a trung diém canh BC.
AABC cantai A= AH 1 BC ma (ABC)L(BCD)= AH 1(BCD).
Lai c6 AB=AC = AD nén H la tam dudng tron ngoai tiép ABCD = ABCD vudng tai D .

Xét ABCD: BC =+ BD? +CD? =+/3

2
Xét AAHC vudng tai H= AH =+ AC>-CH? = |AC? —[%j = %
. 1 1,1 11 J2
VY Vyep =5 AH Sy = AH. .DB.DC = 5.5.1.\/_ -5
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m Thé tich khoi chép déu

Céu 1:

Céu 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau7;

Céau 8:

Cau 9:

Céau 10:

Thé tich V cua khéi t dién déu c6 canh bang a

3 3 3 3
A.V:ﬁa . B.V:ﬁa . C.V:*/g”‘ . D.V:ﬁa .
12 12 4 4

Cho khéi chop tam giac déu S.ABC c6 canh dy bang a, goc giita mat bén va mit day bang
60° Tinh thé tich V khdi chop di cho.

3 3 3 3
PRVELCY gv-3V3 cy_aV8 p.v -3V

48 8 24 16

Trong tit ca céc hinh chép tam gidc déu cd canh bén bang a~/3 , khdi chdp co thé tich 16n nhét
la

3 3 3 3
NRE g v_a2 cv-aV6 p.v =22
2 4 2 2
Thé tich V' cua khéi chép tam giac déu ¢ canh day bang a va canh bén gap doi canh day
3 3 3 3
A.V=‘/112a. B.V=€a. C.V=\/1Tia. D.V=\/1Tfa.

Cho khéi chop tam giac déu S.ABC c6 canh day bang a, goc giita canh bén va mat day bang
60° Tinh thé tich V khéi chop di cho.

3 3 3 3
av-EV3 g v =23 cv-a% p.v=&¥

12 4 36 6

Khéi chép tam gide d&u c6 canh bén bang 2+/3a va thé tich bing 4+/3a%. Tinh chidu cao h cua
khéi chop da cho.
4a/3 4a/3

A. h=+/3a. B. h= 5 C.h=2a,. D.h= 5

Trong tat ca cac khdi chop tam giac déu S.ABC c6 khoang cach tir A dén mat phéng (SBC)

bing a+/3, khdi chdp co thé tich nhd nhét 132

3 3 3 3
A \/§2a. B.af. C. 36‘5‘ . D.af.

Khéi chop tam gidc déu c6 canh ddy bing 2+/3a va thé tich bing 4a®. Tinh chiéu cao h cua
khdi chop da cho.

A. h=43a. B.h=4a*@. C.h=4a, D.h=2a‘@.

3 9

Cho khéi chép tam giac déuS.ABC . GoiM, N lan luot 13 trung diém cua cac canh SB,SC . Biét
mat phang(AMN ) vudng géc véi mat phang (SBC), dién tich tam giac AMN bing /1022,
Tinh thé tich V caa khéi chop di cho.

8/5a° 8a°\/5 8/5a°

A. . B. . C. 8/5a°. D. .
3 9 V5 27

Thé tich V' ciia khéi chép tir giac déu c6 tat ca cac canh déu bang 4.
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Cau 11;:

Cau 12:

Céu 13:

Céu 14:

Céu 15:

Céau 16:

Cau 17:

Céau 18:

3 3 3
*Ea . B.V:‘/ia . C.\24. D.V=‘/§2a .

AV =

Tinh thé tich V' caa khéi chop tir giac déu c6 canh day bang @, canh bén c6 do dai gap do6i canh
day.

3 3 3 3
A.V:\/Eza. B.V:‘féa. C.V=‘/Tga . D.V=\/172a .

Cho khdi chop tam giac déu S.ABC ¢6 canh day bang a. Goi M, N lan luot 13 trung diém céc
canh SB,SC . Biét mat phang (AMN )vudng goc véi mat phang (SBC). Tinh thé tich V cua

khdi chop da cho.

A 35 g, V15 c &5 p, &VI5.
24 24 8 8

Thé tich V' cua khéi bét dién déu c6 canh bang a.

A. \/ia3_ B. */éas. C. \/§2a3. D. ‘/ias.

Tinh thé tich V cua khéi ti dién déu ABCD , biét khoang céch tir A dén mit phing (BCD )
bang 6.

_9V3 cy 23

D.V =27J3.
2 2 V3

A.V =53 B.V
Mot vién d4 hinh dang khéi t dién déu canh bang a. Nguoi ta cat vién da bai mat phang song
song véi mot mat cua khdi tir dién dé chia vién da thanh 2 phan cé thé tich bang nhau. Tinh d6
dai canh X cua phan cit ra c6 hinh dang khéi tir dién déu.

a a a a
A X=—. B. x=—. C. Xx=—. D. x=—.
2 2 2 32

Mot vién d4 hinh dang khéi t dién déu canh bang a. Nguoi ta cat vién da bai mat phang song
song voi mot mat cua khoi tir dién dé chia vién da thanh 2 phan c6 thé tich bang nhau. Tinh dién
tich thiét dien S cua mat cét.

2 2 2 2
A,S=\/§a , B,sz\/ga ) C.szﬁ_a. D_5=‘/§_a.
16 8 434 432

M0t vién d4 hinh dang khdi t dién déu canh bang a. Nguoi ta cit vién d4 bai cac mat phang
song song véi mat cua khéi t dién dé chia vién da thanh 5 phan, trong d6 ¢6 4 phan Ia céc khbi
t dién bang nhau, tong thé tich cua 4 khéi tir dién ndy bang mot nira thé tich cia vién da ban
dau. Tinh d6 dai canh ctia 4 khéi tar dién do.

a a a a
A x=—. B. x=—. C. x=—. D. x=—.
2 2 4 ia

Cho khéi tir dién déu ABCD c6 canh bing a. Goi M, N, P,Q lan luot I trong tm céc mat cua
khi tir dién da cho. Tinh thé tich V caa khéi tir dien MNPQ .

\/Eas \/Eas \/Eas \/Eas

A . B. . C. . D. .
12 108 324 81
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Cau 19:

Céu 20:

Céu 21:

Cau 22:

Céu 23:

Céau 24:

Céau 25;

Céau 26:

Céau 27:

Céau 28:

Cho khdi tir dién déu ABCD c6 chiéu cao h. Tir ba dinh A B,D cua ta dién nguoi ta cit ba
khdi tir dién déu c6 cuing chiéu cao " Biét rang thé tich cua khéi da dién con lai bang mot nia
thé tich cua khéi da dién ban dau. Ménh dé nao dudi day dang?

h h h h
A h=2. B.h'=—. C.h=——. D. h'=—~.
3 36 22 33

Cho hinh chép tam giac déu S.ABC c6 canh day bing a, goc giira canh bén va mit day bang
60°Goi A’;B’;C lan luot 1a cac diém ddi xuéng véi A;B;C qua S . Tinh thé tich caa khéi bat
dién c6 cac mat 1a ABC; ABC ; ABC;ABC;ABC;ABC ;BAC;CAB’;

24/3a° 4/3a° a’\3

AV = . B.V =2/3a%. C.V = . D.V = .
3 3 2

Tinh thé tich V caa khdi chép luc giac déu co canh day bang a, canh bén gip d6i canh day.

3 3 3 3
Av=2 Bv=2. cv=-2 p.v-2

2 4 2 2
Kim tu thap Ai Cap duogc xay dung vao khoang 2500 nam trugc Cong Nguyén. Kim tu thap nay
la mot khéi chop tir giac déu co chidu cao 147 m, canh day dai 230 m. Thé tich cua khéi chop
do la
A. 2592100 m®. B. 7776300 m. C. 2592300 m*, D. 3888150 m®.

Mot vién da hinh dang khéi chop ti gidc déu tat ca cac canh bang nhau va bang a. Nguoi ta

khdi da boi mat phang song song véi day khdi chop dé chia khdi da thanh 2 phan cé thé tich

bang nhau. Tinh dién tich S cta mat cat.
2a’ a’ 2

A S=2 B.S=——. C.5=2_. D.s=2.
V3 2 N 4

Tinh thé tich V cua khdi chop tir giac déu ¢ canh day bang a va mit bén tao véi mat day goc

60°

a2

3 3 3 3
Av-_3Y6 gy _ 26 cy-3 Dy =26

2 3 6 6
Thé tich V cua khéi chop tir gidc déu co cac canh déu bang a

3 3 3 3
A, Yor g Y20 c. Y2 p, Yer
2 6 2 6

Tinh thé tich V' cua khéi chop luc giac déu S.ABCDEF ¢6 AB=3,SA=5.
A.V =453 B.V =183. C.V =543, D.V =153

Tinh thé tich V caa khdi chop tir giac déu co canh day bang a va canh bén tao voi mit day goc
60° .

3 3 3 3
A.V:a;/g. B.V:a;/g. c.vz%. D.V:ag/g.

Khéi tir dién déu ABCD c¢6 thé tich V . Khdi bat dién déu c6 cac dinh 1a trung diém cac canh

!

ciia khéi tir dien ddu c6 thé tich V', Tinh ti s6 %
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Cau 29:

Céu 30:

Cau 31:

Cau 32:

Céau 33:

Céau 34:

Céau 35;

Céau 36:

Céau 37:;

ALl B L-1 c.L.2 p. L-1.
Vv 2 vV 8 vV 8 V 4

Tinh thé tich V cua khéi chép tir giac déu co tat ca cac canh bang nhau va dudng cao mit bén
bing a3 .
a3\/5 4a3\/5 a3x/§

A V=a42. B. V= . C. V= : D. V= .
V2 6 3 9

Ngudi ta got mot khdi 1ap phuong co thé tich V' dé duoc mot khéi bat dién déu (tuc 1a khdi co

cac dinh & tm cac mat caa khdi 1ap phuong d6) c6 thé tich V'. Tinh ty sb % .

AVY_1 BV _1 cv_1 pvY_1

Vo 4 V 6 vV 8 Vv 12
Cho khdi tir dién déu ABCD.Goi M, N, P, Q lan luot 1a trung diém cac canh AB, BC, CD
, DA . Biét tir gihc MNPQ c6 dién tich bang 1. Tinh thé tich V cuia khéi tir dién déu da cho.

a vy Bv-22 oy p. v Y11
24 3 24 6

Mot khdi chop tam giac déu co canh bén bang b, chiéu cao & . Tinh thé tich V cua khéi chop
tam giac déu da cho.

A. Vzﬁ(bz—hz)h. B. Vzﬁ(bz—hz)b.
4 4

C. V=£(b2—h2)h. D. V=£(b2—h2)b.
8 8

Trong tét ca cac khéi chop tir gide ddu c6 canh bén bang 2a+/3 , khéi chop co thé tich lon nhét
la?

3
A. 323“ . B. 2324°. C. 6:24% D. 324°.

Cho khéi chop ttr gidc déu co canh bén bing 2+/3 , tinh do dai canh d4y khi khdi chdp ¢ thé tich
Ién nhét.
A 3. B. 24/3. C.4. D.2.

Trong tat ca cac khdi chop ta gidc déu S.ABCD c6 khoang céach tir A dén mat phang (SBC)
bing 2+/3 . Khéi chdp co thé tich nhé nhét 132

A. 18. B. 54. C.9. D. 27.

Cho khdi chop tam giac déu S.ABC ¢ tat ca cac canh bang 16 . Xét hinh chit nhat MNPQ noi
tiép day ABC voi M,N e BC, Pe AC, Qe AB. Thé tich khéi chép S.MNPQ c6 gia tri Ion

nhat 13?
A 5122 | 5 5124/6 | c 512J§. o 51243 |

3 3 3 2

Cho khéi chop tam giac déu S.ABC c6 canh day bang 2. Goi M,N lan luot I trung diém cua
SB,SC. Tinh thé tich V cua khdi chop biét CM L BN .
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Céu 38:

Cau 39:

Cau 40:

Céu 41:

Cau 42:

Céau 43:

Cau 44:

Céau 45;

A Y26 B. /26 c.@. p. Y26
3 6 2
X - 7 Y A 2Lk 0 _z N \ < s 2 4z a3\/5 , Y
Cho khoi chop tir giac déu co tat ca cac canh bang nhau la a va co6 thé tich . Tinh chiéu
cao h cua khdi chép tir giac déu di cho.
A.h:%. B.h:#. C.h:%. D.h:?.

Cho khdi chop tir gidc déu S.ABCD c¢6 canh day bang a. Goi M,N lan luot 1a trung diém céc
canh SC va SD . Biét mit phang (ABMN) vudng goc véi mat phiang (SCD). Tinh thé tich v
cuia khdi chop di cho.

2 2 3

A V= . B. V= . . . D. V=
6 3 3 6

Cho hinh chép tir gidc déu S.ABCD. Goi M,N lan luogt 1a trung diém céc canh SC va SD .
Biét mat phang (ABMN) vudng gdc véi mit phang (SCD), dién tich tw gidc ABMN bang
234 Tinh thé tich V caa khéi chop di cho.

16a°/3 324°\3

3 3
:3251 . B.V=32a . C V- . D. V= .
9 3 9 3

AV

Trong céac hinh chop tam gidc déu c6 khoang cach giita hai duong thang SA va BC 1a d . Khbi
chop co thé tich nho nhat 1a?

3 3 3
A . B, V3 c. L D, 2¥34_
3 3 9
Goi V,,V, lan luot 12 thé tich tir dién déu canh a, khéi bat dién déu canh a. Tinh ti s6 %
2
ALy B L_L c. iy p. i 1
v, v, 2 v, v, 4

Cho khéi chop tam giac déu c6 chiéu cao 1a 6a, khoang cach gitta hai duong thang SA,BC 14 a
. Thé tich V caa khéi chop la
3 3 3 3

A.V=27“‘/§. B.V:slaﬁ. C.V=81“‘/§. D.V:27a\/§.
10 40 10 40
Cho tir dién déu canh a. Goi k la tong khoang cach tir mot dieém trong cua khoi tir dién 1én cac
mat cia nd. Tim ménh dé ding.
4a\/g 211\/3

a6 a6

A h=——m1. B. h=———. C. h= . D. h= .
3 12 3 3

Cho khéi bét dién déu canha. Goi # 1a tong khoang cach tir mot diém trong cua khdi tir dién 18n
cac mat ciia nd. Tim ménh dé dung.
4a\/g 211\/3

a6 _ a6 C.h= . D. h= .

A h=—. B. h= .
6 12 3 3
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Cau 46:

Cau 47:

Cau 48:

Cau 49:

Céu 50:

Cau 51;:

Céau 52:

Tim Trong cach khdi chép tam gidc ddu S.ABC c6 canh bén 1a 2+/3 , khdi chop cé thé tich I6n
nhat 13

A.%. B.%. C. 4/3. D. 26

Trong cach khoi chop tam giac déu S.ABC ¢6 khoang cach tr A dén (SBC)la 3, khoi chop c6
thé tich nho nhét 1a

Al 8 2 c V3 b 33
8 2 2 2

Cho khéi chdp tir giac déu S.ABCD c0 tat ca cac canh bang a. Goi A',B',C',D" lan luot 14 cac
diém dbi xung cua A,B,C,D qua S . Tinh thé tich V cua khdi da dién c6 sau mit
(ABCD),(A'B'C'D'),(BCA'D'),(ADB'C’),(CDB'A’),(ABD'C').
3 3
42a — 824 |

A. V=224, B. V=+24. C.V= - .

Mot khéi bat dién déu canh a. Ngoai tiép bat dién déu boi mot khdi lap phuong sao cho cac dinh
ctia khdi bat dién déu 14 tam cac mat caa khéi lap phuong. Tinh thé tich khi 1ap phuong.

224 a2

A V= T B. V =224°. C. V=424, D. V= o

Cho khoi tir dién déu (H) c6 canh bang 1. Qua mdi canh cua (H )dung mot mat phang khong
chua cac diém trong cua (H)va tao voi hai mat phang cua (H) di qua canh d6 nhitng goc bang
nhau. Cac mét phang nhu thé gioi han mot da giac (H'). Tinh thé tich cia (H').

A V2 g V2 c V2 o 22
4 6 3 3
Khéi tir giac déu co tat ca cac canh bang 1. Khéi lap phuong c6 mot mat nam trén mit day cua
khi chop tir giac déu va tat ca cac canh con lai cia mat ddi dién nam trén cac mat bén cua khoi
chop tir gidc déu. Tinh thé tich V' cua hinh lap phuong.
52 -7

A V=5/-7. B. V=6J3-10. C.V= - D. V=

Mot khéi tr dién déu (H) c6 canh bang 1. Khoi lang try tam gidc déu co tat ca cac canh bang

643 -10
==

nhau, 6 mét day ndm trén mot mat cua khoi t dién (H )va tat ca cac canh con lai cua mat doi
dién nam trén cac mat con lai cua khéi tir dién (H). Tinh thé tich cua khoi lang try tam giéc déu
do.

Ay 2N2-223 g v 456 -58Y3
6 686
c.v:M, D_V:%T—zz_

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2092 | 6



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Cau 53:

Céu 54:

Céau 55:

Céau 56:

Cau 57;

Céau 58:

Cau 59:

Tur mot miéng tén hinh vudng canh 50 cm, nguoi ta cit di bén tam

giac can bang nhau MAN , NBP, PCQ, QDM sau d6 go cac tam h . 7
giac can ABN, BCP, CDQ, DAM sao cho cac dinh M N, P, Q
tring nhau dé dugc khi chép tir giac duué. Khdi chdp tir gidc déu co o .
thé tich 16n nhat la

Cc
A 19625 o B. 1262 (e C. —400(;\/5 cm3. ¢ P

D. —400(;m cmd,

Cho khéi chop tam giac déu S.ABC c6 d6 dai canh day bang a, mat phang chira BC va vudng
2

goc voi SA cat khéi chop theo mét thiét dien co dién tich bang QZ. Tinh thé tich V cua khdi

chop da cho.
3 3 3 3
A.V:ﬁa . B.V:ﬁa . c.v=2. D.Vv=2L
24 12 36 72

Cho khdi chép tam giac déu S.ABC c¢6 goc gitra mat bén va mat day bang «, khoang cach tur
A dén mgt phang (SBC) bang 3. Tinh tana, khi thé tich khéi chép S.ABC dat gia tri nho

nhat.

A. tanaz%. B. tana:%. C. tana:\/z. D. tana =3.

Tir mot tam ton hinh vudng c¢6 canh biang 1++/3, ngudi ta cit tAm ton theo cac tam giac can
béng nhau MAN, NBP, PCQ, QDM sau d6 go cac tam giac can ABN, BCP, CDQ, DAM
sao cho cac dinh M, N, P, Q tring nhau dé dwoc khdi chop tur giac déu. Biét goc ¢ dinh cua
tam gi&c can bi cat di 1a 150°. Tinh thé tich V' khdi chép tir giac déu tao thanh.
We+s2 g, 2 coy_32e3s 2
24 3 24 9

A V=

Tur mot tim ton hinh vudng c6 canh bing a, nguoi ta cit di bén tam gidc can bing nhau
MAN, NBP, PCQ, QDM sau d6 go cac tam giac can ABN, BCP, CDQ, DAM sao cho cac
dinh M, N, P, Q trung nhau dé dugc khdi chdp tir giac déu. Khéi chop ta giac déu ¢ thé tich
I6n nhat 132

3 3 3 3
A L B. L. C. 4104 . D. 4104 .
48 16 375 125

Mot khéi chop tir giac déu S.ABCD ¢ m la tan goc gitta canh bén va mat day. Nguoi ta ting
canh hinh vuéng mat day gap doi nhung mudn giit nguyén thé tich khdi chop nén da thay doi
ddng thoi chiéu cao cho phl hop. Hoi gid tri cua m thay d6i nhu thé nao?

A. Giam 2 lan. B. Tang 2 lan. C. Giam 8 lan. D. Tang 8 lan.

Khéi tir dién déu (H) c6 canh bang 1. Khoi lang try tam gidc déu c6 mét ddy nam trén mot mat
cia khoi tir dién (H) va tat ca cac canh con lai ciia mat day doi dién nam trén cac mat con lai

ciia khéi tir dién (H). Tinh thé tich I6n nhat cua khoi lang try tam gidc déu do.
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Cau 60:

A.Q. B.ﬁ. V2 V2

27 48 S 18 16
Khoi tir dién déu (H) c0 tat ca cac canh bang 1. Khéi hop chix nhat (H') c6 mot mat nam trén
mat day cua (H) va tat ca cac canh con lai cia mat day d6i dién nam trén cac mat bén cua (H)

Tim thé tich I6n nhat cua (H').

A. 5J2-7. B.&. C.&. D.ﬁ.
27 27 27
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BANG DAP AN

1.B 2.C 3.A 4. A 5. A 6.C 7.A 8.B 9.A 10.B
11.D | 12.A. 13.B. 14.D. | 15.D. 16.C 17.A. 18.C 19.B 20.A
21.D 22.A 23.C 24.C. 25.B 26.B 27.D 28.A 29.C 30.B
31.B 32.A 33.A 34.B 35.A 36.A 37.A 38.C 39.D 40.A
41.C 42.D 43.D 44.A 45.C 46.C 47.B 48.B 49.B 50.A
51.A 52.C 53.C 54.A 55.A 56.B 57.C 58.C 59.A 60.B

HUONG DAN GIAI CHI TIET

Caul: ChonB

Goi H 1a tam cia tam gidc déu ABC . Tac6 SH L (ABC) va BH = %AE = %aﬁ = ga :

SH =+/SB*> - BH? =§a.

1 1 V6 ,\3 2
VSABC :§SH’SABC zgﬂ?ﬂZT:ECP.
Cau2: ChgnC
Tacd ((SBC);(ABC))=SHG =60° = SG = GH. tan 60° = %.\/5 =3
2 3
Vay V, =15, SG=L2N3a_2a V3

3 T4BC 374 2 24
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Cau 3:

Cau 4:

Chogn A

B
Xét hinh choép tam giac déu S.ABC c6 canh bén SA =a+/3 , canh day AB=x.

9> —x*
3

2
Taco SA* =SG*> + AG? :5@:\/3a2_% :\/

2 22
Do d6 V:%,x f.1/9a 3 X :%.xle%z—xz .

Xétham sb f(x)=x7v9a* —x* trén (0;3a).

3 2 3
f'(x) D _18a°x-3x

Joa? - x? - Joa? —x? .

x=0

f’(x)=0<:>L:a\/g.
£(0)=f(32)=0, f(avo)=6a’\3.
a3\/§.

Vay thé tich khdi chép 16n nhat 1a V = %.6613 3=

2

Chon A
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SH =+/SB*> -BH* = @a.

1 1 433 ,3 11,
VSABC ZESH'SABC = 35!7.61 —:E .

Céaub5: Chon A

B
Ta co (SA;(ABC))=SAG =60° = SG = AH.tan60° = @@ =a.

R 1 123 &3
Vay VS.ABC:§’SABC’SG:5’ 1 A= 7 .

Cau6: ChonC

Goi x la d6 dai cac canh day cua tam giac ABC . Dién tich tam giac ABC la B =

V332
o

3V _484°

x2

= h.x* =484 ().

v=lBi=n
3

3

Goi G la trong tdm tam gidc ABC = SG L(ABC)= ASGA vudng tai G , AG=—=

2
= h=5G=NSA*~AG’ =120 - =k’ = " =3(12¢* - I ) 2).

Tu (1) va (2) 16a° -12a°h+h* =0=>h=2a.
Cau7: ChonA
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Cach 1: Goi I la trung diém cila BC. Khi d6 d(A,(SBC))= AH =a+/3
Goi canh cta tam giac déu ABC la x(x > 0) = Al = i ;AO=0B= \3{5

Tam giac SOI dong dang véi tam giac AHI nén ©O_5 ma IH = 3 x* —3a°
IH IA 4

IOIA x?
IH  2{3x*-124"
Xét tam gidc SOI vudng tai O ta co:

2 2 2
SO=+JSP-0I” = \/ _3x =\/(3 oo xa

(3 -124° ) 36 x2—12a2) 32 —124%

1 xa 23

Vy thé tich khéi chép V ==S0.S,,. =~ .
> PR T e e 4

=Sl =

X 2

12 4

Vay khdi chép co6 thé tich nho nhat 1a

Xét ham s f(x)

NI&

3 trén khoang (2 4) ta cO min f(x) = f( )_

23
2

QJI»—\

Cach 2: Goi « 1a goc tao boi mat bén va day (ABC) .

Goi O latam tam giac ABC.

Goi I 1a trung diém ctia BC = gdc SAI bang « .

Goi H 1a hinh chiéu vuéng goc cua A 1én SI = AH L (SBC)

= d(A;(SBC)) =
Xeét tam gi&c vudng AHI taco : sina :ﬁ: Al = a\/g = BC= _Za .
Al sina sina
Suy ra OI=1AI= aﬁ ; SO=0l.tana = a3 nén suy ra
3 3sina 3cosa
1 1 a3 1 21 a3 1

1%

S.ABCD

a
=—S50S5,,. == =— S
3 3 3cosa 251na sinad 3 cosa—cos’a

PEV_ o f(a) =cosa —cos’ a,a € (o;%j dat gia trj 16n nhat.

Dit t=cosa =t e(0;1)= f(t)=t—t= f'(t)=1-3t* =0

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 12



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

V3 5

3
. Suy ra maxf(t) = f[—} =——Vay V__ :%.% :7{1

crosV
3
Caus8: ChonB
2
Dién tich tam gidc day 13 B = %.(zﬁa) 5in60° = 3v/3a2.

3V 124° 4\/_ 3a

N

Ta c6: V—gBh =h=

Cau9: ChonA
Goi H la tAm ciia tam gidc ABC = SH 1 (ABC)
Goi I 1a trung diém cta BC . Goi ] = MN NSI ,
Gia sit AB=x. Theo gia thiét A] LSI va | la trung
diém cua SI nén tam gid&c SAI cin tai A

3

jSBZSAZAI:T

Tam giac SBI vudng tai I
2 2
L ST=\SB B = || X3 | _[X _x2
2 2 2
Taco MN =2;
2
S = ]AMN—% p %—azf:x 4a

2
Tam giac SAH vudng tai H = SH = JSA?— AH? = \/(201\/5)2 _(%J _ 2a\3/ﬁ

1 12015 (4a) V3 8225
V=—SHS,, =-. . _ .
3 37 3 4 3

Cau 10: ChonB
Gia sir S.ABCD la khéi chop ti giac déu, O la tam cua hinh vuéng ABCD.
Khi do:
S, =a,

ABCD

h=S0=+SA? - AQ* =

Caull: ChonD
Gia sir S.ABCD la khdi chdp tir giac déu, O la tam cua hinh vuéng ABCD.
Khi d6: S a,

ABCD

2
3
N N R RN

a2 1 1,a2 22
= = 25 :§a .

6
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Cau 12:

Céu 13:

Céu 14:

Céu 15:

Chon A

Goi H 1a tim cia tam gidc ABC = SH 1 (ABC)

Goi I 1a trung diém cia BC = Al = #

Goi J=MNANSI , Theo gia thiét A] LSI va | la

trung diém cua SI néntam giac SAI cantai A Khido,
a3

SA=]A=——
2

Tam giac SAH vudng tai H

2 > |l av3 ’ a ’ _av15
= SH =+/SA" - AH —\/[—2 j —(—ﬁj =%
1 1 av15 .a2\/3 _a’N5 |

V==-SHS, =-—.
3 4B 37 6 4 24

Chon B

Gia st SABCDE la khéi bat dién déu c6 canh bang 4 va O |a tim cua hinh vuéng ABCD.
Khi do:

S a’,

ABCD —

SO =+SA* - AO* =

=V

SABCDE —

2V

S.ABCD — T 3

Chon D
Gia st ABCD la khoi tir dién déu canha va c6 khoang cach tir A dén mat phang (BCD)
bang 6, O lathm cua tam giac BCD .

:>V=lS
3

AO =

BCD*

Chon D

Thé tich vién déd ban daula V =
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V23

Phén cit ra c6 hinh dang khéi tir dién déu canh bang x c6 thé tich V' = -

\/Exs \/Eas

a
= Sx=—
12 24 P2

Theo gia thiét, taco V' =% =

Cau 16: Chgn C

3
Thé tich vién d4 ban daula V = JEZ” .

3
Phin cét ra c6 hinh dang khdi tr dién déu canh bing x c6 V' = ‘/152" .

NSNS a

2 224 ' TH

3 ZE(LT REL
4 432) 4la

Theo gia thiét, taco V' =% =

Do d6 dién tich mat cat1a S =

Céu 17: Chon A

Goi d6 dai canh cua 4 khoi tir dién nho 13 x, thé tich ciia mdi khoi nho nay 1a

3 3
Theo gia thiét ta co 4(\/15296 ]zl(ﬁa J@xz

12

NOY
12

N2

2

Cau 18: ChgonC

_ 1443 a\/gzan/E

3 4 3 12

2
s =1 */§,h=

BCD 4

= Vo = "5 T34

Cau19: ChonB
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Goi O 1a thm ciia ABCD = AO 1 (BCD). Gia sit AB=1x.

2
2 3 3
Xét AABO c6 = h* =x*— & :&:xzﬁh,Tacé VABCD=\/§_x:\/gh )
3 3 2 12 8
5 . fon aa an A VY
Tuong tu, the tich 3 khoi t&r dién déu chiéucao h' va V'=3 s |

3
Theo gia thiét, ta co V' = % ShP = % <h'= n

%

Céau 20: Chon A

2 3
Thé tich V ctia khéi batdiénla V =8V, . = 8[%_“ 3 'L.\/gJ _ 2«/3561 _

4 3

Céu 21: ChonD

Ta co: S=6[

3 :3\/5112
4 2

Do dai chiéu cao ciia khdi chop h = (Za)2 —a* =a3.

2 3
1 1334 .af:%.

Khi d6, thé tich V cta khdi chop luc gidc déula V = 5s.h =3

Céu 22: Chon A
Dy Ia hinh vuong canh dai 230 m nén di¢n tich ddy 1a S = 2307 = 52900 (m* ).

Thé tich khéi chép 1a V = %.S.h = %.52900.147 =2592100(’ ).
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Cau 23:

Céu 24:

Cau 25:

Chgn C
Taco SO L (ABCD)

2
Xét ASOD co SOzstZ_ODZZaz_(ﬂ22J:a

2

L s0-n2

2

1 1 +2 2

V:VS.ABCD :g‘SO'SABCD 25.7a3 =?a3. .
Phén cit ra c6 hinh dang khéi chép tir gidc déu S.MNPQ c6 tit ca cic canh bang x co thé tich

3 2
V'= V2 .Taco V'zzaﬂf :£a3 o x=-L Diéntich S ctamitcitla S=2—.

6 2 6 12 2 ia

Chgn C

Xét khdi chop tir giac déu S.ABCD, goi O 1a tam giao diém AC va BD, M 1a trung diém ciia AB. Ta
c6 SO L (ABCD). Géc tao boi mit bén (SAB) va mit day 1a SMO = 60°.

Taco SO = MO.tanSAC = %.tan60° — % .
Thé tich khdi chop S.ABCD la

3
V:%.S so=1 2“*2/5 ‘“/5.

SO==—a".—=
ABCD 3 6

3
TYPS: Goi « 1a géc tao bdi mat bén va mat day, taco V = %tana .

Chon B

Xét khdi chop tir gidc déu S.ABCD ¢6 AB=a
, SA=a.

Goi O=ACNBD, tacé SO L(ABCD).

SO =+SA*-0A* =

Thé tich cua khdi chop S.ABCD la
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\V4 1 2&_5’3\/5
5 .

==
S.ABCD “2 ABCD
3 6

SO :1.11
3

Céu 26: Chon B
Goi O 1a tam luc gidc ABCDEF . Tacé: SA =SA? ~OA? =+/SA> — AB? =4 .

Thé tich khdi chop 1a V = %.so.v 1.4.6.%.32 ~1843.

ABCDEF —
3

Céau 27: ChonD

B/ c
Xét khoi chop tir gidc déu S.ABCD, goi O la tim giao diém AC va BD. Tacé SO L (ABCD). Goc

a2 a\/g

tao boi canh bén SA va mat day la SAO =60°. Ta c6 SO = AO.tanSAC = T.tan60° = -
Thé tich khéi chop S.ABCD la

v-1s Sozlazﬁ:fﬁ
3' ABCD* 3 ° 2 6

a2
6

TYPS: Goi « 1a gbc tao bdi canh bén va mat day, taco V = tana .

Céau28: Chon A

3
Goi d6 dai canh cua tir dién déu 13 a, suy ra thé tich khéi t dién déu V = “éi .
3
1 G-
Taco MQ==-AD= 2 1a d6 dai canh cta bat dién déu. Suyra V' = 3 = 4
Vo1
Viy — ==
Y =5

Cau29: ChgnC
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[)
B M c

V3

Theo gia thiét tacé ASBC déuva SM =av/3 = Bc.7 = BC =2a . Mitkhac OM = %CD =g nén

tr tam giac vudng SOM = SO =+ SM?* —OM?* = a\/g ’ 2 =a\2.
4fa

Vay thé tich khdi chop S.ABCD 1a V =3 ( ) a2 =

Céu 30: ChonB

3

Goi canh hinh 1ap phuong 13 a. Suy ra thé tich khéi 1ap phuong 1a V =a°.

Tacd E]_ZAB_Z \/5—i 1a canh ctia bat dién déu.

w2\ 5
, 2 2 Y4
SuyrathétichV’:T:Z néentacdé — ==

Cau 31: ChonB

Do ABCD la tir dién déu nén MNPQ Ia hinh vudng.
Do dién tich MNPQ bang 1 nén MN =1 = T dién déu ABCD c6 do dai cac canh bang 2 .
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Thé tich khdi da dién — Hinh hoc khdng gian

Goi I 1a tim dudng tron ngoai tiép tam giac BCD tacod V = %AI.dt(BCD) :

2
dt(BCD)=2f=\/§, Al=+JAB*—BI” =

12J6 7 242
33 P

Vay thé tich cua tr dién ABCD l1a V =

Céau 32: Chon A

Gia str hinh chop tam giac déu la A.BCD.

: L . , 1
Goi [ la tam duong tron ngoai tiép tam giac BCD taco V = EAI.dt(BCD) .

BI =b* —h?  ma BIzBC%:BC:BI\/g:\/SbZ—ShZ .

dt(BCD) = Bciﬁ ( )J_ V= ‘{;( 1)

Cau 33: Chgn A

2 2.2
Goi ¢ dai canh dy 1a S.ABC ,tac6 S=x* va h= J(zaﬁ)2 —(%] - @ -

X% +x% +48a* - 2x7 T
324°

Sh_ x*\[24a” - \/ (4847 -24%) B \/[ 3
3 3[ 6 B 6 3

Déu bang dat tai x* =484° —2x*> < x =4a.

Dodd V =

Cau 34: ChonB
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2
Goi canh déy 14 x(x > 0) khi d6 chiéu cao hinh chép SO =/SD? —OD” = /12 —% . Thé tich khdi

2
chop Vi o =%.SO.SABCD =%.4/12—%.x2 =$\/24x2 —xt =$\/144—(x2 ~12) <242

Vay thé tich khéi chop 16p nhét bing 2+/2 khi x> —12=0= x=24/3 ,
Céau 35: Chon A

Goi H 1a tim mjt ddy va a 1a d¢ dai canh déy. Ta c6 khoang cach tir H dén mjt phang (SBC) la

d 1 1 1 1 1 4 4 1241
d, =—42={3va—=—+ St D=
) V3 d, B (g 3 Kh & -3 h -3
2 3’
oy Sh_h_ 4w
3 W -3
x =0(loai)
. 4h* - 36h° A1 A 2 1 X
Co f(h)y=————F=0<|x=3 Lap bang bién thién suy ra thé tich nho nhat f(3) =18
2
(h -3 x =—3(loai)
Cau 36: Chon A
A Q B
P M
N
C

2
Tac h—Jlez[z 16”’} AL
o .

3

Pt MB = NC =x = MQ = NP = xtan60° = /3x, vd MN = BC~ MB~NC =16-2x.
Do d6 S =MN.MQ =+/3x(16 - 2x).
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Thé tich khdi da dién — Hinh hoc khdng gian

Céu 37:

Cau 38:

Céau 39:

\/gx 16 —2x % 32x(8 — 2
174 :%: ( ) = x( x)\fs Slzﬁ.Déubéng dat dugc tai x =4 .
3 3 3 3
Chon A

Goi O,G lan lugt Ia trong tAm cita tam gisc ABC,SBC, I la trung diém BC.
Piat SA=SB=SC=x.

2 2 2
Taco: CG* =BG? =§.BN2 :g[x +4 x J X +8.

2
Tam gi4c BGC vuéng tai G nén GB? + GC? = BC? < 2.5 9+8 =4 x=410.

3 2 3 3

2
s0-2a1-228. 28 50 5720 - - 22

2
S —¥:\@suyraV:%SO.S _;'\/;_8.\/—:\/5_6.

AABC — AABC — A
ChenC
3 {ZS\E f
Tacé:V:laZ.hchzﬂ: 6 =u.
3 a’ a’ 2
Chon D

Goi I,],K lan luot 1a trung diém cua cac canh AB,MN,CD va O la tdm hinh vuéng ABCD.
Taco: | la trung diém cia MN va IK 1a hinh chiéu cta I] trén mat phang (ABCD).
Ma IK LCD=1] LCD=1I] L MN.
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Cau 40:

Cau 41;

Xét tam giac SIK ¢6 IJ,SO la cac duong trung tuyén dong thoi 1a cac duong cao nén nd 1a tam giac

3
déu c6 canh IK = BC = a:>SO—i Taco: V, pop = §.a2.§=ag/§.

Chon A

Goi I,],K lan luot 1a trung diém cia cac canh AB, MN,CD va O la tam hinh vuéng ABCD .
Taco: | 1a trung diém caa MN va IK 1a hinh chiéu cta I] trén mit phang (ABCD).
Ma IK LCD=I] LCD=I] L MN .

Xét tam giac SIK c6 IJ,SO la cac dudng trung tuyén dong thoi 1a cac duong cao nén no 1a tam gidc

[

deucocanh IK=BC = x(x>0):>SO—

2
/3 o 2\3a% = 3\/§x Sx= 4”;/5

Taco: S, :%(AB+MN)'I]©2\/§£12 :%()H_g}?

4a\/_
Ly 1 411\/_ 3 _ 324’
S.ABCD 3 3 2 9 )

Chon C

Goi la trong tim AABC tac6 SO L (ABC).

Goi M,N lan luot 1a trung diém cia BC,AB.Ta c6
BC L(SAM) tai M.

Dung MK 1 SA tai K tac6: KM la doan vudng goc
chung cia hai dudng thing SA va BC va
d(SA,BC)=MK =d.

bat AB= x(x > O) . Dung OILSA tai
I=0I= 2MK = %
3 3
Tacd: OA== AM_Zizﬁ.
3 3 2 3
Xet tam gidc SOA vuong tai O c6 duong cao
1 1 1

Ol >

= +
OI° 0OA* 0S?
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Thé tich khdi da dién — Hinh hoc khdng gian

2d x\/g
OLOA 33 _ 2dx3 [x>2d\/§J

Joar-or \/xZ_éMZ eV 3
3 9
123 2dx/3 dx®
Taco: V, e == : = :
3 332 —4d®  633x* —4d’
3
Khong mét tinh tong quat, dat d =1, ta co Vs e x—2= f(x) x> i
6N3x" —4

<085 =

3x2.6 3x2—4—6x3.72 XZ(JCZ—Z)
Taco: f'(x)= 23" —4 _ 0= x=12

36(\/3x2 —4)2 (\/3x2 —4)3

Bang bién thién:
X 7
‘f «E +o
f'(x) - 0 +
+o0 +m
f(x) /
1
3
;s d3
Vay V, .. nho nhat bang 3 khi x =~/2d.
Céach 2: bat BC=x,S0 =h, ta c6:
2 2
=i ,SA=~SO* +OA? = |W? + &.3 L
2 '3 3
2 21,2 2.2
Do dé: 2S,,,, = SO.AM = SA.MK nén NI PE - 5 G e
3, & 2d 124°H 3 3K
W - P (h>=)vaxl=—0oo" V., = = .
[ 3] (h>3) o —4d> = M 12 9p’ —4d
, NEYE L1 &
Xem d =1, xét ham so — h>=,taco: V >—=—
f() )/ 3 sanc = 3 3

\/_d

Dau bang dat tai 1=

Cau42: ChgnD

2 3 2 3
Taco: V, —1&. a’— w3 :a\/E va V2=2.1.a2. a’— & _aN2
3 4 3 12 3 2 3

J2a°
Yo 12 1
v NoY

3
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Cau43: ChonD

Dung hinh binh hanh ACBD, ta ¢

3

3

BC||(SAD) = d(BC,SA)=d(BC,(SAD))=d(H,(SAD))= Ed(G,(SAD)) =_GK=a.
suyraGk=22o 1 _ 1 1 aG-30 p 305
3 ~AG* KG* SG 25 10
2 3
Thé tich khéi chop 1a V =+ 28 \B.SG _27a ‘6.
3 4 40
Cau44: ChonB
3 2
Ta c6 thé tich cta khéi tir dién déu canh ala V = alf , dién tich moéi matla S = 4 f :
3a°\2 &
Taco v=1.5.(h1+h2+h3+h4):h=ﬁ=L=ﬂ.
3 S &3 3
4
Cau45: ChonC
3 2
Ta c6 thé tich ciia khéi bat dién déu canh ala V =2 f , dién tich mdi matla S=2 f .
3a°\2 &
Taco V=25(h +h+.h)=h=r =3 20O
3 S 23 3
4

Cau 46: Chon C

2

Goi canh déy 1 x (x> 0). Khi d6 dién tich ddy 1a S =" chidu cao cita hinh chép 1a
3(36—x*)
h=Y————= (x<6).
3
x? Xt )

7 , 2 2 [3(36 - \/..(36—35 ) ;

Thé tich khéi chép 1a V = Lsh =1 % V3 ( )= 2 2 M2 L5
37 3 4 3 6 6
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Thé tich khdi da dién — Hinh hoc khdng gian

2
Dau bang xay ra khi %:(36—x2)<:>x=2x/g.

A
Cau 47: ChonB
Goi canh ddy 12 x (x >0). Khi d6 GHz%,
C
A

Taco d(A,(SBC))=3d(G,(SBC))=3GK =3=>GK =1. 7
cé B

G e X -12 _GH® _ x
HK =\HG ~GK = |*—=  (x>23)= SH = HK_ NPT

Dién tich tam gidc SBC la S, _1 BC SH =

T

Dé thé tich khdi chop nho nhat khi dién tich tam gisc SBC nho nhat. Khao sat ham s

3
f(x)=——=—— x>23 ta thiy gid trj nh6 nhét ctia ham s6 dat dugc khi x =32
12

X —
. 1 1 x° 9
V?-y ManS ABC g.m.ﬁza
X —

Cau 48: ChonB

> | otn
]
|
|
|
\

Khéi da dién tao thanh 13 mot khdi hop chit nhat c6 day 1a hinh vudng canh a va chiéu cao:

az—(i} a2 . Dod6 V=Sh=a*\2a=a’2.

h=HH'=2SH =2

Cau49: ChonB
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Goi b la d0 dai cac canh cua khéi lap phuong, d6 dai cic canh cua khdi bat dién déu

2

a=72:>b=aﬁ.Dodé V=b =22
Céau50: Chon A

s
4 C
D
Taco V,,, =V, +4Vs iy » trong d6 S.ABC 12 khéi chop tam gidc déu nhur hinh v&,.
\/— 2 ﬁ
Taco V, =¥2 vaHD=,|1 | = | =¥® s tanump =P - 3 _» 5.
12 J3 3 HM 3
6

Do d6 tanSMH = tan[ﬂ} = cot HAZ/ID = \/E .

Do dé SH:HM.tanSMH:%.\E:%.
J3 V6
Vivay V. a6 N2, 2 2 2
T sABe 3 24 H) 12 24 4

Cau51: Chon A
Theo gi thiét thi khdi 1ap phuong c6 dang nhur hinh v&.

Chiéu cao h cua khdi chop tur giac déula h=—.

Do dai canh 1ap phuong la x, theo Thales ta co
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Thé tich khdi da dién — Hinh hoc khdng gian

do

MN _SM _, AM _. MK_x_, x_  _ h _2-1 Do

AD SA SA SH "1 h h+1

3

V=(v2-1) =5¢2-7
Céau52: ChonC

Theo gi thiét ta c6 khéi lang try tam giac déu MNP.M'N'P' nhu hinh vé& duéi day.

biat MN = MM'=x , theo Thales ta cé MN:AM =1—BM=1—MM .

AB AB AH
3 _ 3 _
Trong d6 MN=MM'=x,BC=1,AH=§,dodé vzxf:(“6 j) */5227‘/5222‘/5.

Céau53: ChonC

bit AD=x; a=50 cm. Goi I létrungdiémcﬁa AB ,tacé NI:NQ_AD:a 2—x.

2 2
2 2 N
Chidu cao khéi chép la h=NI> —HI? = \/(”Tx] _(gj = % Do d6

375

Z/az—ax/ix
VSt g2 <maxf(x)=f[2f”}=4m“3=40°‘;@ .

Cau54: Chgn A

Goi M 1a trung diém ciia BC, N 1a hinh chiéu vudng géc cia M trén SA. Suy ra SA L (BCN)

do d6 thiét dién 1a tam giac can NBC .
az
pR
MNZZSANBC __4_2
BC a 2
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a,|h* +—
Pit SH = I, tacé AM.SH = SA.MN :”*2@’2 3 :h:ﬁ.

2
2 ﬂ\/g
:\/gazh:\/ga -T:\/ch
12 12 24

Cau55: Chon A

Pit AB=x va SH =h.Goi K 13 hinh chiéu vudng goc caa H trén SM , Ta c6

1 :l+ 1 N 9 =i+£ N 12h*
HK?> K> x\/§ 2 dz(A,(SBC)) W2 hz_l'
6
3
Do do V—% \/ix f( ) \/_h

&

Déu bing dattai h=3 = x=18 = tana=——

> min f () = f(3)- %
h 1
w3 33 3

Cau56: ChonB

M N

.

g P

Taco: MAN =150° = MNA =15" = ANB = 60"
Suy ra khéi chop tir giac déu co tit ca cac canh bang nhau va bing AM .

MN
- 3

Xét AMAN tacé AM =—2— =2 Do dé: y =AM */5=3.
sin7b 6 3

Caus57: ChonC
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Thé tich khdi da dién — Hinh hoc khdng gian

M N

) P

NQ-AD avJ2-x
2 2
Goi H 14 hinh chiéu vudng goc cia S trén (ABCD).

2 > 5
Chidu cao khéi chop 1a: i = VNI> — HI? _\/(” 22—9‘} _(gj _ /a —;\/Ex_

Diéntichday: S,,., =x°

I /az—a\/ix
Vay thé tich: V =1 h=—2,xe{o;%].
2

ABCD* 3

2 /uz—a\/ix
Xét ham sb : f(x):—2

e

Goi AD=x,tac6 NI =

2 2
cé f’(x):l —5a:/2x° + 4a’x ,xe(o;ij:f'(x)=0<:> 22\/501.
3 4 2 —a2x 2 5
2
f'(x)
f(x)
3 3
Suy ra maxf(x)zf{zﬁa]zzlma :>maxV=4 10a
5 375 375

%)
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Cau58: ChgonC

. [SCn(ABCD)=C _
Ta suy ra goc gitia canh bén SC

SH L (ABCD)
va day 1a gbc SCH = SH = %-tan(SCH) -2 m
2 2
az .L.m
Sh 2 P2
L, V = —= = , m
Taco 3 3 6 —=Dm=—.
v _SH _@o’m2
3 6

Céau59: Chon A

Theo gia thiét, ta c6 khdi lang try tam giac déu MNP.M'N'P’ nhu hinh v&.

DétMNzx,MM’:h’;BC:1;AHzg.TheoThales,tac()
MNzAle—MM :>£:1—h— :h':ﬁ(l—x).Dod(’)
BC AB AH 1 J6 3
3
3 2,

V=

Cau 60: ChonB

31 | Facebook tac gid: Phan Nhat Linh

B = ()= 2 (1-x) < ma £ (1) = f@:



Thé tich khdi da dién — Hinh hoc khdng gian

Theo gia thiét thi hinh hop chit nhat (H') c6 dang nhu hinh v&.

Déth=SH:%; MN =x; MK="Hh".
Theo Thales, ta c6
MN _SM_, AM _; MK X 1 M o w—(1-x)h.Dods
AD  SA SA SH 1 h

V2x* (1-x) 22
V(H,)zxzh =x2(1—x)h=f(x)=f<f( J e
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m Thé tich khoi tir dién dac biét

Céu 1:

Cau 2:

Cau 3:

Céu 4:

Cau 5:

Céau 6;

Cau7;

Cau 8:

Cho hinh chép SABC ¢6 SA=SB=SC =BA=BC=1. Tim thé tich 16n nhét cia khbi chop

S.ABC
Al g V2 c L o V3
6 12 8 12

Tinh thé tich cua khéi chop SABC ¢6 ASB=60° BSC=90°, CSA=120° va
SA=a,S5B=2a,5C =4a

3 3 3
a f B. 2“3*/5. C. 2. D. 3”2‘/5.

A

Cho tir dién ABCDcO AB =4a;CD = x va cac canh con lai bang 3a. Tinh x dé thé tich khéi tir
dién ABCD1a 16n nhét.

A.x:Za\/ﬁ. B. a«/ﬁ. C. 6a. D. 3a.

Cho khbi tu dién OABC c6 OA,OB,0OC d6i mdt vubng goc voi nhau thoa man
OA? + OB* + OC? =12. Thé tich 16n nhat ctia khdi tir dién bang:

A. 8. B.é. C. 4. D.

3

Cho hinh chép SABC c¢6 thé tich bang 3 va AB =3, AC =4,BC =5. Hinh chiéu vudng goc cua
dinh S 1én mét phing (ABC) ndm trong tam gidc ABC . Goc giita mit phang (SAB),(SAC) va

W | oo

déy lan luot 1a 30°;60°. Tinh cotang géc gitta hai mt phang (SBC) va (ABC)

A 24—13«/5. 8. 8—5\/5. c 24+13\/§. 5 8+5\/§l
15 5 15 5

Cho hinh chép S.ABC c6 ddy ABC la tam gic vuong tai B, AB=8, BC=6.Biét SA=6 va

vudng goc véi mit phang day (ABC ) . Mot diém M thudc phan khong gian bén trong ctia hinh

chop va cach déu tat ca cac mat cia hinh chop. Tinh thé tich cua khéi tir dién MABC.

A V=24, B.V:%. C.V:§. D.V=12.

3 3
Cho hinh chép S.ABC c6 day ABC latam giac vudng tai A, AB=4a, AC =3a va hinh chiéu
vudng goc ctia S 1én mat phang (ABC) la diém H .Biét A, H nam khac phia v6i duong thang
BC va cac mit bén cta hinh chép clng tao v6i mit day goc 60° . Tinh thé tich V' caa hinh chop
da cho.
A V=203, B. V =124°43. C. V=643, D. V =364°3.

Cho khéi tir dién OABC ¢6 OA, OB, OC d6i mot vudng goc; khoang cach tir O dén mit phang
(ABC) bang 1. Theé tich nhé nhat cia khoi tir dién OABC bang

B.ﬁ. C.ﬁ. D.
6 2

A

N | O
N | o
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Thé tich khdi da dién — Hinh hoc khdng gian

Céau 9:

Céu 10:

Céu 11:

Céu 12:

Céu 13:

Cau 14:

Cau 15:

Céau 16:

Cho hinh hop ABCD.A'B'C'D' c¢6 tat ca cac canh bang a cO Ccic QOc

3 —_—
A'AB=BAD = A'AD=a (0" <a <90°) . Biét khdi hop da cho co thé tich bing = Y22 “3f >

A. a:arccosi. B. azz. C. a=arccos—6. D. Z.
\/5 6 3 3
Ao tr gon , e A N , , L1 4 9 .
Cho khoi tir dién OABC ¢6 OA,OB,OC d6i mot vudng goc thoa man — +—+—=1. Khi
OA OB OC
biéu thirc OA +OB+OC dat gia tri nho nht, tinh thé tich khdi tr dién OABC .
A. 162. B. 72. C. 108. D. 216.

Cho khéi hop ABCD.A'B'C'D' c6 tht ca cac canh biang nhau va bing a ,
A'AB=BAD=A'AD = (0 <a <90°). Tinh thé tich khéi hop da cho theo a Va .

A V= x/za3cos%x/1+2cosa . B. V= \/5a3sin%\/1+2cosa )
C. V =24°cos? %\/1 +2cosa . D. V =24%sin® %\/1+ 2cosa .

Cho hinh chép S.ABC ¢6 day ABC 1a tam gidc déu canh a. Hinh chiéu vudng goc ciia S 1én
mit phing (ABC) ndm trong tam gidc ABC va cdc mit bén (SBC),(SCA),(SAB) tao v6i mat

day (ABC ) cac goc lan lugt 13 30°,45°,60° . Tinh thé tich khdi chép da cho.

23 3 a’ a’

AV=————_—+ B V=—i—-— CV=———. DV

128(4+J§) 8(4+\/§)' 8(2\/§+1) :128(2\/§+1)'

Cho hinh chép S.ABCD c¢6 didy ABCD la mot tir giac 16i va goc tao boi cac mit bén
(SAB),(SBC),(SCD),(SDA) va miat day twong tmg la 90°,60°,60°,60° . Biét tam giac SAB
vuodng cén tai Sco6 AB=a, chu vi tr gidc ABCD bang 9a . Tinh thé tich V cuia khdi chép da
cho.

3 23

3
C. . D. L
3 9 3

A V=a23. B.

Cho khdi 1ap phuong ABCD.A'B'C'D’ canh a. Cac diém M,N lan luot di dong trén cac tia
AC,B'D’ sa0 cho AM +B'N =a+/2 . Thé tich khéi ttr dién AMNB' ¢6 gia trj 16n nhét 1a?
a3\/§ 5 7 a3\/§

ﬂ3
. — C. . D. —.
6 12 12 6

A

Khdi tir dién ABCDcO AB =2a, tam gidc CAB déu va tam gidc DAB vudng céan tai D . Goc
giita hai mt phang (CAB),(DAB) bing 30°. Tinh thé tich V' ctia khi tir dién ABCD.

3 3 3 3
A v="L B.V:ﬁ” c.v=3% D.V:JE”
4 2 4 6

Cho hai dudng thang Ax, By chéo nhau va vuong goéc véi nhau ¢c6 AB =2a 1a doan vudng goc
chung. Cac diém M,N lan luot di dong trén Ax, By sao cho AM +2BN = 3a. Hoi thé tich 16n
nhét ctia khéi t&r dién ABMN 132

24° 3a° ’ 3a’

A 2L B. 24 c. L. D. 2% .
3 8 4 2
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Céu 17:

Cau 18:

Céu 19:

Cau 20:

Céu 21:

Céau 50

Céau 22;

Céau 23:

Cho khéi chép S.ABCc6 AB=1, AC=2, BC =+/5. CAc tam giac SAB, SAC l4n lugt vuong
tai B, C, goc giita mit phang (SBC) va day bang 60° . Tinh thé tich V caa khéi chop di cho.

A V=215 B.v=2¥3 c.v=2315 p. v =213
5 3 3 15
Cho khoi tir dién ABCD c6 AB = x, tit ca cac canh con lai béng nhau va béng 2—x. Hoi co
J2

bao nhiéu gia tri cia x dé khdi tir dién da cho co thé tich bang o
A 1. B. 6. C. 4. D.2.

Khéi tr dién ABCD ¢6 AB=2a, tam gidc CAB déu va tam gidc DAB vudng can tai D . GOc
giita hai m3t phing (CAB), (DAB) bang 30°. Tinh thé tich V cua khéi tir dién ABCD.

3 3 3 3
Av=L B.V:ﬁa . c.v=52% D.V:ﬁ” .
4 2 4 6

Cho tir dién ABCD c6 BD =2, hai tam gi4c ABD,BCD c6 dién tich lan luot 146 va 10 . Biét
thé tich cua tir dién ABCD bang 16, tinh sé do goc giita hai mit phang (ABD) va (BCD)

A. arccos é . B. arcsin i ) C. arcsin é . D. arccos i )
5 15 5 15

Cho hinh chép S.ABCD c6 day la tir giac 16i hai duong chéo AC va BD vudng gbc nhau, mit
bén SAD 1a tam giac déu va tao voi mat day goc 60°, AD =4,AC =6,BD =8 . Tinh thé tich V
ctia khéi S.ABCD

96 48 144

A V=24 B.V=—. C.V=—. D.V=—.
5 5 5

: Cho khdi ling tru ABC.A'B'C’, khoang cach tir C dén dudng thang BB’ bang J5 , khoang cach

tr A dén duong thang BB’ va CC' lan luot bang 1 va 2, hinh chiéu vudng goéc cia A 1én mit
phang (A'B’C’) 1a trung diém M ciia B'C' va A'M = 5 . Thé tich khéi lang try d4 cho bang

A 25 g V15 C. 5. p, 215
3 3 3

Cho khéi tir dién OABC ¢6 cac canh OA,OB,0OC d6i mot vudng goc va téng dién tich cac mat

(OBC), (0CA), (OAB) bing /3. Dién tich mt (ABC) bing 1. Tinh thé tich V cua khi ti

dién da cho.

4 4 4
A.V=1. B. V= 12. C.V=2\/§. D.V=£.
6 9 9 9

Cho khbi 1ap phuong ABCD.A,B,C,D, c6 d6 dai cac canh bang x. Cac diém M,N lan luot
trén cac canh AA,,CC, sao cho AM +CN =2a. Tim x biét thé tich khdi t&r dién BDMN bang
2a°.

A.xzax/z. B.x:ax/g. C.x:a\/g. D.x=2a\/5.
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Céau 30:

Cho khdi tir dién ABCD c¢6 tam gidc ABD déu, tam gidc CAB vudng can tai C, AB= a3 .
Goi ala goc giita hai mat phang (CAB),(ADB). Tinh cosa khi thé tich khéi tir dién ABCD
i*\2

ban )
g 8

A. cosa:—z. B. cosa:—7. C. cosa:—3. D. cosa:—z.
3 3 3 2

Cho khéi chop S.ABC ¢6 AB=9(cm), BC =11(cm), CA=6(cm), SA=3(cm), SB=3(cm)
va SC = 5(cm). Tinh thé tich V ctia khdi chop.

A. Vzﬁ(cm‘?’). B. V=@(cm3). C.V= 2159(cm3). D. V=@(cm3).
6 2 2 2

Cho khéi lang tru tam gidac ABC.A'B'C' ¢6 day 1a tam giac vudng tai A, AB=1,BC =2. Géc

J7

CBB'=90", ABB'=120". Goi M la trung diém cia AA'. Biét d(AB',CM )= ~- - Tinh thé tich
khéi lang try da cho.

A 242 g 42 C. 42, p. W2

9 3
Cho khdi ttr dién ABCD ¢6 AB=3a, AC =4a, BAC =90° va goc giita cac mit phang (DAB)
, (DBC ) : (DCA) v6i miat phang (ABC ) bang nhau va bang 60° , hinh chiéu vudng goc ciia D
1én mit phang (ABC ) la diém H sao cho A, H niam vé hai phia ciia dudng thang BC. Tinh
thé tich V cua khéi tr dién ABCD.
AV =243 B. V =63a’. C. V=430, D. V=123a".
Cho khéi tir dién ABCD ¢6 AB=3a, AC =4a, BAC =90° va goc gitta cic mit phang (DAB)
, (DBC), (DCA) vé6i mit phang (ABC) bing nhau va bang 60°, hinh chiéu vudng goc cua D
1én mit phang (ABC ) la diém H sao cho C, H nam vé hai phia ctia duong thang AB . Tinh
thé tich V cua khéi tr dién ABCD.
AV =243 B. V =63a". C. V=430, D. V =123a".
Cho khéi tir dién ABCD ¢6 AB=3a, AC =4a, BAC =90° va goc gitta cic mit phang (DAB)
, (DBC), (DCA) vé6i mit phang (ABC) bing nhau va bang 60°, hinh chiéu vudng goc cua D
1én mit phang (ABC ) la diém H sao cho B, H nam vé hai phia ciia duong thang AC . Tinh
thé tich V cua khéi ti dién ABCD.
A. V=243 B. V =63a". C. V=430, D. V =123a".
Cho khéi tir dién ABCD ¢6 AB=3a, AC =4a, BAC=90° va goc giita cac mit phang
(DAB), (DBC),(DCA) va mit phang (ABC) bing nhau va bang 60°, hinh chiéu vudng goc
cia D 1én mit phang (ABC ) la diém H nim trong tam giac ABC . Tinh thé tich V cua khéi
tir dién ABCD:
AV =243 B. V =63a". C. V=434, D. V=123a".
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Céu 31:

Céu 32:

Céu 33:

Cau 34:

Cau 35:

Céau 36:

Céau 37;

Cho khdi hép ABCD.A'B'C'D' ¢6 day 1a hinh chit nhat, AB=+/3, AD=+/7 . Hai mit bén
(ABB'A), (ADD'A') tao voi day cac goc lan luot 1a 45° va 60°. Tinh thé tich V cta khbi hop
da cho biét d¢ dai canh bén bang 1.

A V=3 B.v=_, C. V=+3. D. V=+7.

W |

Cho khdi tir dién ABCD ¢ AB=3a,AC =4a,BAC=90° , gbc giita cic mit phang
(DAB),(DAC) va mat phing (ABC) lan luot 1a 45° va 60°. Tinh thé tich V cua khoi tir dién
ABCD biét AD=6a.
124/54°

5

4212

B. V= . C.V=—rr-—
7 5

A V= D.V

124214°
=

Cho khdi chép S.ABC c6 day 1a tam gidc vudng tai A, AC :g,BC =a . Hai mit phing

(SAB),(SAC) cung tao véi day goc 60°, tam giac SBC nhon va mit phang (SBC) vudng goc

v6i day. Tinh thé tich V ctia khéi chép S.ABC .

(3-+3)a’ (3++3)a 3(3-3)a’ 3(3+3)a’

—_. B V=2o-——+r—. cv=e————-+— D V=r———.
32 32 32 32

Cho hai duong thang chéo nhau Ax, By tao véi nhau goc 60° va AB =a 1a d6 dai doan vuong

A V=

goc chung. Hai diém M, N di dong trén Ax, By sao cho MN = 2a . Tim thé tich 16n nhat ciia
khéi tir dién ABMN .

3 3 3 3
A.ﬁa. B.*@”. c.ﬁ”. D.\/ga.
16 4 36 12

Cho khdi chop S.ABC ¢6 AB= AC =a, c4c goc BAC =120°, SBA =SCA =90°, gbc giira mit
phang (SAC) va duong thing SB bang arcsing va khoang cach tir S dén (ABC) nho hon

2a . Tinh thé tich cua khdi chép S.ABC.

23 5 23 c 3 D 23

A. : :
12 24 4 8

Cho hai duong thang a,bcd dinh chéo nhau. Goi ABla doan vudng goc chung cua 2 dudng
thang a,b Aca;Beb . Trén a lay diem M khac A, trén b liy diém N khac B sao cho
AM =x;BN =y . Biét AB=6, goc giita hai duong thang a,b 12 60°. Tinh thé tich cta ttr dién
ABMN theo xva y .

A. \/§xy. B. \/§xy. c. Y. D. \/§xy.
2 4 2 6

Cho khdi chép S.ABCD ¢ day 1a hinh vudng canh a, SA =SB, SC = SD . Biét ring mit

2 2
7" Tinh thé tich
10

phing (SAB) L(SCD) va tong dién tich cta hai tam gidc SAB, SCD bang

V ciia khdi chop s.ABCD .

3
A.V:4i. B.v-=
75

3 3 3
da” c. vy D. y-124
15 25 25
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Cau 38:

Céu 39:

Céu 40:

Céu 41:

Cau 42:

Céau 43:

Céau 44:

Céau 45:

Cho khdi chdp S.ABC c6 day la tam giac déu canh 24, SAB=SCB=90". Goi M latrung diém

. . . , . 21 . .
canh SA . Bietkhoang cach tirdiém A dén mit phang (BCM ) bang . Th¢ tich khoi chop

da cho bang ?

NRLER g, 1085 c. W, p. 33z
9 3 9 3
Cho khdi chép S.ABC €6 SA=BC=x, SB=CA=y, SC=AB=z VA x* +y>+2> =12. Thé

tich 16n nhét cua khéi chdp s.ABC bang?

N 5. 42 c. 22 p, 2.
3 3 9 9

Cho hinh vudng ABCD va ABEF c6 canh bang 1, 1an lugt nam trén hai mit phing vudng goc
v6inhau. Goi s 1a diém ddi ximg v6i B qua trung diém ciia doan thang DE . Thé tich cta khoi
da dién ABCDSEF bang
AL B. 1. c 2. D. 2.

6 12 3 6
Cho hinh vuéng ABCD va ABEF c¢6 canh bang 1, 1an luot nam trén hai mat phang vudng goc
v6i nhau. Goi S 1a diém d6i xing v6i B qua duong thang DE. Thé tich cua khdi da dién
ABCDSEF bang?
AL B. 1. c 2. D. 2.
6 12 3 6
Cho khdi chép tir giac déu S.ABCD ¢6 canh day bang 1, mit bén tao voi day mot goc 75°. Mit
phing chira (P) chira dudng thing AB va tao voi géc ddy mot géc 45° chia khdi chop
S.ABCD thanh hai khdi da dién. Thé tich ctia khdi da dién chtra dinh S bang:

.16+9\@. B 2++/3 | | 2+/3 | > 16+9\@.
78 3(1++2) 6(1+72) 26

Cho t&r dién ABCD ¢4 tam giac ABC vuéng tai A, AB=3a, AC =a. Mit phang (DBC),

(DAC), (DAB) lan luot tao v6i mit phang (ABC) cac goc 90°, e, B trong d6 o+ =90°.

Thé tich khéi tir dién ABCD c¢6 gi4 trj 1on nhit bang:

J3a 3a’® 3a°\/2 3a°

A . B. —. C. . D. —.
4 13 10 8

A

Cho khéi da dién SABCD bang cach ghép hai khéi chép tam gidc S.ABD VA S.BCD lai véi nhau
, biét SA=4;,SB=3;SC=2;SD=1 va ASB=BSC =CSD =DSA =BSD =60". Thé tich khi
da dién SABCD bing

A. 32, B.#. c.%. D.%.

Cho tir dién déu ABCD c6 canh béng 1. Goi M, N lan luot 1a trung diém cua AB,BC ; diém P
thugc canh cDsao cho PD =2CP , mit phang (MNP)cat AD tai Q. Tinh thé tich khoi da dién
BMNPQD ..
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Cau 46:

Céau 47:

Cau 48:

Cau 49:

Céau 50:

Cau 51;

A2 5 BV2 2 b, 132
16 432 48 432

Cho tir dién ABCDCO AB =3a; AC =a~/15; BD = a+/10;CD = 4a . Biét goc giita duong thang
ADVva (BCD)la 45", khoang cach gitta ADva BC la %. Hinh chiéu vudng goc cua A Ién
(BCD) nam trong tam giac BCD . Tinh d6 dai doan AD .

5a2

A 502
4

Cho hinh ling tru ABC.A’B'C’, khoang cach tir A dén cac duong thing BB’ , cC’ lan luot

32
B. 2a. C.2a\2. D. T\/_

bang 1 va J3; khoang cach tir ¢ dén duong thing BB’ bang 2 . Hinh chiéu vudng goc cua A
1én mit phang (A’B'C’) la trong tm G' cua tam gidc A’B'C’ va A'G' = % Thé tich khéi lang
tru ABC.A'B'C’ bang.

A 2. B. C. 4. D.

WM
w e

Cho khbi ling tru ABC.A'B'C’ ¢6 thé tich bang % Khoang cach tir A dén cac dudng thing

BB', CC’ lan luot bang 1; +/3 vd AA’=2. Césin goc giita hai mat phing (ABB'A’) Vva
(AccA)) bang.

5 G s
.

c. L. D. Y2
> 4

A —.
4

Cho khdi chép S.ABC c6 day la tam giac déu canh bang 1, khoang cach tir A dén mit phang

. 6 . , . 15 .
(SBC) bing e khoang cach tir B dén mit phing (SCA) bang 0 khoéang cach tr C dén

, . 30 . , .
mdt phang (SAB) bang 0 Hinh chieu vuéng géc cua S 1én mit phang (ABC) nam trong
tam gidc ABC . Thé tich khdi chop S.ABC bang.

A L B. L. c. —. D. —.

36 48 12 24
Cho khdi lang tru ABC.A'B'C’ ¢ day la tam gidc cantai A, AB= AC =1, BAC =30°. Cac mit
bén (ABB'A"), (ACC'A’) lan luot tao v6i ddy cac goc 45°, 60° VA AA’=1. Tinh thé tich khéi
ling try ABC.A'B'C’ bang.

3431 Jo3 31 J93

A ——. B. —. C.—. D. —.
124 372 124 124

Cho khoi chop s.ABC ¢6 AB=5(cm), AC=7(cm), SA=3(cm). CAB=30°. Goc giita hai
mit phang (SAB), (SAC) va day lan lugt 1a 45°, 30°. Tinh thé tich V ctia khdi chép da cho.

o329 V@ V# oy 1055

A. =
116 116

B. C.
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Céau 52:

Céu 53:

Céu 54:

Céau 55:

Céau 56:

Cau 57:

Cau 58:

Cho khéi chop S.ABC c¢6 day la tam giac vudng tai A, AB= J3, AC =7 . Hai mat bén
(SAB), (SAC) lan luot tao véi ddy goc 45°, 60° va SA =1. Tinh thé tich V ctia khéi chop

S.ABC bang.
A vl B.v=". v o vV
2 9 3 3

Cho hinh chép s.ABC ¢6 day la tam gidc vudng tai A, AB=1 vd AC =+/3. Cic mit bén
(SBC),(SAC),(SAB) 1an luot tao véi day cac goc 30°,45° va 60°. Hinh chiéu vudng goc cua
diém S 1én mit phang (ABC ) nam trong tam gidc ABC . Tinh thé tich khéi chép S.ABC

3-+3 3-+3
N 5 33 ¢ 3-¥ b B
12 20 4 20
N 7 , R r M 3 , N .7 A . Y
Cho hinh chop s.ABC c6 thé tich bang TR day lam tam gidc vuong tai A va AB=1,

AC =+/3 . C4c mat bén (SAC),(SAB) 1an luot tao véi day cac goc 45°,60° . Hinh chiéu vudng

goc ciia S 1én mit phang (ABC) nam trong tam giac ABC . CO-sin goc giita mat (SBC) va

day bang
3
Al 5, 13 c. 1 b3
2 2 4 4

Cho khdi chép S.ABC c¢6 ddy ABC 1a tam giac vudng tai A VA AB=a, AC =2a. Mit phang
(SBC) vudng gbc véi ddy, hai mit phang (SAB) va (SAC) cung tao voi mat phang day goc

60°. Tinh thé tich V cua khdi chop s.ABC theo a.

23 24°/3

3 3
B. V= C.V=Ng [).1/:4”“/5
3 9 9 9

A V=

Cho khéi chép S.ABCD c6 day 1a hinh thoi canh a , géc BAD=120° . Cac mat bén
(SAB),(SBC),(SCD),(SDA) 1an luot tao v&i day cac goc 90°,30°,45°,60° . Thé tich khdi chop
S.ABCD

(4@ —3)113 (4@ —3)113 (12\@ —9)a3 (12J§ —9)a3
—_ B.V=-—— C(C. V= D.V=-r—m"—

A V= A
26 104 26 104

Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB=1,AD =2, AA"=3. Mit phing () thay doi
diqua ¢’ vacétcactia AB,AD,AA" lanluottai M,N,P.Khditedién AMNP c6 thé tich nho
nhit bang

A. 27 B. 14 C. 11 D. 36

Cho hai dudng thing chéo nhau Ax, By va hop véi nhau mot goc bang 60°. Biét AB =a 1a doan
vuong goéc chung. Liy diém C trén By sao cho BC = ava goi D 1a hinh chiéu vudng goc cta
C 1én Ax. Thé rtichs khéi tr dién ABCD bang

73 B. %~ C. 73 D. 3
12 12 24 6

A
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Cau 59:

Cau 60:

Cau 61:

Céu 62:

Cau 63:

Céau 64:

Cau 65;

Cho khdi ttr dién ABCD €6 AB= AC = BD =CD =1. Thé tich khéi t&r dién ABCD dat gia tri
16n nhat thi khoang cach giita hai duong thang AD va BC bing
2 1 1

ﬁl Blﬁl C.E.

Trong khong gian cho ba tia Ox,Oy,0z d6i mot vudng goc va cac diém A, B,C khong tring voi

A D

1
3
diém O 1an luot thay dbi trén céc tia Ox,0y,0z va luon thoa man diéu kién: Ti sb dién tich tam

-z \ A o7 A 7 A M 3 As 7 A r A oL 5 A
giac ABC va thé tich khoi tir dién OABC bang 5 Khoi tor dién OABC c6 thé tich nho nhat

bang

A. 6. B.%. C. 43. D.#.

Cho khéi da dién ABc.a'B'c’ c6 AA'[[BB'[//CC’. Biét khoang cach tir diém A dén BB’ bing
1, khoang cach tir diém A dén cc’ bing /3 ; khoang cach giira hai dudng thing BB, CC’
bang 2 va AA’=1,BB' =2,CC’'=3. Thé tich ciia khdi da dién ABC.A'B'C’ bang

\@ 3@ 1
A.T. B.T. C.E. D. /3.

Cho hinh chép s.aBc ¢6 AB=4,AC= \/34,5B > 24 va ABC = BAS = BCS = 90" , sin ctia goc

, , . 1 . .
gilta duong thang SB va mdt phang (SAC) bang T Tinh thé tich khoi chép S.ABC.

Joa Joa NEYE 234

A : B. : C. . D. .
6 3 9 9

Cho khéi tir dién 0ABC ¢6 OA,0B,0C d6i mot vudng goc va OA=0B = \/E,OC =1. Hai
diém M, N 1an luot di dong trén cac canh AC, BC sao cho hai mit phang (OMN), (ABC)

vuodng goc voi nhau. Khéi da dién ABOMN c¢6 thé tich 16n nhét bang

AL B. L. c. 2. D 1.
1 6 9 5

Cho khdi tr dién OABC ¢ OA,0B,0C d6i mot vudng goc va OA =1, OB=2, OC =3. Goi
G la trong tAm cila AABC , mit phang («) qua trung diém I cia OG cit cac tia OA,OB,0OC
lan luot tai D,E,F . Thé tich khdi tr dién ODEF c6 gia tri 16n nhat bang

A 2. B. L. c.t D. 2.
9 6 3 3
Cho khéi lang tru ABC.A'B'C’. Khoang cach tir diém C dén BB’ bang J5, khoang céch tu

diém A dén BB', CC’ 1an luot 141 va 2 ; hinh chiéu vudng goc ciia A 1én mit phing (A'B'C')

1a trung diém M cua B'C’' va A'M = /5 . Thé tich cua khéi lang try d4 cho bang

A.?. B.g. C. 5. D.@.
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Céau 66:

Cau 67:

Céau 68:

Cau 69:

Céau 70:

Cho hinh ling tru ABC.A'B'C’, khoang cach tir A dén cac duong thang BB, CC' lan luot 1a 1

va /3 ; goc giita hai mit bén cua lang tru chung canh AA’ bang 90°. Hinh chiéu vudng goc ctia

23

A 1én mit phing (A'B'C’) 14 trung diém M cua B'C’ va AM' = Thé tich khdi lang tru

ABC.A'B'C’ bang

A 2. B. 1. C. /3. 3

Cho hinh lang try ABC.A'B'C’ €0 A’.ABC la hinh chop tam giac déu, AB = a . Biét khoang cach

: \ L P S
gitta hai duong thang chéo nhau AA’ va BC la ik Hay tinh thé tich cta khoi chop

A'.BB'C'C
2 3 3 3
A.”\/g. B.”‘/g. c.”\/g. D.”M.
18 81 18 8

Cho hinh chép s.ABC ¢ day la tam gidc déu canh a , khoang cach tir diém A dén mat phiang
s aN15 . . . . \ 2 N s aN15 s .4
(SBC) bang R khoang cach giira hai duong thang SA va BC bang R Hinh chiéu

vudng goc clia S xudng mit phang (ABC) nam trong tam gidc ABC . Thé tich khéi chép da
cho bang
73 a\3

3
AL B. 2 C. . D. .
4 3 1 8

Cho hinh chir nhat ABCD va hinh thang cAn ABEF nam trong hai mit phang vuéng goc véi
nhau. Biét AB=a, BC=BE=av2, ABJ/EF VA EF =3a . Thé tich khéi da dién ABCDEF
bang

3 3 3
A. 5”6\/5. B. 242 C. ”f. D. 3”2\/5.

Cho khbi hop ABCD.A'B'C'D’ €0 A’B vudng goc v6i mit phang day (ABCD); goc gilta AA’

v6i (ABCD) bang 45°. Khoang cach tir A dén cac duong thing BB; DD’ cung biang 1. Géc

clia mit phang (BB'C'C) va mat phang (c’cDbD’) bang 60°. Thé tich khéi hop da cho bang
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1.C
11.D
21.A
31.A
41.D
51.D
61.D

Céu 1:

Céu 2;

A. 24/3.

2.B
12.B
22.D
32.A
42.D
52.A
62.A

Chon C

3.B
13.C
23.B
33.D
43.A
53.D
63.A

4.B
14.B
24.D
34.A
44 A
54.A
64.A

C. 3.
BANG DAP AN
5A  6.C 7.B
15.D 16.B 17.D
25B 26.A 27.A
35.B  36.A 37.A
45B 46B 47.D
5B  56.A 57.A
65.D 66.A  67.C

D. 33.
8.C 9.B
18.D 19.D
28.D 29.C
38.C 39.A
48.D 49.D
58.C 59.B
68.B 69.A

HUONG DAN GIAI CHI TIET

Goi SH 14 duong cao ciia hinh chop va | 13 trung diém

cua AC

Vi SA =SB =SC =1 nén H la tam dudng tron ngoai tiép

tam gid&c ABC . Do d6H e BI .

it AC=x,O<x<\/§_

2
Taco Bl =vAB* — A = 4; .

Suyra S, :%BI.AC =

Mit khac, HB =

Khi do, V.
Viay max(

Chon B

xV4 -

xZ

1

AB.AC.BC _

45, .-

%

SABC ) =

0| =

B

<—.
12 2

1 x*+3-x?

10.D
20.C
30.B
40.A
50.B
60.C
70.C

1

8

a2
Suy ra SH = SBZ—BHZ :W
Vir —~

1 1 /
SABC ZE'SH'SABC ZE.X 3—X2

Trén cac canh SB, SC 1an luot ldy cac diém M, N sao cho SM =SN =a.
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Thé tich khdi da dién — Hinh hoc khdng gian

i o, Yo - SM SN _1
"V

SABC

. =—=V =
SB 'SC 8 SABC

8.V

*" SAMN *

Xét khdi chop SAMN. Goi SH 1a dudng cao cta hinh chop.

Tam gi4c SAM déu= AM =a

Tam giac SMN vuéng can tai S = MN = a2

Tam giac SAN can tai S vd NSA =120° = AN =+/SA? + SN2 — 2SA.SN.cos120° = a+/3
Tir ddy suy ra tam giac AMN vuéng tai M. Goi |, K 1an luot 13 trung diém caa AM, MN. Khi d6:

AM 1L SI
AM 1 SH

}:AML(SHI):AMLHI

Chung minh tuong ty, ta cling c6 MN L HK . Do d6 H 14 trung diém cta AN.

Khi d6, SH =+/SA> — AH> :g . Suy ra

a 2513\/5

SAMN — 3

8.V,

SAMN —

Vay V. V

SABC —

Note: ¢ thé sir dung cong thirc giai nhanh:

SAMN —

1 N

=-SHS, =
3 AMN 12

V

Cau3: ChonB

ane = @\h +2cos ASB.cos BSC.cosCSA —cos® ASB—cos” BSC —cos®> CSA =

2032

3

Goi H 1a trung diém cia AB=CH L AB;DH L AB.CcH = DH = (311)2 —(211)2 = /5.

Ap dung cong thirc V = 3
a

V —

2 §5,.5,.sina

S ssc-Sap-sin((ABC);( ABD))

ABCD ~— 3' AB

2 %,2a,a\/_.%.2u.a\/g.sin((ABC);(ABD))

ABCD 3 ° 4a

NG

a*.sin((ABC);( ABD))

Do d6 thé tich ABCD 16n nhat khi sin(( ABC);(ABD))=1<>(ABC) L (ABD).

Khi d6 CH | DH = CD?* = CH? + DH? =104> = CD = a10 .

Cau4: ChonB
Taco: V = %OA.OB.OC
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Céaub5:

Céau 6:

Cau7:

L —O0A*.OB*.0C* < —
" 36 36

= V?

2 2 2
OA*+OB'+0C*) _16_ , 4
3 9 3

Chon A
Goi H 14 hinh chiéu cta S 1én mit phang ddy. « 1a gbc giita hai mit phang (SBC) va (
3V. 3
=6.vaSH=—=—
SABC 2

Tac6: AB*+AC* =BC’ nén tam gidc ABC vudngtai A =S,

TeHké HI L AB;HK 1. AC;HM 1 BC

SH 33 SH 3

S HI=—— =T = -2
tan 30 2 tan60 2
1 3\/_ J_ 24-13\3
:SHBC_SABC_SHAB S _6_5 ) _E 7 4
I L 24-13\3 ot oM _ 24-1313 |
BC 10 SH 15
Chon C

Tir gia thiét ta c6 BC L AB,AS= BC L BS.

Xét tam gidc wvubng ABC ta ¢
AC =+ AB*+BC?* =10.

Xét tam  giac  vudng
SB=+AS*+BA* =10.

Goi I 1akhoang cach chung tir M dén cac mit ctia
hinh chép S.ABC.

SBA ta c¢cb

Tir gia thiét ta co:
1
VSABC 6 SA B A B C 48 VMABC + VMABS VMCBS + VMACS

1 1,(1 1 1 1
= 5}1(SMBC +Syaps + Saasc T Suspc ) = gh[z AB.BC+- AC.AS+_SBBC+ EAB.AS) =36h
4 1 32
=>h=— = Viage = ghSAABC Z?'
Chon B

13 | Facebook tac gid: Phan Nhét Linh



Thé tich khdi da dién — Hinh hoc khdng gian

Céau 8:

Cau 9:

Goi I, ], K lan lugt 1a hinh chiéu vuéng goc cia H 1én cac canh AB, AC, BC .

Khi do SIH=S]H=SKH=60°:HI:H]:HK:STH.
3

, 1 SH 1, SH

Taco S,,,.- =S +5 -S =—(AB+AC-BC)—= =—2a.—F&.
AABC AHAB AHAC AHBC 2( ) \/5 > \/5

o lapac=al o sH=6a3.Viy V. ,. = SSHS,,,. = ~.6a\3.60> =124°\3 .

2 J3 ~ 3 3
Chon C

@]

bit OA=a,0B=b,0C=c (a,b,c>0).
V& Al LBC(I€BC), OH L AI. Suy ra OH 1 (ABC)=d(O,(ABC))=OH=1.

Taco V,,,. =~0AS, .. = %OA.OB.OC - ”%C

0ABC —
3

Xét tam gidc OAI vuéngtai O ¢6 —— - 4+ 1 1 1 1. 1.1

= + + + —+=+
OH> 0OA* OI* OA*> OB> 0OC* & bV ¢

Ll magiesi=dalids 301 T o lgn

i b oc a b Y (abc)z 6 2
J3

ssc =~ Thé tich nho nht ciia khdi ti dién OABC bing % khi a=b=c=+/3.

<~

Suy ra V,

Chon B

Ap dung cong thirc nhanh ta co:
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a.aa | > 5 > a3\/ 5 3
———+/1-cos” a—cos” a—cos a+2cosa.cosa.cosa=z 1-3cos“a+2cos’ a .

Vyasp =
3 —_—
V iscoamen =3V anep =60V ump = a® \/1 —3cos’a+2cos’a = a \/3\2/5 5 .

<:>2\/1—3c052a+2cos3a =\13\/§—5 <:>4(1—3c0520:+2cos3 0!)=3\/§—5.

<:>8cos3a—12cosza—3\/§+9:0<:>cosa:73:05:%.

Cau 10: ChonD

2 g2 > (g, +a,+..4a) ,
a—1+a—2+...+a—”2(1 2 ”) ,dau “="xay rakhi ab. =ab  Vi#j
b, b, b, b+b,+..+b s
2
2 2 1+2+3
Tao1o L, 4,9 1 2 8  (1x2+)) %

=—t— > =
OA OB OC OA OB 0OC OA+0OB+0OC OA+0B+0OC

= 0OA+0B+0C =36
1A S .1 2 3
Suy raOA + OB+ OC nho nhat bang 36 khi —=—=—.
OA OB OC

.1 4 9 A

Ma —+—+—=1nén OA=6;0B=12;0C =18.
OA OB OC

A 1 1

Vay Ve = EOA.OB.OC = 6.6.12.18 =216.
Cau 11: Chon D
A D'

7]
/ A H;\ CV D

Goi H,I,] 1an luot 13 hinh chiéu cua A’ 1én mit phéng (ABCD) va cac canh AB,AD.
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Thé tich khdi da dién — Hinh hoc khdng gian

co
Al L AB

Tuong tu cling co H] L AD.

. [A'H L AB
Ta { = AB L (A'HI)= AB L HI.

. . A \ . |AA’ chung A
Xét hai tam giac vudng A'Al va A’AJ c6 nén AA'Al =AA'AJ.
AAlI=AA]l=«a
Suy ra Al = A] = AA'cosa =acosa, do d6 hai tam giac AHI, AHJ bang nhau nén HI = HJ.

Vay H cach déu AB va AD nén nam trén phén giac géc BAD = H e AC.

a
\/COSZ o cos’ a.

Al _acosa

AH = , AH? = A'/A* — AH? =

a a a
COS—  COS— COS—
2 2 2

Dién tich day S,,., =2S,,, = AB.AD.sina =a’sina.

A .« a . L
Y _ 9.3 s 2 2, _ 9 3.:.2%
Vay V oo apery = AHS 5 =24 sin > .\/COS > cos” a = 2a’sin > V1+2cosa .

Cau 12: Chon B

Goi M, N, P lan luot 1a hinh chiéu caa H 1én cac canh BC, AB, AC; h 1a chiéu cao cua
khdi chop S.ABC.

Khi do, SNH =30°, SPH =45°, SMH =60° .

2
Ma S, s =Suiiis +Sariac +Sanc #:%a(HN+NM+HP) < HN +NM + HP =§.
& (tan30° +tan45° + tan60°)h = % & (tan30° +tan45° + tan60°)h = #
- 4+\/§h _ a\/g - 3a .

J3 2 2(4+J§)
1 1 2?3 3a 3

Thé tich khéi chép S.ABC la V==S,  h==. =

37T 3T 4 2(4443) 8(4+43)
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Cau 13: Chon C
Goi H la trung diém AB.

Theo gia thidt nén SH L mp(ABCD) , SH= % va
BC+CD+ DA = 8a.
Goi M,N, P 1a hinh chiéu vuong goc cua H
lan luot 1én 1én AD,DC,CB.
Suy ra: ((SAD,(ABCD) = SMH = 60"
((SCD,(ABCD) = SNH = 60"
((SCB,(ABCD) = SPH = 60"
a
Tirdé: HM =HN =HP =2
243
. 1
Vay: Vg apcp =357 anap *SaHCD *SAHCB)
3
1ol ympa+HNCD+HPCB) =121 4 g, 4 e}
3272 32223 9
Céau 14: Chon B
A
1 M D
|
]
T (&
]
|
|
]
]
|
Al
',.-’ ------- SR .D'
R P

Taco: (AM,NB')=90". d(AM,B'N)=a.Goi AM =x(x>0).

Taco: V= %AM.B'N.sin(AM,B’N).d(AM,B’N) = %x(a 2-x)as< %a. -

Cau 15: Chon D

2
, 24) 3 2a.
Taco: S, =SACAB:%:\/§a2;SZ:SADAB Sl

255, sina 2.3¢%.a*5in30° 3
3AB 3.2a 6

=a’ va @ =30" =((CAB),(DAB))

Dodo V = a’

Cau 16: Chon B
Ap dung cong thire tinh thé tich cua khéi tr dién ABCD

V isen = %AB.CD.d(AB; CD).sin(AB,CD).
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Thé tich khdi da dién — Hinh hoc khdng gian

N
bat AM =x,BN = y(x,y > O). T gia thiét ta c6 x +2y = 3a.
Khi d6 thé tich caa khéi tir dién ABMN 1A

V oisun = %AM.BN.d(AM; BN).sin(AM,BN) = %.AM.BN.AB. sin90° = %
1 1 1 (3a-2y+2y) 34
=§a.(3a—2y).y=ga.(3a—2y).2y£ga. 1 =5
Do do, V__ 23_113 khi x =2y =%.
8 2

Cau l7: ChonD

1 SB
AB 1 SH

- . |AB
Tir S v& SHJ_(ABC).Taco{ = AB 1 (SBH)= AB L BH.

Churng minh tuong ty ta cting co6 AC L CH .

Tam gidc ABC vuodng tai A do AC*>+ AB®> = BC*. Vay suy ra ABHC 1a hinh chir nhat.

Tir H vé HE L BC thi ((SBC),(ABC))=SHE =60° = SH = HE~/3 .

2415
==,

Trong d6 HE = = . Va 1

JHB*+HC? 5

HBHC 25 ySH:Z*/SE:V

Céu 18: Chgon D
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Céau 19:

Céau 20:

Goi M, N lan luot 13 trung diém cta AB, CD .

, ., A , |DM 1 AB
Céc tam giac DAB, CAB cin nén ta co = AB L (CMD)= AB L MN.
CM 1L AB
Churng minh tuong tu ta cting c6 CD L NM .
Taco Ven =V, con + Vo = %AM.SCDM +%BM.SCDM - %AB.CD.NM .

Véi AB=x, CD=2-x va

MN:\/MDZ_(%JZ Z\/ADZ_(%T—(%T
o ]

2 2 2

Suy ra V:%x(Z—x)\/sz ~12x+1 :% <:>x(2—x)\/2x2 —12x+12=2=x=2.

Chon D

CM 1L AB

= AB L (CDM)
DM L AB

Goi M 1a trung diém AB :{

=>V= lAB.SCDM = 1AB.CM.DM.sinCMD
3 6

NE) AB

Trong do A =2a; CM ==~ 2a= a\/3; DM = o= Viy V= %.Za.a\/g.a.sin?)oo = gbﬁ .

Chon C
Ta c6 cong thuc:
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Thé tich khdi da dién — Hinh hoc khdng gian
25 .SAADC.sin((ABD) ;(ADC))

. 4
v 5 o sm((ABD) ;(ADC)) -
=N (ABD) ,-(ADC) = arcsin(%)

Céu 21: Chon A

AC.BD _

Ta c6 cong thuc dién tichday la S, ., = — 24

25,0 .SASAD.sin((ABCD) ;(ADC))
3.AD

Cau50: Chon D
B6 dé : Cho ling try tam giac ABC.A'B'C’, mit phang (oc) vudng goc cac canh cua lang tru va

tao v6i lang tru mot thiét dién c6 dién tich S . Khi do V,, =AA'S

A'MN *

Goi E,F lan luot 1a hinh chiéu vudéng goc cia A trén BB’ va CC'.
Goi M’ 1a trung diém cua BC, I 14 giao diém cia MM’ va EF = I la trung diém ctia EF .

AE L BB
Ta co: { , = BB L(AEF)= BB L EF
AF 1 BB'(do AF 1L CC')

= d(C,BB')=d(F,BB)=EF =+5

1. 5

AAEF vudng tai A :AI:EEF:?. Ma MM' 1| Al.

AM.AM' =JE
JAM? + AM™? 3

Tam gidc AA'M vudng tai M = AA' =+ AM* + AM> = @

215 1, _2V15
3 . L Y —_ T

2 3

= AAMM' vuong tai A, Al 1a duong cao= Al =

1% —AA'S,, =

ABC.A'B'C’

Céau 22: Chon B
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A

2S5, =bc —
2 2
Taco 125, =ca; tana:u = cosa = 1 = be .
25, — ab be Ji+tanZa  Na?b? + b +c2a?
3

212 2.2 2.2
Khi do, 5= — _ab +b2C T8 [s2+s+s? zJ%(sl+52+s3)2 1.
cosao

3
. 3 4
Déu“=”xéyra<:>a=b=c=4§ =V = = 12_

Céau 23: Chon B

B. C
: RN
A e’ A
//l \\
M <\‘\\ ! \
‘h\\\\ \\
: \\\\\\ \\
I T=~<
| “IN
BI| _____________
///)_ e CI
AL .
D
Pat @6 dai canh khdi lap phuong 1a x va O 1a tam cta hinh vuéng ABCD.
Tacé BD L(ACNM) =V, =%SMON.BD.
AM +CN AMOA CNOC ax\2
SOMN = SACNM _SOAM =S =——AC—- — =

ON = 9 2 2 2

|7/, =%~#~x\/§=2a3 ox=a6.

Cau 24: Chon B
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Thé tich khdi da dién — Hinh hoc khdng gian

B D
C
2
. (“*/5 ) NERENE AB®* 37
Taco S, =S,,, = = .S, =5, =t =2
4 4 4 4
3J3a 34> |
Vivav, V= 25,5, sina 2: 4 4 "M% 32sina a2
i 3AB 330 8 8
. 2 7
< sina === cosa=—-.
Cau 25: Chon A
S
A C
B

Ap dung cong thuc tong quat khi biét d6 dai 6 canh hodc ding cong thirc goc tai dinh S , ta c6
SA®+SB* - AB* 23 SB*+SC*-BC* _ 47

cos ASB = =——, cosBSC = =——
2SA.SB 42 2SB.SC 70
2 2 2
cosASC:SA +SC* - AC :_i_
25A.SC 15

s E I e R R

Cau 26: Chon A
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Ay C
M
A ‘ Cc
B
Goi I=BMnAB',IN//CM(N eBC) co CM//(AB'N)
, Y7
= d(CM, AB')=d(C,(AB'N)) =
Laico M_AM_1_ NC_IM_1 :d(B,(AB'N)):Zd(C,(AB'N)):&.
IB BB 2 NB IB 2 7
Taco cosABNzﬁzl.
BC 2
2 2
Pat BB'=x,thi V, :1.1.é.x.\/1+2—1.1.0—(1j —(% Y
- 63 227 (2) (2 9
Ma AB'=x*+x+1 BN:%:NB':,/xZJr% ,

/i3

AN=\/ABZ+BN2—2AB.BN.COSABN= 3

x° +x+1+13—(x2 +16j

cosB' AN = 9 9 _ 3x+2
2,/13(x2+x+1) 2,/13(x2+x+1)
3
, (3x+2)2
—~sinB'AN= [1-—— "~
52(x2 +x+1)
\/13(x2 +x+1) (3x+2)°  43x? +40x+48
=S8 = P L |1= 5 = :
52(x +x+1) 12
w2
Do d6 d(B,(AB'N))= Voan 5 A
Sive N43x% +40x+48 7
12
Vay Vo =¥vé gg i ig} — BC 1 DM.

Cau 27: Chgon D
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Thé tich khdi da dién — Hinh hoc khdng gian

Goi M, N, P lan luot Ia hinh chiéu vuéng goc caa H 1én cac canh AB, BC, CA
DMH = DNH = DPH = 60° (géc cua cic mat (DAB),(DBC),(DCA) véi (ABC) )
— HM = HN = HP = H la tam duong tron bang tiép goc A cua tam giac ABC .
Goi r, 1a ban kinh duong tron bang tiép géc A = r, = HM = HN = HP

_ AB.AC

ABC —

Tacod S =6a°

_HM.AB_HP.AC_HN.BC _ b+c-a_

Taco S Siap +Suac = Susc 5 5 5 O a(p—a)

ABC — °HAB T PHAC

o p =280 _ 60 Lgic6 tan DMH = 25 = DH = r tan60° = 6+/3a.
p—a HM
2 ogr ISR N 1 3

Thé tich khoi tar dién ABCD la V =5DH.SABC =12/3a’.

Cau 28: Chon C

Goi M, N, P lan luot 12 hinh chiéu vudng goc caa H 1én cac canh AB, BC, CA
DMH = DNH = DPH = 60° (géc cua cdc mat (DAB),(DBC),(DCA) véi (ABC) )
— HM = HN = HP = H la tim dudng tron bang tiép goc C cua tam giac ABC .
Goi r, 1a ban kinh duong tron bang tiép goc C =r. = HM = HN = HP
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_ ABAC _
2

6a’

Taco S,

Taco S S...+S S

_HP.AC+HN.BC_HM.AB_r EH-b—C_r( —C)
HAB > 2 2 ) \P

ABC — PHAC HBC

=3 =Sf‘i=2a. Lai co tanDMH=E = DHzrctan60°=2\/§a.
p—c HM

Thé tich khéi tir dien ABCD 1a V = %DH.SABC NG

Cau29: ChonB

Goi M, N, P lan luot 12 hinh chiéu vudng goc cua H 1én cac canh AB, BC, CA
DMH = DNH = DPH = 60° (géc cua cic mat (DAB),(DBC),(DCA) véi (ABC) )
= HM = HN = HP = H la tim dudng tron bang tiép géc B cua tam giac ABC .
Goi 7, 1a ban kinh dudng tron bang tiép goc B = r, = HM = HN = HP

ABC — 2

Taco S 6a*

_HM.AB_HN.BC HP.AC _ a+c-b _

+S,5c = Spac > > > T, 5 b(p_b)

Taco SABC = SHAB HBC

=28 _ 30 Lgic6 tan DMH = 25 = DH = 1, tan60° = 3/3a.
p—b HM
R ogr IS N 1 3

Thé tich khdi ta dién ABCD 12 V =~ DH.S ;¢ —63/34°.

Cau 30: Chon A

95 | Facebook tac gid: Phan Nhét Linh



Thé tich khdi da dién — Hinh hoc khdng gian

Céu 31;:

Vi goc giita cac mit phang (DAB), (DBC), (DCA) va mit phang (ABC) bang nhauva H nam
trong tam gidc ABC nén H la tam duong tron ndi tiép tam giac ABC .
1

Tam gide ABC vudng tai A, 1aco BC=VAB' +AC’ =505, =~ ABAC=6a".
Goi r 1a ban kinh duong tron ndi tiép tam gidc ABC , ta cO:
S anc _ABYACHBC | 62 =6ar e r=a.

Goi K 13 hinh chiéu cia H trén canh AB, suy ra goc giita mit phang (DAB) va mit phang
(ABC) la DKH = DKH = 60°.

Tam gi4c DHK vuéng tai H , taco DH = HK.tan60° = a+/3 .

Vay Ve = %.DH.SAABC - %.a«/gbaz =234’

Chon A

A

Goi H 1a hinh chiéu cia diém A trén mét day (A'B'C'D’), M, N lan luot 1a hinh chiéu cta H
trén cac cach A'B’,A'D' suy ra goc gilta hai mat bén (ABB’A), (ADD'A') v6i day lan luot 1a
AMH,ANH = AMH =45°, ANH =60°.

bat AH=x
Tam gidc AHM vuong cantai H,tacO HM = AH =x
Tam gidc AHN vuéng tai H ,tacé HN = —20 _ _ %
tan60° \/5
Theo céch dung ta co tir giac A’'MHN 14 hinh chit nhat, suy ra A'H =+ HN’ + HM?* = 2—\/5
3
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4x? 1

Tam gidc AHA' vudng tai H ,tac6 AA” = AH* +HA" & 1=x’+ ——<x =T(x >0).

Vay V

ABCD.A'B'C'D'

- AHS,, ., = g.ﬁ.ﬁ =3,

Cau 32: ChonD

1

Taco S = EAB.AC =6a".

AABC —

Ha DH L (ABC) (H e(ABC)),HK L AB (K< AB),HM L AC (M€ AC)

Theo dinh 1i ba duong vudng gbéc chung, ta c6 AB L DK, AC 1. DM = DKH =45°, DMH = 60°
Vatir gidc HMAK 13 hinh chir nhat vé1 AK = HM .

bat h=DH,tacd HMZhCOt6O°=%.
3
2
Va AK =< AD? - DK? =\/36a2—( - h450j =+/36a> -2h" .
Sin
3
Vay %=\/36a2—2h2 @h:4/$a:V:%:@.
3

Cau 33: Chon A

Ké SH 1 BC (H e BC)=>SH L(ABC).
Ké HN L AB (M e AB),HN 1L AC (N e AC)= AB 1 (SHM),AC L(SHN) va

SNH =SMH =60°.
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e

Tacés—ABAczlﬂ - Vi h=SH va HM = HN = hcot60° = -
272 NE
2
Taco S=S,,, + S, = ~(AB.HM+ACHN)= J_ By da
2 2[ 8 2(J§+1)
sh 14 o (3B
Vay V=22 N0 - .
3 3 8 2(@”) 32
Cau 34: ChonB
M
A
. y
B

N

Pat AM=x, BN =y. Taco v = AVBN-sin60 _ a3
6 12
Ta tim moi quan h¢ gita x va y theo diéu kién MN =2a.
, ) RS RN —\2 RN RN —\2
Taco MN?=MN :(AM—AN) :(AM—AB—BN)
= AM? + BN? + AB> ~2AB.AM + 2 AB.BN —-2AM.BN
=x*+a>+y> —2AMBN =x*+a* +y* +xy = 4a>.

J3a°
.

o3 =x"+y tay>2xytxy>xy < V<

Trong do 2AM.BN = 2AM.BN.COS(M,W) =txy.
Cau 35: Chon A

S /o 1B

Goi O 14 tim dudng tron ngoai tiép tam gidc ABC thi OA=0OB=0C =AB=a.
Goi D 1a hinh chiéu cta S trén (ABC) thi SD 1 AB, SD 1 AC.
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Céau 36:

Céau 37;

AB1SD, SD 1 AC
= AB 1 BD, ACJ_CD:DBzDCza\/g, AD =2a.

SBA =SCA =90°
biat SD = x . biédu kién: 0< x < 2a.

OB//AC = d(B;(SAC)) = d(O:(SAC)) = ~d(D;(SAC)) = ﬂ

2 2+3a” +x7
SB=+/SD* + DB? =~/3a® +x°..
Theo d& sin(SB,(SAC)) V3 _ dB(sAC) N3 d(B,(SAC)) = RER

8 SB 8 8
x=a (nhan
ﬂzﬁ 3 +x° o x*—4ax+3a° =0 ( )
24322 +x* 8 x=3a (loai)
3

Vay thé tich ctia khdi chop S.ABC 12 V = %SABC SD= alf.
Chon A

Ap dung cong thire tinh thé tich cua khéi tir dién ABCD

1

1% < ABCDd(AB;CD).sin(AB,CD).

ABCD —

Ta c6 thé tich cua khdi tt dién ABMN 1a;

Voisun = %AM.BN.d(a;b).sin(a,b) = %.AM.BN.MN.sin30° = xy;/g .
Chon C

S 1a diém chung cua (SAB) va (SCD), dong thoi AB//CD.
Khi d6 ké Sx//AB//CD thi Sx 1a giao tuyén cta (SAB) va (SCD).
Goi M,N lan lugt 1a trung diém AB,CD.
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Céau 38:

ASAB,ASCD 1a cac tam giac cantai S nén SM 1L AB, SN LCD.
Mit khdc SM L CD = SM L (ABCD) = (SMN) L (ABCD) theo giao tuyén MN .

Ké SH L MN(H e MN)= SH 1 (ABCD).
SM L Sx, SN L Sx nén géc | (SAB);(SCD)]=(SM;SN)=MSN =90°.

2 2
7110 =S, +Sep = %AB.SM+%CD.SNLCD>7LO = %AB(SM+SN) — SM +SN = % .

(SM+SN) —(SM? +SN?) 19,2

SM? +SN? = MIN? =a* = SM.SN =

2 25
3
Vay SH = SMEN_12a__ =15ABCD.5H _dr
MN 25 3 25
Chon A

Goi H 1a hinh chiéu vuéng géc cua S 1én mat phiang (ABC). Ta co:

{BC 1SC

= BC 1 (SCH)=>BC L HC. Tuong ty ta c6 BA L AH.

BC LSH

Suy ra H thudc dudng tron ngoai tiép tam giac déu ABC . Do d6, H thudc duong thang BD sao
cho HD = %ﬁ? , voi D 1a trung diém canh CD.

Ta c6 tir gide ABCH ndi tiép duong tron ban kinh BH .
AABC déu canh 2a = BD = INER

Lai coé: @:é BH—4BD 4\/_HA—
BH 4

Goi G=CMnSD, E=BD mSH thi G 1a trong tim ASAC .

Za\/_

Ap dung dinh 1i Menelaus cho tam giac ASDH véi ba diém E, G, B thang hang, ta co
SE HBDG_, _ SE41_. _ SE_3

———=leo— ==l —=—.
EH BD GS EH 3 2 EH 2

4(1\/5
21

d(A;(BCM) = d(S;(BCM) = %d(H;(BCM) — d(H;(BCM) = %d(A;(BCM) =

Goi K 12 hinh chiéu cia H trén CE thi K la hinh chiéu cua H trén (BCM)
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40421
= CK = d(H;(BCM) = “J_.
21
AHCE vudng tai H, duong cao HK = r 1 _t_9 :HE:Q.
HE* HK* HC* 164° 3

sH =2y 102

2 3

q , 1 10434’
Vay thé tich ciia khdi 5.4BC 12 V =5, SH = *é_“ .

Céau 39: Chon A
Ap dung cong thic tinh thé tich cua tir dién gan déu, ta co:

J_\/x s -2 (a2 ) */_\/12 22°)(12-2¢%) (12 -2?)

S ABC

:1_;2&.\/(6_22)(6_yz)(6_xz) L e
AP dung bat drfmg thirc Cauchy, ta co:
(6—22)(6—y2)(6—x2)s[6_22 +6_3yz +6_xzjs s

22

1
Do d6: Vg e < 5\/_—? Dau bang xay rakhi x=y=2=2,

Cau 40: Chon D

Ta ¢c0 ADE.BCF la mét lang try dung c6 day AADE la tam giac vuong can tai A vdi
AD=AE=1, canh bén AB=1.

Goi I 1a trung diém DE thi B st nén d(S;(ADE))=d(B;(ADE))=BH.

1 1 1
Taco V, g.d(S,(CDEF)).SCDFE ~3-BH.CDCE==.

S.CDFE

=V

BCE.ADF

+V,

VBCE.ADF ABCDSEF S.CDEF —

BCBEAB—E Khi do: vV

|

W | =
N | =

Cau 4l: ChonD
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Cau 42:

Ta ¢c6 ADE.BCF la mét lang tru ding c6 day AADE la tam gidc vudng can tai A véi

1 1

AD=AE=1,canhbén AB=1,dodd V E.BC.BE.AB =E.

BCE.ADF —
Goi H 1atrung diém CE va I 1 hinh chiéu vudng goc ciia H trén DE, Khi dotacé BI vubng
g6 DE véitai I va BI =sI nén d(S;( ADE))=d(B;( ADE))=BH.

Taco V, ppy = %.d(s,(CDEF)).SCDFE = %.BH.CD.CE = % .
<4 1 1 5

Khi d6: V asepser = Vice.aor + Vs.coer = 5 + E = g :

Chon A

Goi E, F lan luot 13 trung diém cac canh AB, CD.

. . 1 1 tan 45° + tan 30° 2443
Chidu cao ciia khéi chop 1a h == tan 75° = = tan (45° +30°) = -
o o cuR IRoT P T 2 )= (- tnasanae) - 2

e (] -

2

Thé tich khéi chop tir gidc déu 1a v0=%h=2+6‘@.
Ta c6 (SEF)LAB . K¢ EINSF=I sao cho IEF=45° khi d6 (P)=(ABI) va

(P)~(SCD) = HK//CD//AB.

.. |BDLAC
Trong tam giac
BD

= BD L (SAC) = BD 1 SH c0:
1SO
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= = - =l+—=—=
IF Sg sinlEF FE.sin45° 2 SF 13

1
IS S, sinSEl sEsinaoe V2t B 5 523
2
2

Do d6 theo ti sd thé tich cé:
v SH(L, ) SK (1) SL1, S, S, 16+9/3
SC \ 2 SD (2 SF 2 SF 2 SF 78

Céu 43: Chon A

A

2

C6 BC =+/10a, S ABC = 3% va ap dung cong thirc thé tich tir di¢n khi biét ba géc ctia mat bén

tao voi day.

3a? )
252 2(2}
V g

3(acota +bcot S+ccoty) 3(J1_0a.0+acota +3acotﬂ)

3a° 3a° a’\3

< =
2(cota+3tanar)  4ycota3tana 4

Cau 44: ChonB

Ta c6 thé tich cua khdi t& dién déucanh a=11a V = T

2 ﬁ
12°

S.CBD —

ol

v,
Tach 542 ~SASBSD =125V, ,, =2 Vi 2 =SCSBSD=6=V

Cau 45: Chon B
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Ta c6 thiét dién cua (MNP)va ti dién 12 hinh thang MNPQ trong 46 MN || PQ

. ) 4
Co VBMNPQD = VD.BPQ + VB.MNQ + VQ.BNP ’ VD.BPQ = §VABCD

1 11 1 1
Voun = ESMBN'd(Q/(MBN)) = E-ZSABC.gd(D,(ABC)) = EV

ABCD

1 11, 2 1
Vo = gSPBN 4(Q,(PBN))= E.ESBCD.gd(A,(PBN)) =5 Vasco
y 23 232 232

BMNPQD — 3_6VABCD = 3_65 430
Cau 46: Chon D

A
N
)
B
M
C
2 2 2 2 2 2
Tac6 ADBC = ADAC — ADAB = 2D +AC -CD" AD +AZB ~BD” 4~ AD1BC
Goi H 1a hinh chiéu cua A 1én (BCD); M = DH ~BC suy ra M nam giita BC .
BC 1 AH
0 — BC L DM.
BC 1 AD

Trong (ADM)dung MN L AD tai N suy ra MN la doan vudng goc chung cia AD, BC

= MN = %. Ta thiy goc gitta ADVva (BCD)la ADH =45°.
Taco DM:MN\/_=5af:>BM= BD? — MN? =”—“110.
— AN =+/AB? — BN? =\/ABZ—(BM2+MN2)=%;DN=MN:%.

Do @6 AD = AN + DN =2a.
Cau 47: ChonD
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Cau 48:

Céau 49:

B

Ké AE L BB', AF L CC' =(AEF) L AA' =V

ABC.A'B'C'

=AA'S

AEF *

Tacé AE=d(A,BB)=1, AF=d(A,CC')=+/3, EF=d(C,BB)=2.

Vitam gidc AEF vudngtai A va S —%AE.AP = g

AEF —

Goi M, N lan luot 1a trung diém cac canh B'C’', BC va H=MNNEF = AH 1L MN (do

MN//AA"YVa H Ia trung diém EF :>AH=%=1.

Taco A'G':g :>A’M=%A’G'=2.

Hinh binh hanh AA'MIN c¢6 S

AA'MN

2
= AG.A'M = AH.MN < 2,|AA” —(%j =1.AA’

, 83 . J3 83 4
= AA'= T -Vay Ve ape = 77 = 5 :
Chon D
. 1 1 ., 1 1., N
Taco V, = 3 Vasc.awe =7 VA Supw =5 Sapma = BB d(A,BB')= S21=1.
A 1 1 i ’ 1 \/g
V&S, =2 Scon =5 CCd(ACC) = E.z.f =
1
: 32.~
Vay sin((ABB'A"),(ACC'A’)) = BAA'S, jpe _ "2 _\3
2'SABA"SACA' 2-1-\/5 4
2
Suy ra cos((ABB'A'),(ACC’A')) = u[%} = g_

Chon B
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Céau 50:

Cau 51;

Di¢n tich mat day S = % ; dién tich cac mat bén (SBC); (SCA), (SAB) ki hiéu lan luotla S,
S,, S,.Goi H 14 hinh chiéu vudng goc ctia S 1én mit phang (ABC)va M, N, P lAn Tuot 12
hinh chiéu vuéng goéc ciia H I1én BC, CA, AB.Khid6 cac goc SMH, SNH, SPH lan luot 1a
goc giita cdc mit bén (SBC); (SCA), (SAB) va day (ABC).

, S 1 pe.HM 1
Theo dinh ly dién tich hinh chiéu vuéng goc, ta cd: S, = —H<— = 2 ==-BC.HM

cosSMC HM 2
SM

:—SM \/h2+H . Tuong twco S, = ; h*+HN?, S, _—\/hZ+HP2

Mit khéc 3V =S.d(S,(ABC))=S5,.d(A,(SBC))=S, .d(B,(SCA))=S 4(C,(sAB)).

Suyra—h_\/_\/h2 HM? = \/_\/TNZ \/_W()

2S,.c 28,4 2S
Mit khac HM + HN + HP = Bfgjc + CT + AHgB =2(Sypc +Shca +Suns ) =25 =

i 145 5

Kéthop (1), (2) suyra h_Eva V_ESh_E 4

1
48°

o

Chon D

Dién tich day S= %AB.AC.Sin?)OO =

2 2
\/dz— _hz .\/dz— _hz —h*.cota.cot S
B

Chiéu cao khoi lang tru xac dinh boi: cosa=

4 1
N1-2r* 1-—h* ——=
¥, :

1-h?

Chon A
Dién tich day S = %AB.AC.sinSOC’ =—
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2 2
\/dz h \/dz h2 —h*.cota.cot 8

sin” o sin”

Chiéu cao khoi chép xdc dinh bédi: cosa=

4 —
f N9 212 N9 —an? —[3, -3 s 35429
h=——.Vay V==Sh= .
9—h? J29 3 116

Cau 52: Chon A.

v
)

Dién tich day S = %AB.AC =

2 h2 2 h2 2
d"————.d" —— Zﬂ_h .cota.cot
Sin

Chiéu cao khoi chép xac dinh bédi: cosa=

d2_h2
N1-2h* ., [1-= h2 [ 1 1 1
C}O 2 @h:—,v’:y V:_.S.hz_-
1-h 7 3 2
Cau53: ChonD
2
o[ V3
CoV= 25 = - -k
3(a.cota +b.cotf+ecoty)  3(2.cot30° ++/3.cotd5" +1.cot60") 20
Cau54: Chon A
2
o[ 3
, 25? 2 V3
CoV= = Ty
3(a.cota+b.cotﬂ+c.cot7) 3(2 cota+\/§+lj 2
' NE)
1
@cota:ﬁzcosa=—
Caub55: ChonB
S
B C
E F
A

Ké SH 1 BC = SH 1(ABC), ké HE L AB,HF L AC
Ta co: SEH = SFH =60" va HE = SH.cot60" = h.cot60”, HF = SH.cot60" = h.cot 60’
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Dién tich day bang S = %AB.AC =

=S5=8,,:+Sic = %(AB.HE +AC.HF) = %(a.h.cot60° +2a.h.cot60")
3
Vag he 25 __2a _ ., _Sh_2V3c
o 20 3 3.9
V3 3
Cach 2.
C6 V= 28 B 2a* 2378
3(a.cota+b.cotﬂ+c.cot;/) 3(a«/§.0+2.a.1+a.1] 9
NG
Cau 56: Chon A
2
o @3
, 5g2 2 (43-3)a"
CO V= S lacotasboot ty+d.cots) 1) 26
(a.co a+b.cot f+c.coty+d.co ) 3(a.0+a.\/§+a.1+a.\/_j
3
Cau 57: Chon A
Khéi tw dién vuéng AMNP ¢6 V., :%.AM.AN.AP
— AB — AD —— AA —

Theo quy tac hinh hop, cé: AC=AB+AD+AA' < AC' =—— AM+ AN + AP
AM AN AP

o AC =2 AM+- 2 AN+-> AP
AM AN AP
S A a2 LA s .1 2 3
Vibon diém M,N,P,C" dong phang nén —+—+—=1
AM AN AP
Vi vy theo bét dang thirc AM —GM , ta co:
1 2 3 1 1 1

l=— >33 — — — = AM.AN.AP>627 =V, >27
AM AN AP "\ AM AN’ AP

Cau 58: Chon C

1 1 23

Taco V ~ AD.BC.d(AD,BC).sin(AD, BC) = ~.AD.BC.AB.sin60° = ~~ AD
6 6 12

ABCD
Ta di tinh do dai doan thing AD dya trén gia thiét CD LAD , (AD,BC)=60",
AB 1 AD,AB 1 BC

Co: E.ﬁ:@.(ﬁ-@):ﬁ.ﬁ:-ﬁ.ﬁ

AD? + AC* -CD? B AD*+ AB*-BD* AC?+BD?-CD? - AB?

2 2 2
_ (AB* +BC?)+(AB? +A§2)—(AC2 - AD?)- AB? _AB’ +2AD22+ BC*-AC' ..
Va [AD.BC| = ‘AD.BC.COS(E,R)‘ _4AD ay 4D up2 o aD :%
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23

Do do6: V., = 54

Cau59: ChonB

Goi E,F lan luot 14 trung diém cta canh BC,AD. Ta c6

BC 1L AE BC L EF
= BC 1 (ADE)= :
BC 1 DE BC 1L AD
AABC = ADBC = AE=DE= EF 1 AD = EF =d(AD,BC).
Vay
V isep = %AD.BC.d(AD,BC).sin(AD,BC) = %AD.BC.FE :
Ta co
2 2 2 2 2
FEZ\/AEZ_AD _ [ 452 _BC)_AD :\/1_BC _AD*
4 4 4 4 4
. 1 BC* AD* 1 P Fa——
Vay Ve =EAD.BC.\/1— 4 "1 ADEC (4-AD*-BC?)
_1 [(AD*+BC*+4-AD*-BC*) _243
T 12 3 27
Dau dang thirc xay ra <> AD? = BC* =4— AD* - BC? & AD=BC=-2 < FE=—.
NERMN
Cau 60: Chon C
A 3VOABC 2
Tacé d(O,(ABC))==_94C =3 =2,
ABC 3
1 1 1 1 1 1 1 1
Vay — = = st——5+t—523} Sy -
4 &*(O,(ABC)) OA* OB OC OA* OB* OC

3
“162 =443

Suyra V,,,. = %OA.OB.OC >

Cau 61: ChonD

-
Ha AD 1 BB’ va AE L CC' suyra (ADE)L AA'//BB'//CC' va AD=1,AE = J3,DE=2.
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. NE) AA'+BB'+CC" 3 1+2+3
Taco S, = 7 = Voscawe =Sape- 3 = 7 3 = \/g :

Cau 62: Chon A
Goi D 14 hinh chiéu vudng gbc cua S Ién (ABC) .Taco

S

BA LSA . [BCLCS
= BA 1 (SAD)= BA L AD va = BC 1 (SCD)= BC LCD.
BA 1SD BC LSD
2
1 1 V2dk

Vay ABCD la hinh chif nht tam O VA V, ;. = S,,.SD = BABCSD =

it SD =x taco d(B,(SAC))=d(D,(SAC)) va tir diéen DSAC vudng tai D nén

1 o1 1 1 111 2,
dz(D,(SAC)) “DC DA* DS & 2d @ d(D’(SAC))‘ 3 + 022 va
\/Ex{l
d(B,(SAC)) d(D,(SAC 32 2
sin(SB,(SAC))= ( ( )) = ( ( )) = 3 +2a° = \/ﬁ <:>x=\/§a (x>a).
SB SB J2i32 11
Dodé V = @”3 .

Cau 63: Chgn A

Ké OH L AB, OK L CH suy ra
OK L (ABC)=(ABC) L(OMN)=>OK = (OMN)=KeMN.
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Taco {OA =0B= ﬁ = H,K lan luot 13 trung diém cia AB, CH .

OC=0H-=1

Tac6 2CH=CA+CB = 4CK = A cn+ BN
CM CN
Do M,K,N thing hang nén ﬂ+Q=4
CM CN
Vig 4 CA, B, [CACB _caco_, cmeN 1
CM CN CM CN CM CN CA CB 4
\%
Vi viy —QAMNB SSAMNB zl_zCMN 1 E’Zl\: 211\3] Zj Vo s SEVOABC :1
OABC ABC CAB
Cau 64: Chon A
Tac6 30G = OA + 0B +0C « 601 = 2400+ 28 0F + € oF
OD OE OF
<:>6CTI=—O—D+—O—E+iO—F.
OD OE OF
1 2 3
Do D,E,F,I dong phangnéntacd —— +—+——=
OD OE OF
Viy 6= —+= 423 2 5 L ODOEOF<==V,, <=.
OD OE OF OD OE OF 3 9

Cau 65: Chon D

Goi E,F lan luot 13 hinh chiéu vudng goc cia A 1én BB',CC’.
Taco AE=1,AF =2 va AA'//BB'//CC' nén
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AE L AA",AF 1 AA' = (EFA) L AA'= EF 1 AA’. Do d6 FE=d(C,BB')=+5.

Goi N 1a trung diém cia BC, H=FENMN = AH L MN (MN//AA").

FE_\5

Tacé H latrung diém cua FE vd AE* + AF? =EF* =5 nén AH = =

Tam giac vubng AMN c60 AN=A'M va:

1 + L :éz ! +1<:>AM=§:AA'=,/5+%5=£.

AH?> AM?* AN?* "5 AM? 5 3
AM 1 (A'B'C'
Mit khéc do ( ) = ((A'B'C’),(AEF))=(AM,AA") = MAA' = 60"
AA’ 1 (AEF)
Tam gidc AEF 1a hinh chiéu vudng géc ciia tam gidc A'B'C’ 1én mit phang (AEF). Vi vdy theo
dinh 1y hinh chiéu ta c6:
Lo
Sue__ 27 V15 _ 2415
SA'B'C’ = = =2= VABC ABC’ SA’B'C"AM =2 ——=—.
cosMAA' \/ﬁ 3 3
3
215
3

Cau 66: Chon A

Goi E,F lan luot 12 hinh chiéu vudng goc ciia A 1én BB',CC’.
Tacé AE=1,AF =2 va AA'//BB'//CC' nén AE L AA’,AF L AA'= (EFA) L AA'.

1 3

Do d6 EAF =((ABB'A’),(ACC'A"))=90" =S ,,, = SAEAF ===,
Goi N 1a trung diém cia BC, H=FENMN = AH L MN (MN//AA).

EF AE® + AF?

TacéH1atrungdiémcﬁaFEvaAH=7=#=1.
243
Tam giac vubng AMN cO6 AN = AM_— va
11 1 , 4( . ,_\3 43
AHZ :AMZ +AN2 =>AM=2=>AA'"=——.Va ay VABC.A'B’C’:SAEF'AA =?.T=2

Cau 67: Chon C
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Cau 68:

E B
Goi H 1a hinh chiéu cua A’ 1én (ABC) = H la trong tam tam giac ABC .
N 1a trung diém BC, dyng hinh binh hanh ACBE.

3 a3

Taco d(AA';BC):d(BC;(A’AE)):d(N;(A’AE)):Ed(H;(A’AE))_ .

)-8

= d(H;(A'AE o

Ké HK L A’A, khi d6 ta chimg minh dwgec HK L (A’AE) nén d(H; A’AE)=HK.

Xet AA'AH c6 12= 12+ 12:>A'H=E.
HK® HA® HA’ 3
. 2 2, 24 a3 23
Do do V pycc ZEVABC.A'B’C’ ZE'A HS, 5 = 33 4 = T
Chon B

’
s -

-

——— — e — —

Goi M la trung diém BC, D 1a hinh chiéu cua S |én BC . Dung hinh chit nhat AMDF .
DF 1 BC
SD 1L BC

T D, F lan lugtké DK LSF (K eSF), FELSD (EeSD).

Khi d6 ta c6 { = BC L (SDF).

Tacso BC L (SDF)=> BC L EF . Mt khac EF 1 SD = d(A;(SBC))=d(E;(SBC))=EF.

AF 1 (SDF DK 1 SF
Tuong ty, ta co d(SA; BC)=d(D;(SAF))=DK do (SBF) .
DK 1 SF DK L AF
Y« , av'15 . A .
Theo gia thiét, ta c6 EF = DK = 5 Do d6 ASDF cantai S.

Khi d6 hinh chiéu ciia S I1én (ABC) la trung diém H cua DF hay ttrung diém AC.
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1

—AM
Xét hai tam giac dong dang ASDF va AFDE c6 SH _DE___2 = SH = &

EF  DE pp?_gp?
a’N3 a\/g_i

1
34 2 8

R 1
Vay Vg e E'SAABC SH =

Cau 69: Chon A

Goi H, K lan luot 13 hinh chiéu cia A, B 1én EF.
Khiddé FH=EK=a=> AH=BK =a.

ACEK ABCK

1 1
Taco V,uner = Voanr + Ve + Vosncax = 3 —.DAS, ., +§BC.S +AB.S

1 1 1 1 1 50342
=22 aat=a2. 2 aa+a=aa2 = .
3&\/_21104—311\/_2&&4—&2&&\/_ 6

Cau 70: Chon C

Ha AM 1 BB va AN L DD' =(AMN) L AA’
Do dO VABCD A'BCD' 2‘/ABD.A’B’D' = 2SAMN AA’

- [(BB'C'C)//(ADD'A")
ABB'A'),(ADD'A") |=| (BB'C’ 'CDD') | =60°.
Khi d6 MAN =60° hodc MAN =120° =S, . AMAN£:% 1 .g=g.
Hinh binh hanh ABB'A’ ¢6 S, = AM.BB' = A'B.AB < 1.AA' = ’3‘; ‘i‘/‘g' -2,

Vé'y VABCD A'B'C'D' \/5 )
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19 5b thé tch

Céu 1:

Céu 2:

Cau 3:

Cau 4:

Cau 5:

Céau 6:

Cho tir dién ABCD c¢6 cac canh AB, AC va AD d6i mot vudng goc. Cac diém M,N,P lan
luot 13 trung diém cac doan thing BC,CD,BD. Cho biét AB =4a, AC =6a, AD =7a. Tinh thé
tich V cua khdi tir dien AMNP .

A V=7a. B. V =284". C.V=14a". D. V=21a".

Cho hinh chép S.ABCD c¢6 déy 1a hinh binh hanh va ¢6 thé tich1a V . Goi M 1a trung diém ctia
SB. P la diém thudc canh SD sao cho SP =2DP . Mit phing (AMP) cit canh SC tai N . Tinh

thé tich cta khéi da dién ABCDMNP theo V

23V. B.V 19V. C.Vv 2V. D.V 7

ABCDMNP — % ABCDMNP — g ABCDMNP — %

AV

ABCDMNP — %

V.

Cho hinh chdp S.ABCD c¢6 day ABCD 1a hinh thoi canh a, BAD =60° va SA vudng goc voi
mat phang (ABCD). Goc giira hai mat phang (SBD) va (ABCD) bang 45°. Goi M la diém
doi xtmg cia C qua B va N 1a trung diém ctua SC . Mat phing (MND) chia khdi chop
S.ABCD thanh hai khoi da dién, trong d6 khi da dién chtra dinh S c6 thé tich 1a V,, khéi con

lai c6 thé tich 1a V,. Tinh ti sb Ay

VZ
AL B L_3 C.
vV, 5 vV, 3

2 2

v, _12 o Vi_7
v, 7° 'V, 5

2

Cho khéi lang try ABC.A'B'C’ . Pudng thing di qua trong tdm ciia tam giac ABC Vva song song

v6i BC cit cac canh AB, AC lan luot tai D, E. Mt phang (A'DE) chia khoi lang tru thanh

hai phan, tinh ti s6 thé tich ciia chiing.

A2 B. =+

3 23

Cho tir dién ABCD c¢6 thé tich V . Xét diém P thudc canh AB, diém Q thudc canh BC va
PA QB . RB

4

c.2. 2
9 27

diém R thudc canh BD sao cho — =2, == =3, —— =4. Tinh thé tich cua khéi t¢ dién
PB BC RD
BPQR.
AV B. V. c v p. V.
5 4 3 6

Cho hinh chép tir giac S.ABCD ¢ didy ABCD la hinh binh hanh. Cac diém A’, C' thoa min

SA' = %ST& sC’ =é§ . Mit phang (P) chira duong thang A'C’ cit cac canh SB, SD lan luot

. e Vo ey N .
tai B, D' va dat k = —34%€D"  Gi4 tri nho nhat cua k 1a?
S.ABCD

AL L c 4 o, V15
60 30 15 16
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Cau7:

Cau 8:

Céau 9:

Cau 10:

Cau 11;

Céau 12:

Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M, N lan luot 1a trung diém
ctia cac canh AB, BC. Piém I thudc doan SA . Biét mat phéng (MNI ) chia khéi chop

S.ABCD thanh hai phan, phan chtta dinh S c6 thé tich bang % lan phan con lai. Tinh ti s6

k=14,
IS

A. B.E. C.g. D
4 3

1
5

N | =

Cho hinh chép tir giac S.ABCD c6 day ABCD 1a hinh binh hanh. Céac diém A’, C' théa man

SA' = %S—A , SC' = %ﬁ . Mit phang (P) chtra duong thang A'C’ cit cac canh SB, SD lan luot

. . Ve e et I R
tai B, D' vadat k = —24%<D"  Gi4 tri I6n nhat cua k la?
S.ABCD

4 1 4 4
L — B. —. C. —. D. —.
105 30 15 27
Cho tir dién déu co chiéu cao /, & ba goc cia tr dién nguoi ta cit di cac t dién bang nhau ¢
chiéu cao x dé khdi da dién con lai co thé tich bang mot nira thé tich ctua khdi da dién déu ban

dAu. Tim x.
h h h h
A x=—. B. x=—. C.x=—. D. x=—.
32 HE} n Yo

Cho liang tru ABC.A'B'C' .Trén cac canh AA’,BB’' lan luot lay cac diém E,F sao cho
AA' =kA'E,BB' = kB'F . Mit phang (C'EF) chia khdi tru d cho thanh hai khdi da dién bao gom
khéi chop (C.A’B'FE)co thé tich V, va khéi da dién (ABCEFC') ¢ thé tich V,. Biét rang
Y = %, timk
2

A k=4. B. k=3. C.k=1. D. k=2.

Cho hinh chdp S.ABCD c6 ddy ABCD 1la hinh vudng canh bang a, tim O . Hinh chiéu vuong
goc ctiadiém S trén mit phang (ABCD) 1a trung diém H cua doan thang AO . Biét mit phang

(SCD) tao véi mat day (ABCD) mdt goc 60°. The tich khdi chop S.ABCD bing

PNEAER g Y35 c. 3z b 33,
1 1 1 1

Cho hinh chop tir giac S.LABCD day ABCD la hinh thoi canh a, BAD =60° va SA vuéng géc
v6i mat phang (ABCD). Géc giita hai mit phang (SBD) va (ABCD) la 45°. Goi M la diém
d6i xtmg cia C qua B va N 1a trung diém SC . Mt phang (MND) chia khéi chop thanh hai
khoi da dién, trong d6 khi da dién c6 dinh S c6 thé tich 1a V,, khéi da dién con lai ¢6 thé tich

V,. Tinh ti sb Y
VZ

A Y12 B. i_5 c i1 D 7
v, vV, 3 vV, 5 vV, 5
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Cau 13:

Cau 14:

Cau 15:

Céau 16:

Cau 17:

Céau 18:

Cau 19:

Cho hinh lang tru ABC.A'B'C’ ¢4 thé tich bang 48cm®. Goi M, N, P theo thir tu 14 trung

diém cac canh CC’,BC va B'C’. Tinh thé tich cua khéi chép A" MNP .

A. 8cm’. B. 12cm’. C. 24cm’. D. %cms.

Cho hinh chép S.ABC ¢6 day la AABC vudng can & B, AC=a2, SA L (ABC), SA =a. Goi
G la trong tdm cua ASBC, mp(a) di qua AG va song song Vi BC chia khéi chop thanh hai
phan. Goi V 1a thé tich cua khdi da dién khong chira dinh S . Tinh V.

3 3 3 3
o oa B 24 c d D 41
54 9 27 9
Cho t&r dién déu c6 chiéu cao h, & bdn gbc cua tr dién nguoi ta cit di cac tu dién déu béng nhau

7 <A A A [N \ . J4 A s < 3 R o7 5 A [N A \
c6 chiéu cao x dé khoi da dién con lai co the tich bang 1 thé tich ctiia khoi da dién ban dau. Tim

X.
A.x:i. B.xzi. C.x:L. D.x:L.
Ya 16 12 Y6

’

Cho khéi hép ABCD.A'BC'D’ . Léy diém E thudc canh BB’ sa0 cho BE = Bf diém T thuée

canh DD’ sao cho DF = % Mit phang qua ba diém A,E,F chia khéi hop thanh hai phan.
Tinh ti s6 hai phan ay.
A 2. B. 1. C.g. D.é.

2 3

Cho khéi lang try tam gidc ABC.A'B'C’. Goi M,N lan luot thugc céc canh bén AA’,CC’' sao
cho MA = MA’;NC =4NC'. Goi G la trong tdm tam gidc ABC . Hoi trong bbn khéi ti dién
GA'B'C',BB'MIN, ABB'C’ v A’BCN , khdi tir dién nao c6 thé tich nho nhat?

A. Khéi ABB'C'. B. Khéi A’BCN . C. Khdi BB'MN . D. Khéi GA'B'C'.
Cho hinh chép tir giac déu S.ABCD . Mit phang (P) qua A vavudng goc SCcat SB,SC, SD
lan lugt tai B', C', D'. Biét C'la trung diém SC . Goi V,, V, lan lugt 1a thé tich hai khéi chop

S.AB'C'D'va S.ABCD . Tinh ti s6 % .
2

i_1

SRt

2

A2 B 1_2 c. L 4 D. L
v, 3 vV, 9 V, 9

Cho hinh chép déu S.ABC, c6 day 1a tam gidc déu canh bang a. Goi M,N lan luot 1a trung

diém cua cac canh SB,SC . Biét mat phang (AMN ) vudng goc voi mit phang (SBC ) . Tinh thé

tich V ciia khdi chop A.BCNM .

3 3 3 3
A.V:ﬁa . B.V:ﬁ” . c.V=*E” . D.V:*E” .
32 16 48 9%
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Céu 20:

Céu 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cho hinh chop tam giac S.ABC. Goi M la trung diém cta SA, lay diém N trén canh SB sao
cho S5 % Mit phang (a) qua MN va song song voi SC chia khdi chop thanh hai phan.
Goi V, la thé tich ctia khéi da dién chira dinh A, V, 1a thé tich cua khdi da dién con lai. Tinh ti

r
A

SO

-7 B Y17
v, 18

A. cVi_7 DV 7
v, v, 9

Cho khéi hop chir nhat ABCD.A'B'C'D'c6 AB=4a; AD =6a; AA'=7a. Cac diém M,N,P
thoa man AM =2AB; AN =3AD; AP =4AA'. Tinh thé tich V cua khéi t&r dién AMNP .

A. V =1684". B. V =6724°. C. V =3364°. D. V =10084°.

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi C' 1a trung diém cta SC . Mt phang

(P) chira AC' cat cac canh SB,SD lan luot tai B',D'. Dat m = —3£€P° Gi4 tri nho nhat cia m

S.ABCD
bang
2 B. = c. <. D. 2.
27 27 9 9

Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh. Goi C' 1 trung diém canh SC . Mt

phang (P) chtra duong thang AC' cat cac canh SB, SD lan lugt tai B', D'. bat m = =82
S.ABCD

Gia tri 16n nhat cia m bang

4

A 1 B. 1 C. .
9

9 8
Cho khéi tor dién déu ABCD . Goi M,N,P,Q,R,S lan luot la trung diém cua cac canh

D.

| W

AB,AC,AD,BC,CD,DB . Biét thé tich ctia khdi bat dién déu MQNPSR béng 9+/2 cm?. Tinh
d6 dai canh cua tir dién déu ABCD.

A. 2cm. B. 3cm. C. 6cm. D.Q/Ecm.
Cho khéi ta dién déu ABCD c6 canh béng a. Goi M,N lan luot 1a cac diém trén canh
AB, AC: % = % é—;\\]’ =2. Mit phing (a) chitra MN , song song v6i AD chia khéi tir dién

thanh hai khéi da dién, trong d6 khdi da dién chira dinh A ¢6 thé tich V . Tinh V

422 524° — 422 1124

108 108 81 342

A V= B. V= D. V=

Cho khéi tor dién déu ABCD c6 canh bfmg a. Goi M,N lan lugt 1a trung diém cac canh
AB, BC va E la diém thudc tia ddi ctia tia DB sao cho % = k. Tim k d& mit phing (MNE)

chia khéi t dién thanh hai khdi da dién, trong d6 khéi da dién chira dinh B c6 thé tich

3
1124

294
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Cau 28:

Céu 29:

Céu 30:

Cau 31:

Céu 32:

A.kzg. B. k=6. C. k=4. D. k=5.

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Trén canh SA 1y cac diém M,N sao cho
SM = MN = NA . Hai miat phiang («), (8) song song v&i (ABCD)Vé lan luot di qua M, N chia
khéi chop di cho thanh ba phan. Néu phan trén c6 thé tich bang 10 dm? thi phan & giita ¢ thé

tich la
A. 70 dm?®. B. 80 dm®. C. 180 dm®. D. 190 dm?.

Cho hinh chép S.ABCD ¢6 ddy ABCD 1a hinh binh hanh. Goi M,N lan luot 14 trung diém cac
canh SA,SD . Mit phang () chita MN va cat c4c tia SB,SC lan luot tai P va Q. Djt z—gz X

, V, lathé tich ciia khéi chop S.MNQP va V la thé tich khéi chdp S.ABCD . Tim x dé V =2V,

A x=—. B. x
2

Cho lang tru dung tam gidc ABC.A'B'C'. Goi M,N,P,Q 1a céac diém lan luot thudc cac canh

AM _1BN _1CP_1€0Q_1 Goi V,,V, lan luot 1a thé
AA" 2'BB' 3'CC' 4'B'C' 5

AA',BB',CC',B'C" thdéa man

tich khi tir dién MNPQ va khdi lang try ABC.A'B'C'. Tinh ty 6 %

2

'V, 30 'V, 45 v, 45 v, 45

2 2 2 2

v, 11 g Vi_1 c Vi1 o Vi_22

Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh. Goi M, N lan lugt 1a trung diém
ciia cac canh AB, BC. Piém K thudc doan SA . Biét mat phang (MNK) chia khoi chop

S.ABCD thanh hai phan, phan chtra dinh S c6 thé tich bang % lan phan con lai. Tinh ti s6

KA
KS'
A t=L B. 1=, Ct=L D.t=2.
2 1 3 3

Cho khdi hop chit nhat ABCD.A'B'C'D’ ¢6 thé tich bang 2110 . Biét A'M = MA, DN =3ND’
, CP =2C'P nhu hinh v&. Mt phang (MNP) chia khéi hop da cho thanh hai khéi da dién. Thé
tich khdi da dién nho hon bang

D c
N
A . 1P
M Di .
A B
A 5275 . B 5275 . C. 7385. D. 8440 .
6 12 18 9

5 | Facebook tac gid: Phan Nhét Linh



Thé tich khdi da dién — Hinh hoc khdng gian

Cau 33:

Céu 34:

Céau 35:

Céau 36:

Céau 37:

Céau 38:

Cho hinh chop S.ABCD c6 day la hinh chit nhat, AB=2a, BC=a, SA=SB=SC=SD = J2a
. Gia st E thudc canh SC sao cho SE=2EC, F la diém thudc canh SD sao cho SFzéFD.

Thé tich khdi da dién SABEF bang:

3 3 3 3
A 5\/501 . B \/ga . C. 2\/§a ' D. 2\/511 .
36 18 9 27

Cho hinh chép S.ABCD c¢6 day ABCD la hinh chit nhat. Mot mat phiang song song véi day cat
cac canh bén SA, SB, SC, SD lan luot tai M, N, P, Q. Goi M', N, P', Q' lan luot la hinh

chiéu cia M, N, P, Q trén mat phing day. Tim ti s6 Z_A: dé thé tich khéi da dién

MNPQ.M'N'P'Q" dat gia tri lén nhat.

A S B. 2. C.

4 3

D.

N | =
[SSHINTY

Cho khdi chop S.ABCD c¢é déy 1a hinh thang véi hai day 1a AB va CD, AB=2CD . Goi E la
mt diém trén canh SC . Mit phing ( ABE)chia khdi chép S.ABCD thanh hai khéi da dién c6

thé tich bang nhau. Tinh ti s6 S—g .

A, ‘/1_(;‘2. B. J6-2. C.J2-1. D. ‘/2_62‘4.

Cho hinh chép S.ABC . Mot mit phang song song véi day (ABC) cat cac canh bén SA, SB, SC
lan Iuot tai M, N, P. Goi M', N’, P’ lan luot I hinh chiéu caa M, N, P trén mat phang day.

Tim ti s6 SS—ZZI dé thé tich khéi da dién MNP.M'N'P’ dat gia tri Ion nhét.

2

A B. —.
3

| w
W | =

c. L. D.
2

Cho hinh chép S.ABC . Mot mit phang (P) song song véi day (ABC) cét cac canh bén
SA, SB, SC lan lugttai M, N, P. Tim ti sb SS—AX dé (P) chia khéi chop da cho thanh hai khoi

da dién co thé tich bang nhau.

1 1 1 1
A ——. B. . C. —. D. —.
2 Ya 2 4

Cho hinh chép S.ABCD ¢6 day ABCD Ia hinh vuong va SA L (ABCD). Trén duong thing
vuong goc véi (ABCD)tai D lay diém S’ théamin S'D = %SA Vas',S & cung phia ddi véi mat
phing (ABCD). Goi V, la phan thé tich chung ciia hai khdi chép S.ABCD va S.ABCD . Goi

. . VAR
V, 1a thé tich khoi chép S.ABCD . Ti so 7] bang

2

A

NJS

B. Z C. 1 D.
9 18

W=
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Céu 39:

Céu 40:

Céu 41:

Cau 42:

Céau 43:

Céau 44:

Céau 45;

Cho hinh chdp S.ABC c6 tat ca cac canh déu bang a, mt mit phang (P) song song voi mit
day (ABC ) cit cac canh bén SA,SB,SC lan lugt tai M,N,P. Tinh dién tich tam gidc MNP
biét mat phang (P) chia khdi chop da cho thanh hai khdi da dién c6 dién tich bang nhau.

As T3 g5 T3 S PELA L) ]
" Y“MNP 8 ' " Y“MNP 16 ' ' MNP_AH/E' MNP_AR/Z'

Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Trén dudng thing qua D va song
song v6i SA lay diém S’ théa man S'D=kSA vé6i k>0. Goi V| la phan thé tich chung cua hai

D.S

khoi chop S.ABCD va S"ABCD . Goi V, la thé tich kho6i chop S.ABCD . Ti s6 71 bang

2k +k g 3k+2 c 3k* +2k k
. —2. . —2. . —2. .
2(k+1) 2(k+1) 2(k+1) k+1

Cho hinh chép tam giac déu S.ABC . Goi G 1a trong tdm tam giac ABC , biét goc tao bdi SG
va (SBC ) bang 30°. Mat phang chita BC va vudng goc voi SA chia khdi chop da cho thanh

hai phan c6 thé tich V,, V, trong d6 V| la phan thé tich chira diém S . Ti s6 71 bang

2

A 6. B c.g. D.7.

1
Cho hinh chép tam giac déu S.ABC c6 canh bén tao v6i duong cao mot goc 30°, O 1a trong
tdm tam gidc ABC . Mot hinh chop tam giac déu thir hai O.A’B'C’'c6 S 14 tAm cia tam gidc
A'B'C’ va canh bén ctia hinh chép O.A'B'C’tao voi dudng cao mot goc 60° sao cho mdi canh
bén SA, SB, SC lan lugt cit cac canh bén OA’, OB', OC'. Goi vV, 1a phan thé tich chung cia

. Ko N . 2 Z. 4 V 2
hai khoi chép S.ABC va O.A'B'C’. Goi V, la thé tich khoi chop S.ABC . Ti s 71 bang
2

A= B. 1. = D. .
16 4 64 64
Mot vién da co dang khéi chop tir gidc déu co tit ca cac canh bang a. Nguoi ta cua vién da theo
mit phang song song v6i mit day ciia khoi chop dé chia vién da thanh hai phan co thé tich bang
nhau. Tinh dién tich thiét dién vién da bi cua béi mat phfmg noi trén.

112 2 aZ aZ
A —. B. —. C. —. D. .

4 2 2 232
Cho tir dién ABCD c¢6 thé tich bang 12 va G 1a trong tim tam giac BCD . Tinh thé tich ciia
khéi chép A.GBC.
A V=3. B. V=4, C.V=6. D. V=5.

Cho hinh lang tru tam gidc ABC.A'B'C’ c6 day ABC la tam gidc vudng can tai A, canh
AC=a\2 . Biét AC’ tao voi mit phing (ABC) géc 60° va AC'=4. Tinhthétich V cuakhi
da dién ABCB'C'.
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Céu 46:

Céau 47:

Céau 48:

Céau 49:

Cau 50:

Cau 51:

Cau 52;

Cau 53:

Av.8 By 16 c v B3 b y_16V3

3 3 3 ' 3
Cho hinh hop ABCD.A'B'C'D’. Goi V, 14 phan thé tich chung cua hai khéi cua hai khdi tir dién

A'BC'D va AB'CD’. Goi V, la thé tich khdi hop ABCD.A'B'C'D’. Ti s6 % béng
2
AL B. L. c. L D. L.
2 6 3 4

Cho lang tru ABC.A'B'C’, trén cac canh AA', BB’ léy cac diém M ,N sao cho AA'=3A'M,
BB'=3B'N . Mt phing (C'MN)) chia khéi ling try da cho thanh hai phan. Goi V, la thé tich

cua khoi chop C"A'B'NM , V, la thé tich cua kho6i da dién ABCMNC'. Ti s6 71 bang:
2

1

Bl ph3
7 v, 7

AL_4 B i_2 C
v, 7 v, 7 v,
Cho hinh chép S.ABCD day 14 hinh binh hanh. Goi M,N lan luot 1a trung diém cia SA,SC .

, . . L 2V .
Mit phang (BMN) cat SD tai P. Tiso —=2N bang:

S.ABCD

A VS.BMPN zl. B. VS.BMPN :1. C. VS.BMPN :i. D. VS.BMPN :1.
Vv 16 Vv 6 1% 12 Vv

S.ABCD S.ABCD S.ABCD S.ABCD

Cho tir dién ABCD c6 thé tich bang 54, goi M,N,P lan luot 13 trong tAm cAc tam giac ABC ,
ACD, ADB. Tinh thé tich cua khéi tr dién AMNP .
27

A.V:?. B.V=4. C.V=9. D.V=16.

Cho hinh hép ABCD.A'B'C'D’ ¢6 day ABCD 14 hinh thoi canh bang 6 va goc nhon bing 45°
, canh bén ciia hinh hop bang 10 va tao v6i mit phang day mot goc 45° . Tinh thé tich khdi da
dién ABCDD'B'.
A. V=180. B. V=60. C. V=90. D. V=120.
Cho khdi lang tru tam gidc ABC.A'B'C',goi M, N 1an lugt thude cac canh bén AA', CC' sao
cho MA=MA’, NC=4NC'. Goi G 1a trong tdm tam giac ABC . Hoi trong bdn khéi tir dién
GA'B'C', BBMN, ABB'C' va A'BCN , khdi tir dién nao c6 thé tich nhé nhat?
A.Khéi A'BCN . B.Khéi GA'B'C'.  C.Khdi ABB'C'. D. Khéi BB'MN .
Cho khdi lang try tam giac ABC.A'B'C’ c6 thé tich bang 60. Goi M, N, P lan lugt thudc cac
canhbén AA’, BB', CC' sao cho MA =2MA', NB=3NB', PC =4PC’. Tinh thé tich khi da
dién BCMINP .

85

A. 40. B. 30. C. 31. D.?.

Cho khdi tir dién déu ABCD c¢6 canh béng a.Goi M, N lan luot 1a trung diém cua cac canh
AB, BC va E dbi xtmg vé6i diém B qua D . Mat phang (MNE) chia khi t& dién ABCD
thanh hai khdi da dién, trong d6 khéi da dién chira dinh A c6 thé tich V . Tinh V.

3 3 3 3
A.V:Bﬁ“ . B.V:7\/Ea . c.vJE” . D.V:H\/Ea .
216 216 18 216
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Cau 54:

Cau 55:

Céu 56:

Céau 57:

Cau 58:

Céau 59:

Céau 60:;

Céau 61:

Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh va c6 thé tich bang 48 . Ki hiéu M ,
N 14n luot 14 cac diém thudc canh AB, CD sao cho MA = MB, ND =2NC . Tinh thé tich V
ctia khdi chop S.MBCN .

A. V =40. B. V =8. C. V=20. D. V =28.

Cho hinh ling tru ABC.A'B'C" ¢6 thé tich bang V. Goi M, N 1an luot 13 trung diém cua A'B', AC
va P1a diém thudc canh CC' sao cho CP =2C'P . Tinh thé tich khdi tir dién BMNP theo V.

A2 B. V. c. V. D. 2V
9 3 24 9

Cho ti dién déu ABCD c6 canh bang a. Goi M,N lan luot 14 trong tdm cac tam gi4c

ABD, ABC va E la diém d6i xing véi B qua D . Mat (MNE) chia khéi tir dién ABCD thanh

hai khdi da dién trong d6 khdi da dién chtra dinh A c6 thétich V. Tinh V.

3 3 3 3
A.V:g‘E" . B.V:3‘/§” . c.vzﬁ” . D.V:3‘E" .
320 320 96 80
Cho hinh lang tru ABC.A'B'C’ ¢6 thé tich V . Cac diém M, N, P trén cac canh AA’, BB,
AM BN

CC’ saocho —— =x =y, CP . Bibt thé tich cta khéi da dién ABC.MNP bang 1y
AA’ cC’ 2

' BB
. Ménh dé nao sau day ding?

A x+y+z=1. B.x+y+z=2. C.x+y+z=§. D.x+y+z:§.

Cho khéi tir dién OABC c¢6 OA,OB,0C d6i mdt vudng goc va OA=1,0B=2,0C =3. Goi
D,E,F lan luot 1a chan duong cao ha tr dinh O xuéng cac canh BC,CA, AB. Thé tich khdi tir
dién ODEF bang
cly B. 26 c. 2 p. 2.
325 325 325 325

Cho ttr dién déu ABCD c6 canh béng 1. Goi M,N lan luot la trung diém céac canh AB,BC.
Piém P trén canh CD sao cho PD =2CP . Mit phfmg (MNP) cit AD tai Q. Tinh thé tich
khéi da dien BMNPQD .

Al 5. 22, c. 2 p. 122,
Cho t& dién ABCD déu canh béng 1.Goi M,N lan luot 1a trung diém cac canh AB,BC.Piém
P trén canh CD sao cho PC =2PD. Mt phang (MNP) cit AD tai Q. Thé tich khoi da dién
BMNPQD bing

A N2 B 2. c. 22 p. 72
216 27 108 216

Cho khdi lang tru ABC.A’B'C' ¢6 thé tich bang 1. Goi M,N lan lugt 1a trung diém cac doan

thing AA’ vaBB'. Puong thing CM cat duong thang C'A’ tai P, duong thing CN cat duong

thang C'B’ taiQ . Thé tich ctia khdi da dién 16i A’MPB'NQ bang

A1, B. L. c. L. D.
3 2

WM
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Thé tich khdi da dién — Hinh hoc khdng gian

Céu 62:

Céu 63:

Céu 64:

Céau 65:

Cau 66:

Cau 67;

Cho khoi chop tir gide déu S.ABCD c6 tat ca cac canh bang a. Goi M 1a diem ddi xung cia C
qua D, N 1a trung diém cua canh SC . Mit phang (BMN) chia khéi chop S.ABCD thanh hai
khéi da dién. Tinh thé tich V' ctia khdi da dién chira dinh S .

3 3 3 3
A.V:15‘/E” . B.V:NE“ . C.V:llﬁa . D.V:7‘/E“ .
144 72 144 144

Cho hinh hop ABCD.A'B'C'D" ¢6 dudng cao bang 8 va day 1a hinh vudng canh bang 6 . Goi
M,N,P,Qlan luot la tdm cia cac mat ABB'A', BCC'B',CDD'C',DAA' D' .Thé tich cua khoi da
dién c6 cac dinh 1a cac diém A,B,C, D,M,N,P,Q, béng

A. 108. B. 168. C. 9%. D. 120.

Cho hinh chép S.ABCD c6 ABCD la hinh binh hanh, M 1a diém d6i xting véi C qua B. N a
trung diém SC . Mat phang (MND) chia hinh chdp thanh hai khoi da dién. Gei V, la thé tich

khéi da dién chira dinh S va V, Ia thé tich khdi da dién con lai. Tinh ti s6 % ?
2
ALY B 112 c il p. 17,
vV, 3 vV, 7 V, 5 V, 5

Cho ling try ABC.A'B'C’ c¢6 thé tich bang 2. Goi M,N lan luot 14 hai diém nam trén hai canh
AA' va BB’ sao cho M la trung diém ciia AA’ va B'N =§BB' . Puong thang CM cat dudng

thang A'C’ tai P va duéng thing CN cat dudng thang B'C’ tai Q. Thé tich khéi da dién 10i
A'MPB'NQ bang
13 23 7

A —. B. —. C. —. D.
18 9 18

O | U1

Cho lang try tam gidc déu ABC.A'B'C’ canh ddy bdng a, chiéu cao bang 2a. Mat phang (P)

qua B’ va vudng goc véi A'C chia lang tru thanh hai khoi. Biét thé tich cua hai khéi la V, va
- . 2 Voo

V, véi V, <V,. Tiso 71 bang

2

AL B. L. c. L. p. L.
11 23 47 7

Cho hinh ling try ABC.A’B'C'va M, N 1a hai diém lan luot trén canh CA,CB sao cho MN song

song véi ABva E—Aj = k. Mat phang (MNB'A’) chia khi lang tru ABC.A’B'C’ thanh hai phan

LA e 5 V. Car \
co thé tich V, va V, sao cho 71=2.Kh1d0g1atr10uak la

2
~1++/5 1+45

A k= . B.kzl. C. k= . D. k=—.
2 2 2 3

BANG DAP AN
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1.A 2.A 3.D 4.B 5.A 6.A 7.D 8.A 9.D 10.B

11.B | 12D | 13.B | 14.A | 15.C | 16.B 17.B | 18.D | 19.A | 20.C

21.B 22.C 23.B 24.C | 25.A | 26.C | 27.A | 28.B 29.B 30.B

31.D | 32.A | 33.A | 34B | 35.A | 36.B | 37.A | 38.C | 39.D | 40.C

41.B | 42.A | 43.D | 44B | 45B 46.B 47.B 48.B 49.B | 50.D

51.A | 52.C | 53.D | 54.C | 55.A | 56.A | 57.C | 58.A | 59.B | 60.D

61.D | 62B | 63.D | 64.D | 65.D | 66.C | 67.A

HUONG DAN GIAI CHI TIET

Caul: ChonA

D

Taco V

AMNP —

-Syp (A, (MNP)) =

W |-

:l.l.AB.AC-AD=7a3.
4 6

Cau2: ChonA
Goi O=ACNnBD,I=MPnSO,N =AInSC Khi dd

VABCDMNP = VS.ABCD - VS.AMNP
Pat azs—Azl,bzs—Bzz,c=£, =S—D=§ ta co
SA SM SN Sp 2

a+c=b+d:>c:§.

2

1+2+§+§
VS.AMNP:a+b+C+d: 2 2_7 -~V -V Vv - 1V=§V
VS_ABCD 461de 412§ E 30 ABCDMNP S.ABCD S.AMNP 30 30
1205
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Thé tich khdi da dién — Hinh hoc khdng gian
Cau3: ChonD
Trong tam gidc SMC, SB va MN la hai trung

tuyén cit nhau tai trong tim K = 2—1; = % .

BI la duong trung binh cua tam giac MCD = I
1a trung diém AB.

Vl = VS.AID + VS.IKN + VS.IND
<. 1 .
bat: VS.ABCD =V : VS.AID = Z‘V |
SK SN 211 1
=— —V =——-—-V==V;
SN GBSCT Y 3274 12
SN 11 1
VS.IND = Q’VS.ICD = EEV = Z'V

Vv
=V, = 1+i+1 .V:1.V :>V2:£.V:>—1=Z.
4 12 4 12 12 vV, 5

Céau4: ChonB

2 , o
V4 ape _ S ape _ AD.AE :(zj "
Ta co Viasc Sawc AB AC |3 &
1
Vs anc :EVABC.A'B'C'
4
= VA'.ADE = _VABC.A'B’C'
27 P P Sy R . cegia sy .
4 ’.
Dods 1o-27 _* AN
Vv, 1_i 23 "
27
Caub5: ChonA
Vv
racs Ve _BPBQBR 134_, 1,
wap BABCBD 345 : 5
Cau6: ChonA
Dat S—Brzx, S—Dlzy.Tacé SB,+ SD,= SA,+SC, —>x+y=8.
SB SD SB" SD' SA' SC
, Ve 1 1 1
Taco SS':};E = ﬁ = Vs ape = ﬁ S.ABC — EVS.ABCD'
, Ve 1 1 1
Taco =42€ - —_ =V __ =—1V =—V .
V. e 15y S.AD'C 15y S.ADC 30y S.ABCD
Tacs =Yz 11,1
sapcp S0 (X Y

Taco (x+y)[l+lj24 <:>1+12%:>k2i.
Xy
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Vay gia tri nho nhit cua k 12 6iO khi x=y=4.

Laicé;M:SMggzl.g,lzlzv :VS.ABC:§:]_-
d e OSA SB S 232 6 S.MNP 6 p
Cau7: ChonC
S
E
I
P R : 5

Hinh 2

Hinh 1

Mat phfmg (MNI ) cat khéi chop theo thiét dién nhu hinh 1. Dat Ve isep =V -

. 1 1 S 1
Taco S,,p =Supun = ZSAABC = gSABCD = —SAAPM = g .
ABCD
s d(L(ABCD)) 14k
M d(s,(ABCD)) SA Tkl
VI.APM _ AAPM d( ’(AB )) k k

%
:>VS.ABCD S asep d(S (ABCD)) 8(k+1):> AP 8(k+1)

Do MN//AC = IK//AC = IK//(ABCD)= d(I;( ABCD)) =d(K;( ABCD)).

k
VIAPM VK.NCQZMV
IH AH Al k
SD AD AS k+1

IH PH PA AH PA 2AH 1 2k 3k+1

—=—=——+—=—++ ==+ = .
ED PD PD PD PD 3AD 3 3(k+1) 3(k+1)

M& S, = Synco - =

Ké IH//SD (H € SD) nhu hinh 2. Taco :

_ED_IH ID _ 3k :d(E,(ABCD))_@_ 3k
SD SD ED 3k+1 ~ d(S,(ABCD)) SD 3k+1’

S v 27k 27k
2 = 2 = = = VE.PQD YT
SABCD 8 VS.ABCD 24k +8 24k +8
13 13
VEIKAMNCD 20 —Ve VE PDC VI.APM - VK.NQC = 2_0V

27k k ko, 18, 2k & =E<:>k=§.

98(3k+1)v_8(k+1)v_8(k+1) 20 2(3k+1) k+1 5

Céau8: ChonA
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 9:

,«'i”\,\{\
A \:>

SB’ SD’

, SB SD SA SC
Taco S+ = ytoy =xty=8 = y=8-x.

SB" SD" SA' SC

Ve 1 1 1
Taco ﬁ = E = Vs ape = EVS.ABC = %VS.ABCD'

Ve 1 1 1
Taco ﬁ = @ = Vs.A’D’C’ = @VS,ADC = @VS.ABCD )
Ta Cé k — VS.A'B'C'D’ — l 1+l = 4 = 4 = 4 .

sapco S0\x Y 15xy 15x(8 N x) 15(—x2 + 8x)

Taco1<x,y<8=8-x21 < x<7.

Xétham so f(x)=—x"+8x trén doan [L,7].
oy el x:0§£[1;7}

f(x)——2x+8, f(x)—O ©[x=4e[1;7:|

Tinh £(1)=7; f(7)=7; f(4)=32.

k dat gi tri 16n nhat khi f(x) dat gia tri nho nhat,

4 4

mmf(x)=7 = kmax :E:ﬁ.

Chon D

Goi canh cua khoi tir dién déu ban dau la a.

2
Ta ¢& AO=+AB>-BO’ = aZ_[&] :&
3 3
3 3
3 Jo 2 12 8

Thé tich cua ba khoi tir dién déu co chiéu cao x duogc catrala V =3.

B33 1R, ®
_1 o

h
8 2 8 "6 e

PENE) _ 33
8 8

Taco
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Céu 10:

Cau 11:

Chon B

A o'

+) Do khéi chop C".A’B'FE va khéi chop C'.A'B'BA ¢6

chung duong cao ha tir C'nén E
VC'.A’B’FE — SA’B'FE — 25A’B’E — A,E — 1
VC’.A’B’BA SA’B’BA 2SA’B’A A’A k

+) Do khéi chép C'.ABC va khéi lang tru ABC.A'B'C’

c6 chung duong cao ha tir C'va day la C
AABC nén VC’.ABC — 1 — VC'.A’B’BA — 2
ABC.A'B'C' 3 VABC.A’B’C’ 3 B
Tu va suy ra
Ve 2 1% 2 2
VC'ABPE =§:> v : :ﬁzvlzﬁ'vABC.A'B'C’
ABC.A'B'C' ABC.A'B'C’

V, = 2y
1 Pat V=V, Khido 3k ,

V,=V-V,=V-=—V

3k
Ma Y, 2 nén i.V=E(V—£.V)<:>£=E(1—£)c>£=z©2k=6<:>k:3
.7 3k 7 3k 3k 70 3k’ "7k 7
Chon B
Dung HM L CD tai M .
. [CD 1L HM
Taco = CD 1 (SHM)=>CD LSM.
CD 1L SH
(SCD)~(ABCD)=CD
Khi d6 {(SCD)>SM LCD nén goc gita
(ABCD) > HM 1 CD
(SCD) va (ABCD) lagéc SMH .
Theo gia thiét ta c6 SMH =60°.
Mt khac ta lai c6 ACMH dong dang véi ACDA nén HM = CH = 3 = HM = gAD = Ea .
AD CA 4 4 4
3a 33

Xét ASMH vuong tai H tacd SH = HM.tanSMH :Ztan60° :Ta.

Thé tich khdi chop S.ABCD 14 V ABCD = %Lf a.a” = %”S'

.ABCD —

1SH.S
3
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Thé tich khdi da dién — Hinh hoc khdng gian
Céau 12: ChonD

Goi O=ACNBD; F=DMnNAB; K=SBNnMN..

Ta c6: BAD =60° nén tam giac ADB la tam giac

déu.
K latrong taim ASCM :% =2.
MN 3
Xét:
Vv MK MF MB 211 1 1 5
VX;EZ = MN MD MC = EEE = g = Vikes = g'VM.NDC = Viesnoe = gVM.NDc .
R . 1 1
M&: Ve =2V upe V& 2V s =2.= Vi yop s Vi d(N,(BDC)):Ed(S,(BDC)) = Vs anco
5 5 7 V. 7
= Vz = VKFBNDC = gVM.NDC = 1_VS.ABCD = Vi =Vsunrn = Vsascr — Vi = EVS.ABCD = 7: = g :
Céu 13: ChonB Al c
Goi V la thé tich lang tru ABC.A'B'C" \\\\\ B4
\ Y Mm
Ta co: AR
AN
1 N
SAMNP = ZSBCC'B' AT\
d(A',(MNP))=d((A"),(BCC'B)) N
1 - L 1 2 B
=V = ZVA'BCC’B’ Mat khac: VA'BCC’B’ =V- VA’ABC =V —EV ==V
12 12
j—t VA'MNP =Z§V 22548 :8C7’n3.

Céu 14: Chon A

B

Trong mat phang (SBC), qua G ké duong thang song song véi BC cit SB,SC lan luot tai
M,N . Suy ra BC//(MAN), AG =(MAN).Vivay (MAN)=(a).

Ta c6 tam gidc ABC vudng can tai B, AC=a2 = AB=BC=a.
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ﬂ3

= Ve = %SA%.AB.BC =

Goi E la trung diém cua BC. Taco MN//BC:Sﬂ:S—Nzgzz.
SB SC SE 3

Khido: Lo _SMSN 22 _4_ V. _5_ ., 5, _5& b5t
V. SB'SC 33 9 V.. 9 9

SABC SABC

Céch tinh khac:
Goi H 1a hinh chiéu vudng géc cua A trén SB. Ta chimg minh duoc AH L (SBC) va BMNC
I4 hinh thang vuéng tai B, M .

3
Khido V,, . =~ AH.: BM(MN+BC) =1 W2 1 a2 f2a, | 1
37772 372 273 |3 54

ABMNC —
Céu 15: ChonC

Goi canh cua khdi tir dién déu ban dau la a,tacé h=

2
3
Thé tich cta khéi t dién ban daula V = %(Eh} .g.h = % .

3

r LA X oy ) Ko o7 1en A ’ <A < . OX
Do d6 tong the tich cia ba khoi tir dién déu c6 chiéu cao x dugc catrala o

3

Theo gia thiét ta co 3% = h

12

1K
—— o x=
48

Céu 16: Chon B

Ta thdy thiét dién cta (AEF) va hinh hop 1a tir giac

AFC'E.
. X+y+z+t
Taco VABCD.AFC'E = TVABCD.A'B'C'D'
, 0 BE 1 ccC' DF 3 1
trong dox =——=0; =—,Z= =1t= ﬁ = Z = VABCD.AFC'E = EVABCD.A'B'C'D' .

AA Y TBR T
Vay ti 1& thé tich ctia hai khdi 1a 1.

Céu l17: ChonB

17 | Facebook tac gid: Phan Nhét Linh



Thé tich khdi da dién — Hinh hoc khdng gian

Cau 18:

Céu 19:

Tacd B’ A
1 o
Veawe = EVABCA'B'C'
1 12 1 N M
VBB’MN = VA'BB'N = EVA'BCB'C' = E'EVABCA'B'C' = EVABCA'B'C'
1 12 1
Vagpe = EVABCB'C' = E‘EVABCA'B'C' = EVABCA'B'C' B Cezoo e S / A
G
2 22 4
VA'BCN = EVA'BCB'C' = E'EVABCA'B'C' = EVABCA'B'C' ©
Do d6 thé tich cua khéi A’'BCN nho nhat.
Chon D

Do S.ABCD la hinh chép tir giac déu nén hinh chiéu
cia S Ién mat phang (ABCD) trung véi tam H cua
hinh vuéng ABCD.

C' 1a trung diém cua SC va H 1a trung diém AC
nén I = AC'nSH latrongtam ASAC

:SlzgSH
3

Ta co:
BD 1 AC, BD 1SH = BD | (SAC) — BD 1 SC = BD//(P) — BD//B'D’

Mat khéc: (P)(SBD)=B'D’, e AC'<(P),1eSH <(SBD) =1eBD'

Dodg: 2B _SD _ ST _2
SB SD SH 3
1y
Taco: L _ Vs apcn _2 S-ABCD _ Vs anc _ Zl — l
> Vsaseo 1{/ Vo 32 3
5 V$.ABCD
Chon A

Goi E,F lan luot 13 trung diém ciia BC,MN . Goi H 1a
trong tdam AABC.
TacO: ASBC cantai S = SF 1. MN.
SF 1L MN
MN =(SBC) n(AMN) = SF L(AMN).
(SBC) L(AMN)

Ta c0: AASE cO0 AF vura la duong cao vua la duong
trung tuyén = AASE cantai A .

2
:>SA=AE=Q;SH= SAZ_AHZ:@’SAABC:&'
2 6 4
1 3 31 a15 @3 25
VSAMN:ZVSABC:VSAMNCB:ZVSABC:Z'E 6 4 = 3
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Céu 20:

Cau 21:

Céu 22:

Céau 23:

ChonC
S
Ké MQ//SC,NP//SC ta dugc (MNPQ) chinh la
mat phang (a).
Ba mat phang («),(SAB),(ABC) giao nhau theo ba M
giao tuyén MN,AB,PQ ddng quy tai I.
Xét trong tam giéc SAB co
MSIANB 1 1141 1 nen B 1atrung diém A c
MA IB NS IB 2 P
cua IA. B
Cac tam giac SAI,IAC lan luot c6 cé4c trong tam 4
N,P. |
Goi thé tich khéi chop IAMQ1a V.
.V Vv
raco: Ve (BN P 122 2V, 7, 7,
Vo 1AIMIQ 2733 9V 9 9
\%4
asc _ AB A5 AC :lz.z:z:»vwC =2V=V,+V, =2V (2)
Vo Al AM'AQ ™ 2 :
Tur (1)va (2)suy ra V, —ov-Zy Uy tudosuyra =7
9 9 v, 11
Chon D

Ta co tir dién AMNP vudngtai A nén V = %AB.AD.AA’ = %.8a.18a.28a =672a’.

Chon C

pat 24 _1;=285C 1. 9D g
SA SB SC 2 SD

SA SC SD SB 1 1

SA SC' SD' SB' Xy

Co

m=Yewcw _Vowe 1B SC'SD'_1
Vo iser 2Vspgep 2SB SC SD 4

3:l+lziz>xy2é:>m21.
Xy \/E 9 9

SA'_,. _SB.__SC'_1. _SD'

bat x=—=1, y=—; z=—== t .Taco
SA SB sC 2 SD
1+1:1+1 <:>1+2=l+1c>1+1=3.
x z y t y t y t
Ma m = Vspep — Vspep :1SB’.SC'.5D, _1y )
V 2V 2SB SC SD 4

S.ABCD S.BCD
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Thé tich khdi da dién — Hinh hoc khdng gian

1 1 t 1 t? 1 1
;:3—;®y:m, [g<t§1j :>m=f(t)=mﬁl’éaj(f(t)=f(§j=g

Céu 24: ChenC

Goi V=V,,,
Ta co: V np _ AM AN AP _ 1 SV, =1V
Visep AB "AC'AD 8
1 1 1
Tuong tu Vy s = 3 =V Venor = 3 =V Vo ks gV
1 1%
VMQNPSR =V =V~ VB.MQS B VC.NQR ~Vprrs =V~ 4'§V - 2

Theo gia thiét V Vionpse = =2 o % —92 &>V =182.

3
Dat d6 dai canh cia tr dién la a,tacod: V = \/_—18\/_c>a 6.Vay a=6cm.

Céu 25: Chon A

Nela ACD
Taco () ):(a)m(ACD) NE//AD[E cp,PE_ AN _ 3}
AD//(a) DC AC 3
Me(a ABD
(@) ):(a)m(ABD) MF//AD(FEBD br_AM 1).
AD//(a) DB AB 3
Nhu vay thiét dién cua tir dién ABCD cit bdi (a) 1a tir gidc MNEF .
VA.MND_AMAN 12 2 Y —EV
S —ES —lS
Vb _E_l. Vo s :SMNB _ S apc =S aun ~Spen _ABC gTaRc gt 4
VD.MNB DB 3 VD ABC SABC SABC SABC 9
14 4
= Ve = 5'§VA BCD ~ 57 Vaco
Vopw _DE DF_ 21 2, Vb.can SCBN CN _1 12 2
" PR 22 o = == = Ve =55 Vaseo = 55 Vaseo
Voesw DC DB 33 9 V,u. Su, CA 39 27

Cong theo vé ta dugce:
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Phan Nhat Uinh
2 4 2
VA.MND + VD.MNF + VD.EFN = §VA.BCD + EVA.BCD + EVA,BCD
12 12 22 V2 42
SV ="V =55 = = '
27 27 12 27 108
Céu 26: ChonC
P=ENNCD . .
Goi suy ra thiét dién cta tir dién ABCD cat boi (MNE ) la tr gidc MNPQ .
Q=EMnNAD
1%
Taco: —eore - ED EP EQ pp o gia thiét: BE (- ED_k= 1,
Ve EB EN'EM BD EB  k
. MN //AC
Ta thay: = PQ//MN//AC = £Q 2
(EMN)n(ACD)=PQ EM EN
Xét AEAB céd EM la trung tuyén
L+ 1
:>EB 1_2]5M:>EM:]<_1 :Zk—l EQZZk—Z
ED EQ EQ 2 2k—-2 EM 2k-1
V _ 2 _ _ 2 2
Thay vao: ~eora _ k=1 (Zk 2) vV |k 1(2k 2} _8k 11k+;4 |
E.BNM k 2k-1 Ve anm k 2k-1 k(2k - 1)
Lai co:
Ve _ (E(BMN))Suw _ EB BM BN _k
Vouse  d(D,(ABC))S,,. DB BA BC 4
- 8k*—11k+4 k 8k*—11k+4
Tu va suy ra = —.—= 5
A.BCD k(Zk—l) 4 4(2k—1)
11324° o4
1N 2 2 -
Nhuvay —204 S -llked 22 ST d o goe 187k+108-0| 27
V220 a(2k-1) 49 4(2k-1) k==
40
12
Vay k=4.

Céu 28: Chon A
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Thé tich khdi da dién — Hinh hoc khdng gian

Goi P=(a)nSD, Q=(a)nSC, R=(a)nSB, E=(f)nSD, F=(f)nSC, G=(B)nSB
thi theo deé ta co:

* Ve wpor =10 dm®
V S.NEFG V S.NEF + Vs NGF’
\%
_ S.NEF _ SN SE SF =222= VS NEE — 8VS MPQ !
Vowro SM SP'SQ ' |
Vv
_VS.NGF _ SN SG SF =222=V, o =8V MRQ
VS.MRQ SM SR SQ | |
= Vsnere = Voner T Vsnor =8V, mro T 8V MRQ S(VS mrg * VS'MRQ) 5Ys. MPoR = =80 dm’

Vay thé tich ctia khdi chop cut NEFG.MPQRIa V = Vsnere — Vopor =80-10=70 dm®.

Cau29: ChonB

Ta chung minh PQ//BC.
(SBC)n(SAD)=d

Giai str (SBC)(SAD)=d khi d6 ta co: (SBC)n(ABCD)=BC
(SAD)~(ABCD) = AD
BC//AD

M,N lin lugt 13 trung diém cac canh SA,SD néntaco MN // AD, MN / / d.

(SBC)n(SAD)=d

(SBC)n(a)=PQ

= d//BC, d//AD.

Ta lai co: = PQ//MN = PQ//BC.
(SAD)~(a)=MN
d//MN
Xét tam giac SBC c6 PQ/ / BC, S—P:x =>— SQ E—x.
SB SC SB
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K: Vs anop _ Ve T Venor _ Vs e + Vs.nop :1_SM.SN.SP+1'SN.SQ.SP
Vo Ve o Vs anen 2Ve uon 2Vipes 2 SASBSD 2 SD.SC.SB
111 11 x +2x°
—- ... X+—-—-XxX-X= .
222 22 8
x_—1+\/£
. V 2 a
Theobaira V=2V, » 1= X*20 1 Hhe iy 40e 4
v 2 8 2 1%
X=——
4
Ma g:x3x>0:>x:ﬂ.
SB 4

Cach 2:

Str dung cdng thirc tinh nhanh ti 1é thé tich caa khéi chop tir giac nhu sau:
Cho chdp S.ABCD vamat phang (e) cat cac canh SA, SB, SC, SD ciia khéi chop tai cac diem

M,P,ON voi 22 P SM_SN_1
SC SB SA SD 2
x 11
. L VoV RPN 2
Thitach: A=_smveo "= 2 2(1 1 5 o) x+2x7
Vo Vo 4 x X
‘e ~1++/33
. V 2 =
Theobaira: V=2V, > =1 X200 1 oty 40e S
vV o2 8 2 —1-+/33
X=—
4
Ma S_P=x3x>03x:ﬂ
SB 1 N .
o]
Céu 30: ChonB
bat BC=a4,CC'=b X
Dién tich tam giac NPQ' la:
dp
11ab
Snrg' = Spcen _(SNB'Q' +5pc0 + Speon ) = 0 M\ c
a
|4 :
Suy ra: Juwg A1 peegy Vi 11
A'.BCC'B’ Viscew 30
< -~ 1 2
Matkhac: V., pecp + Vi ase = Viscawe © Vigeon +§V2 =V, oV, secn = gvz
Do d6: Vi :E ng
EV 30 V, 45
3 2

Céu 3l: ChonD
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Thé tich khdi da dién — Hinh hoc khdng gian

Trong mat phang (ABCD), kéo dai MN cit DA, DC lan luottai F, E.

Trong mit phang (SAD), goi FKNSD =Q . Trong mat phang (SCD), goi QENSC="P.
Suy ra thiét dién 1a ngii giac MNPQK va MN// AC // PK .

Pit h=d(S,(ABCD))

KA KA t t
Tacé: FA=BN =~ AD =2 _3,
2 FA

Ap dung dinh ly Menelaus cho tam gidc SAD, suy ra
QS FDKA_; Q553 1 Q5 10D 3 _ o apep))- 3y

QD'FA'KS ~ QD QD 3t SD 3t+1 3t+1
. -~ 1 1 9
Mat khac: Seam = Snce = Spn = ZSABC = gSABCD = Sper = gSABCD

Suy ra thé tich cua khdi da dién khong chira dinh S 12

(3 ,9. ¢ 1. t 1
V=V _ -V -V, == h2§———2§-—_ -5
QDEF — "KAMF " PECN 3(3”1 8" t+1'8 t+18)

1 27t 2t 27t 2t
= [ - J'h'SABCD =V Z( - ]VABCD

37 8(3t+1) 8(t+1) 8(3t+1) 8(t+1)
Phan thé tich ciia khbi da dién khong chaa dinh S bang % phan con lai suy ra thé tich caa khoi

da dién khong chita dinh S biing ;_3 thé tich khéi chép S.ABCD

271 20 13 2

T8(3t+1) 8(t+1) 20 3

Céu 32: Chon A
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Céau 33:

Cau 34:

Df
! N
B o7
P
oy e EE D
B¥ (o

Goi Q la giao diém ciia mat phang (MNP) véi BB'.

Giasa AM _y, g§= , gg: , IZ}Szt.Khidc’) xty=ztt.

VA’B’D'.MQN _ xX+z+t - VA’B’D'AMQN _ X+z+t

VA'B'D"ABD 3 VA'B'C'D"ABCD 6

VC'B’D’.PQN _ y+z+t - VC’B’D'.PQN _ y+z+t

VC'B'D'.CBD 3 VA'B'C'D'.ABCD 6

ﬂn+1 = _2an

Visronvey _1(AM_CPY_1(1 1)_5 _ 5 5275
VABCD.A,D,C,B, 2 AAI CC' 2 2 3 12 MNPQ.A'D'C'B’ 12' ABCD.A'D'C'B' 6 '
Chon A

Vi SA =SB =SC =SD =+/2a nén hinh chiéu vudng géc ha tir dinh S xudng day trung véi tam
duong tron ngoai tiép day, tic 1a trang véi diém O = ACNBD.

2 2 3
Tacé: SO=SA?— AO” = ,|24> — 3 ;“ - @ =V, wuep = %.SO.SABCD - JET”

. SE SE SF 2 (3a®) 2 1(~3a®) 5V3d°
Taco: Vg yper =V ape + Vo aer = % SABC +§S_D SACD — 5 6 +gz 6 = 36
Chon B

95 | Facebook tac gid: Phan Nhét Linh



Thé tich khdi da dién — Hinh hoc khdng gian

Bt S =x(0<x<1), ki higu V. lin luot 4 thé tich va chiéu cao cia kndi chop da cho.

Theo dinh Iy Ta-let, ta co: MN _NP_ PQ = QM = SM_

AB BC CD DA SA
‘ d(M,(ABCD)) AM

(5,(ABCD)| T = d(M,(ABCD))=(1-x)h.

VAVAY V00 wrg = MN.MQd(M,(ABCD)) = x*.(1-x)h.AB.AD = 3x* (1-x)V

3
Theo BDT Co-si, ta ¢co: x? (1—x) =%x.x.(2—2x) < %(%Mj = 24—7

Do @0, VMNPQ'M,N,P,Q, < gV . D4u “=> xayra < x=2-2x<x= %

Céau 35: ChonA

D
.. |(ABE)n(SDC) = Ex
Ta co: = Ex||DC||AB.
AB||DC
Goi F=ExnSD, S—sz,(0<x<1) :>S—F=S—E=x
SC SD SC
Do ABCD la hinh thang c6 AB=2CD nén S,, ., =2S,..,c = S.inc =%SDABCD;SAACB =§SUABCD.

Ta co:

1% S 1 L
VS.ACD =3 MDD ===V o= gvs.ABCD

S.ABCD

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 26



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

V.

S.ABC  _ Saanc _2 =V e = 2Vs ABCD *
VS.ABCD SEIABCD 3 ' 3 ‘

v SE SF 1
Lai C6; —SAEE _ ES_D =xX= Vi apr = xZ.VS_ACD = gxz'VSAABCD )
S.ACD

1% SE 2
—VS'ABE = C =X = Vs upr =XV apc = gx'VS.ABCD )-

S.ABC

Theo bai ra m3t phang ( ABE)chia khdi chdp S.ABCD thanh hai khéi da dién c6 thé tich bang

. 1
nhaunén V, ... =§VSABCD
Vo Vo =3V 57455 Vo =3 Vo © 3 5730
v —2+\/E
PN 2 .DoO<x<1:>x=M-
. —2-410 2
2

Céu 36: Chon B

Dat SS—ZI\;I =x(0<x<1), ki higu V,k lan luot la thé tich va chiéu cao cua khdi chop da cho.

Theo dinh ly Ta-let, ta co: MN _NP_PQ_SM_ X
AB BC CD SA

) s =)

VIVAY Vo v = Sypd(M,(ABCD)) = x> (1-x) .S 15 = 32* (1-x)V

3
Theo BDT Co-si, ta co: x° (1—x) =%x.x.(2—2x) < %(%Mj = 24—7

O | >

A Al 9 2 2
Do @0, V,,p ymp <=V . Dau “=" xay ra <:>x=2—2x<:>x=§.

Céu 37: Chon A
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Thé tich khdi da dién — Hinh hoc khdng gian

C

bat S—sz(0<x<1). Theo dinh ly Ta-let, ta co: SM _SN_SP_ .
SA SA SB SC
R SM SN SP S,z 1 .
Va Vg, ZS_A'S_B'QVS- e =XV e Theogia thiét, v, =5VS'ABC nén
X = 1 S x= 1
2 2

Céu 38: ChenC

Taco V, = %SA.S 1% lsps 1y

ABCcD ' V's.ABCD — 3 ABCD — R

Goi H=S'ANSD ,L=SBn(SCD) khi dé thé tich chung cua hai khoi chop S.ABCD va
S'.ABCD la thé tich khoi HLCDAB. Do AB//CD nén giao tuyén HL cua hai mat (S'AB) va
(SCD) phai song song véi AB.

SH SD

S'H

V.=V 2=

-V _ 2 =
1 HLCDAB S'.ABCD S'.HLCD
HA

1 1

—_= -
SA 2 SA 3
Voup SHSL

11 1 1 1
—o=—V,
V, o SASB 33 9

e V4 S
S'.HLD S'.ABD S'.ABCD
9 18
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V. SL 1 1 1
VZ::ZZ = @ = 5 = Vo0 = EVS’.BCD = g Vs apcp

1 1 2
Voner =Vsup * Verop = E Vo apep + g Vo apep = §VS’.ABCD

7 7 .V 7
= Vi =V asep = Vsriep = §VS’.ABCD = Evz . Vay 7: = E

Céu 39: ChonD
S
M
P
A C
B

Mat phfmg (P) song song voi (ABC) va cét céac canh bén SA,SB,SC lan luot tai M,N,P.
SM SN SP

Theo Ta-lettacd: —=—=—=x>0.
SA SB SC
Do do6 MZS_M.S_N.S_PZXT“ >0.
Voue SA SB'SC
Theo gia thiét: lecmf =1<:>x=i:>M=ﬂ:i:MN=L.
VSABC 2 2 2/5 AB SA %/E %/E
Vi tam gidc ABC déu canh a nén tam giac MNP 1a tam giac déu c canh bang % :
2

_ (;EJZ ¥ _ @3 |
Mxp 1 h

Céu 40: ChonC

Viay S
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Thé tich khdi da dién — Hinh hoc khdng gian
Taco Yoo _SD
1% SA

2

Goi H=S'ANSD,L=SBn(SCD) khi d6 thé tich chung cua hai khéi chop S.ABCD va
S'.ABCD la thé tich khoi HLCDAB. Do AB//CD nén giao tuyén HL cua hai mat (S'AB) va
(SCD) phai song song véi AB. V, =V, =

HLCDAB S.ABCD ~ VS'.HLCD '

SH S'D S'H k S'L k
HA SA SA k+1 SB k+1

5.4BD (k+1) (k+1) 2(k+1)

Cau4l: ChonB

Goi M 1a trung diém BC, F = SAm(a), trong do (a) 1a mit phang chira BC va vuéng goc
SA, H la hinh chiéu ciia G 1én SM . Tac6: SA L(a), FM < (a) nén SA LFM.

Vi S.ABC 1a hinh chép tam gidc déu nén SG la duong cao hinh chép tng voi day (ABC) va
ABC 1a tam giac déu.

Ta c0:

AM vira 1a dudng trung tuyén, vira 1a duong cao trong tam giac déu nén AM L BC .

SG L (ABC), BC=(ABC) nén SG L BC.

AMNSG =G va AM,SG < (SAM).
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GH L SM

GH 1 BC
SMNBC=M
SM,BC = (SBC)

Suy ra BC L (SAM) = BC L GH . Do do: = GH 1 (SBC).

, SGN(SBC)=S5 o g X
Ta lai co: = SH la hinh chi€u vuong goc cia SG [én (SBC) .
SH 1 (SBC)
= (SG,(SBC)) ~(3G,SH)=GsH =30°.
Gia sir canh ctia tam giac déu ABC 13 a.

Xeét tam gidc SGM vuong tai G, ta co: SG:GMcot30°:§.f:§.

2 2
Xét tam giac SAG vuong tai G, taco: SA =+ AG* +SG’ = f%JJZ _ a\éﬁ.
a a\/g

SGAM 5 5 3a7

Trong tam giac SAM , ta c6: MF = = =
9iams SA w21 14
6

2 2
Xét tam gidc AFM vuong tai F,tacd: FA =+ AM* —FM? —\/(&] _(311\/;] = ”\/Z,

2 14 7
a21
SUYI’aE:l—ﬂ:l— 7 =1—§=1-MaMzgzljmzvswc:lv&wc
SA SA a21 7 7 Viue SA 7 ey
6
6 V1
:VZ:;VS_ABC Do d6 Vizg

Cau42: Chon A

B

Goi M,N,P lan luot 13 giao diém cua mdi canh bén SA, SB, SC tuong ng vai cac canh bén
OA', OB', OC'. Phan chung cua hai khdi chép S.ABC va O.A'B'C’ la khébi da dién SMINPO .
Tur gia thiét ta ¢ (ABC)//(A'B'C')ma ta c6 MN // AB// A'B', NP [/ AC// A'C' do d6
(ABC) // (MNP), (A'B'C")// (MNP)va AMNP déu.
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Thé tich khdi da dién — Hinh hoc khdng gian

Xeét cac tam gidc vudng SMI va OMI ta cO SI = MI 5 = MI\3, OI ML 5= MI suy ra
tan 30 tan60 \/5

SI SI MN 3 Ol MN 1

—=3suyra—=—=—, —=——=—.

Ol SO AB 4 0OS A'B'" 4

!’ V
Suyra%—?;hay O‘;BC =3=9=>V, pe =9V,

2

3 3
Do dé Yeame _(SL) _(3] _27
% so) \1) "

2

3 3
Voump _ ﬂ _ 1 _ i — Voumr _ i T do E _ Voue + Ve _ z 9 9
V, oS 4 64 V, 64 V, V, 64 64 16

O0.A'B'C'

Céu 43: ChonD

Gia st cat vién da khdi chop tr giac déu S.ABCD theo mit phang (MNPQ) song song voi
(ABCD) nhu hinh vé.

SM_SN _SP_SQ _
" SB SC SD

Theo Ta-let ta co: >0.

Theo gia thiét ta co:
VS.MNPQ _1 PN VS.MNP +Vs MPQ 1 PN VS.MNP + VS-MPQ zl = % g[@_,_&j — %

Veaser 2 2V asc 2 Ve Vsan 2 54 'sc{ SB SD
<:>2x3 :lﬁx:i:@:%:L:MN:L_
2 s = AB SA Y Ya

2 2
Vi ABCD 14 hinh vudng nén MNPQ 1 hinh vuéng canh —= . Vay S :[—] -4
%/Z MNPQ E/Z 2%/5

Céau44: ChonB
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Taco Vscpc _ “cBC :1 -~V
A.BCD

Cau 45: Chon B

Taco S,,. = %ACz - %(2\/5 )2 =4 va d(C',(ABC))=C'H = AC'.sin60° =243 .

Khi do, V,,cpe =

Vv

ABC.A'BC' VA.A’B'C’ = VABC.A'B’C’ _5

1% ==V

ABC.A'BC' 5 ABC.A'BC' —

1 2 %.4.2\/_ - —16;)/5

Cau 46: ChonB
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Thé tich khdi da dién — Hinh hoc khdng gian
Goi O, O', M,N,P,Q lan luot la tdm cua cac hinh chir nhat ABCD, A'B'C'D’', A'B'BA,
BB'C'C, CC'D'D, AA'D'D.

Ta c6 phan chung cua hai khéi tr dién A’BC'D va AB'CD' la bat dien OMNPQO' .

Goi M',N',P',Q" lan luot 14 trung diém cua AB,BC,CD,DA . Tac6

1
S -4-S
SMNPQ B SM,N,P,Q, B S scs —SAM,Q, =Spun —Senp —SDP,Q, _ Zascs g JABCE 1
SABCB SABCB SABCB SABCB

Ngoai ra, chiéu cao cua khdi chop V., bang %chiéu cao ctia khdi hop ABCD.A'B'C'D’ .

Suy ra Ezzv‘lﬂzzlllzl
, Vv, 232 6

Céu 47: ChonB

Pit V=V, .»o . Ly diém E trén CC' sao cho

CC'=3C'E.
A'M BN CE 1
Suy ra = = =— = (MNE)//(ABC).
4 A'A BB C(CC 3 ( )//( )
.. 1
Ta co: Ve = EVA’B’C’.MNE
2 - L. 1
=V, = EVA'B’C'.MNE -Matkhac: Ve e = EV .
Suyra V, 21y 2y =V, vy Ty 2
33 9 9 9 v, 7

2

Céu 48: Chon B
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Tacé M,N latrung diém cta SA,SC nén SM_SN _1
SA SC 2

Cach 1: Ap dung dinh 1y Menelaus cho ASOD ta cé :
PS BD 10 PS PS 1 SP 1
ot [ N P P AP oMl
PD BO IS PD PD 2 SD 3
Céch 2: Ké OH //BP, tac6 O la trung diém cia BD nén H 1a trung diém ctia PD .
Taco OH//IPma I 1a trung diém ctia SO nén P 1a trung diém cua SH .
Suyra SP=PH =HD :>£=1.
SD 3

N Vv 2V
Theo cong thure ti s0 thé tich ta ¢ ; —SEMEN. = —_SBMP SM SP _
S.ABCD ZV

SBAD

Cau49: ChonB

Goi D,E,F lan lugt 1a trung diém céc canh BC,CD,DB.
3 3
, 2 2) 1 2 2
Taco VAMNP = (5} VADEF = [gj 'ZVABCD = EVABCD = 5'54 =4.

Céu50: ChonD
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Thé tich khdi da dién — Hinh hoc khdng gian

AL

Goi A'H 1a duong cao cta hinh hop
Khi d6 (AA’;(ABCD))= A’AH =45° = A'H = AA':sin45° =52

S.scp = 6°.sin45° = 18\/5 Nén V., wwen =Sapen-A'H=180.
2 2 2
Vaseoos = Vasoos + Vesops =5V +=V

==V =120
ABD.A'B'D’ BCD.B'C'D’ ABCD.A'B'C'D’ :
3 3 3

Cau51: Chon A

Cl
7
”

Dit V=V, spe- TaC0 Ge(ABC) nén V, ... = %V :
1 12 1 . 1 12
VBB’MN = VM.BB’N = VA.BB’N = E'VAABB’C’C = Egv = gv ) VABB’C’ = EVA.BB’C'C = E 5
, S CN 4 . 4 4 1 41 2 4
Taco BN — —_ —— Veorr ==V, ===V, ===-=V==
SCBC, CC! 5 ABCN 5 ABCC 5 2 ABCCB 5 2 3 15

Vay khéi tir dién A'BCN c¢6 thé tich nhé nhét.
Céu52: ChonC
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Cf

AI

B
Goi d la khoang cach gitra BB’ va CC'.
, 1 1(3 4 1 31 31
Taco S =—(CP+BN)d==.|=-BB'+-CC' |d==.—BB'd=—S5__ ...
BCPN 2( ) 2 (4 5 j 2°20 40 PCP
31 31 2 31 2
Do do VBCMNP VM.BCPN ZE M.BCC'B' E 3"/ ABCABC E 5 60 =31.

Céu53: ChonD

Goi P=CDNNE, Q=ADNME, khi d6 (MNE) chia hinh chép 1a hai khéi da dién gom
ACMNPQ va BMNDQP.
D& dang ching minh duwoc P, Q lan lugt 13 trong tdm tam giac EBC va EAB. Khi d6:

EQ EP 2 ED EQ EP 122 2

EM ﬁ 3 . Taco VE DQP — EB "EMEN VE.BMN :§'§'§VE.BMN =§VE.BMN
7

= VBMNDQP Ve — VE.DQP = §VE.BMN .

d(E;(ABC

Laicod S, =1SAABC, M:EZZ

4 d(D;(ABC)) DB

d( E; ABC
Nén Yoy = ( ) —— :2-1—1 suyra VvV, BMNDQP _Z'l'VD.ABC :1'VD.ABC

Vb.asc ( ; ) AABC 4 2 92 18
11 11 2 11324°

=V =Vaenwrg = Voase ~Vowsoor = 75 Voae =155 = 210

Céub54: ChonC
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Goi d la khoang cach gitra AB va CD.

Tac S, = %(BM+CN).d =%.(%AB+%CD].&Z =%2 AB.d = %.SABCD.
Nen V., ==V, . = 48=20.

S.MBCN ~ 7 *'S.ABCD 212

Céu 55:Chon A

Goi B ladién tich tam gidc ABC, h la d6 dai duong cao cua hinh lang try, suy ra V = B.h. Goi
Q latrung diém AB, G la trong tAm tam giac ABC . Goi V, la thé tich khdi chép BMNP, V,
1a thé tich khdi chép MBNE véi E=QCMP.

TacéﬂzgzﬁzgdoPC//MQvaPC=2PC’ nénﬁzgzg.
ME QF MQ 3 MQ cC' 3
Tacév_lzwzl 1:lV2
v, ME 3

Do GC :%QC,CE =20QC= GE=GC+CE :%Qc.

Ta lai co V. :15 Jhi. Ta tinh dién tich tam gidc BNE theo dién tich tam gidc ABC ta cé
2 = 3 IBNE g g

8 8

Sene = Spee T Snce = E(SNQC +SBQC) = ESQBNC .
.S AQ AN 1 3 , 8
Ma SAQN T :ZjSQBCN =ZSABC dodé S, =55QBNC =2B.
ABC
" 1 1 2V 1 2V
Nén V2 =§SBNE'h=5'2B'h=? f— Vl ZEVZ 27.
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Céau 56: Chon A

Goi H, K lan luot 1a trung diém cua BD, BC va I = EM n AB. Ap dung dinh |i Menelaus cho
AM HE BI 3 E BI 2 3

tam gidc AHB tadugC —.—.—=12—-.—=1—==-< AI=—AB

MH EB IA 4 IA IA 3 5
AL_3 AN 2y duong thang IN va BC cat nhau, goi giao diém 1a F.
AB 5 AK 3

Goi P=EM N AD. Vi MN//CD nén 4p dung dinh Ii v& giao tuyén ciia ba mat phang
Taco PQ//EF//CD.

Ap dung dinh Ii Menelaus cho tam giac ADB ta duoc

APDEBI_  AP12_, AP_,

PD EB IA PD 2 3 PD

2

12

Vo AP AQ Al 333 27 27 27 2 . CNGYS
= e L e oV = Ve = o VY V=
Vo AD AC'AB 44’5 80 80 80" 12 320

C6 ABCD la ti dién déu canh bang a=V,, . =

Cau57: Chon C

' B
A
+ VM.BCPN

Taco V

ABC.NMP —

1%

M.ABC

Trong do V L

M.ABC — A
3

S

__ ~BCPN
VM‘BCPN - S

X
ABc_g

d(M,(ABC))S 1 o

_ BP+CN M
M.BCCB — ppr ot ABCCE "‘*-._\ -------------- .

BCC'B'

:y+z.zvzy+zv_
1+1 3 3 g

PRI CIEEEEEECEL NEREEEEE CEREEEERS
. X+y+z
Khi d6 VABC.MNP = 3 V. /

Vay V 1 X+y+z

V<

ABC.MNP — =~
2 3

V=1V<:>x+y+z=§.
2 2

Céau58: Chon A
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(o
D
E
B
F
A

CE CO* 9 AE1CDCO29 BD4APA021 BF 4
Taco — = === = = — s ==

CA CA> 10 AC 10'CB CB* 13 BC 13 AB AB* 5 BA 5
Ta c6 thé tich khdi tir dién OABC:V():%OA.OB.OC=1.

AO AE Ar 1 _CO CE CD 81

Taco: V, o = —V,==V,,V, Vo=V

ACEF T AO"AC AB ° 50 °' P T CO'CA'CB " 130 °

BO BD BF 16 1 81 16 36 36

=~ ——.——V =—V.Vay V. e V==V =
500F “BOBCBA 0 65 0 Y Yo ( 50 130 65j ¢ 325 % 325

Céu59: Chon B

Cé MN // AC = (MNP)n(ACD)=PQ// MN// AC . Ta chia khéi da dién thanh cac khéi tir
dién V =V

BMNPQD D.PQB + VB MNQ VB.PQN :

2
=

Thé tich khoi tir dién déu da cho 1a V, = o

2
DP DQ DB 2 4

T2 Voros = e pa DB (5) Vo=g%

X _BM BN BQ 1 1 Suco 1 AQ 1
Va. V :—_—V :—._V — V .

BMNG T BATBCTBQ PACT 4 BAQT 4 0T 4 AD 0T 12

; BP BQ BN 1 1S 12 1

Va VB~PQN - BPBQ BC B.PQC :E B.PQC :E'SPQC VO :E-gvo :§VO .

Viy U £4 1+1jVo 232 232

+_
BMNPQD 19 12 9 36 12 432
Céu 60: Chon D
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*C6 MN // AC = (MNP)(ACD)=PQ//MN . Ta chia khdi da di¢n thanh céc khoi tir dién
V =V +V + Vi pon -

BMNPQD D.PQB B.MNQ

2

*Thé tich khoi tir dién déu da cho 1a V, = o

2
] DP DQ DB 1 1
Ta co VD.PQB :D_Cﬂﬁvo 2(5] VO =§VO'
. BM BN BQ 1 1 Sico 1 AQ 1
VaVv == =V =—. V=——V ==V
B.MNQ BA BC BQ B.ACQ 4 B.ACQ 4 SACD 0 4 AD 0 6 0
. BP BQ BN 1 1 Spoc 12 1
VaVv == ==V =——V ===V ==V,
B.PQN BP BQ BC B.PQC 2 B.PQC 2 SADC 0 2 9 0 9 0
Vi U (1,11, _7 2 72
R A R T TR T
Céu6l: ChenD
A C

Ta ¢6 A la trung diém coa PC' ; B 1a trung diém cia QC' . Do d6

SC’PQ 1 4
VC.C’PQ = EVC.A’B’C’ =4V ypo = 4'5VABC.A’B’C' = 5 :
A'M BN C'C 1 1
. AA BB ' CC 2ttt 2
Mat khac V0 e = 3 Vs awe = TVABC.A’B’C’ = 3
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Dodo V =

A'MPB'NQ ccrQ

1%

A'B'C'.MNC —

Céau 62: ChonB

N

D C

Goi O=ACNBD = SO L(ABCD); P=MBNAD va Q=SDNMN suy ra Q 1a trong tdm

d(Q,(ABCD
cua tam giadc SMC :Q—Dzl :le.

SD 3 d(S,(ABCD)) 3

Mit phang (BMN) chia khdi chop S.ABCD thanh hai khoi da dién, trong d6 khoi da dién chira

dinh S 13 SABPQN .

Tac6 d(S,(ABCD)) =50 =V5A"— 40" = X2
2

3
=V, af.

1 1
i anco = 54(S/(ABCD))S 1y =2 SO.AB* =

ABCD —

1

4 11 MD.BC a°+2
CO Vy peu ng(N,(ABCD)).SBCM Zg.zd(S,(ABCD)). _1a \/_

12
MD.PA a2
72
v _a3\/§+a3x/§_a3\/§:7a3\/§.

SABPON — g 72 12 72

) 1
Lacod V= gd(Q,(DMP)).SDMP =

d(S,(ABCD)).

W=

1
5

Ma VSABPQN =

V +V

S.ABCD Q.DMP

V

N.BCM

Céu 63: ChonD

Thé tich khéi hop di cho V =62.8=288. Goi E,F,G,H lan luot 1a trung diém cua
AA',BB',CC',DD'
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Taco VACBDMNPQ VABCDGH - (VA.MNQ + VBAMFN + VC.NGP + VD PHQ)
1 DH DP DQ 1111 1
VABCDGH ZV VAMNQ VBMFN VCNGP VDPHQ DDV.Dcv.DAV'VD.D'C'A' :EEEEV :EV
1 1 1 1 1 5
Vay V =—V-|—V+—V+—V+—V |=—V=120
* Y acopmrg =7 [48 48 48 48 ) 12

Céau64: ChonD

1
. V500 g'd(s’(ABCD))'SAAQD 1
Taco V, = =V upo T Vsrop + Vspnp Ma V. =1 ==
$.ABCD g.d(S,(ABCD))-SABCD
vy Veron _SPSQSD _sP
% SBSQSD  SB’

S.BQD
Ap dung dinh 1i Menelaus cho tam gi4c SBC vai cat tuyén MPN ta co:

MB.PS.NC PS SP 2
——————=l=>—=2suyra —=—
MC.PB.NS PB SB 3

Suy ra Y, _SPOD =2 ma VS-BDQ _ 'd(s'(ABCD))'SABQD

S.BQD 3 S.ABCD

W] =

4(S,(ABCD)).S 1500 5.48CD

1

Ta Ial Cé' VS.PND — SP.SN.SD 1 é. VS.BCD — 5 —
. . 1
3

wp SBSCSD 3V,

Suy ra Vern. =1.Vay V1=%V v

S.ABCD

suy ra ——Z
5

=

S.ABCD

Céau 65: Chon D

Ta c6: APA'M = ACAM( g.c.g) = PA'= A'C'=C'P=2C'A".
QB BN 2

o o3 - QC’:>QC’z3B'C'
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Taco: S.,, = 1C'P.C’Q.sinC' = %.ZC'A'.BB'C'.sinC’ =3Sc,p
V.. Sep
Suy ra: e = S =3= Vcch 3Vecuw =Viscame =2
C.CAB cA'B
Mat khac:
A'M N B'N+C'C 1+E+1
Visewne _ AA BB CC_2 3 _E _E
= = =75 = Vagcmne =
V ymc.apc 3 3 18 9
13 5

Ta co: VAMPB 'NQ VC.C’PQ - VA'B’C’.MNC =2- 3 = 5 . Chon D

Céau 66: ChenC

Goi E, I, K lan luot 1a trung diém A'C’, A'C va A'B'.
Tacé: BE L(ACC'A')=BELAC (1)

Trong (A’B'C):tir B' k¢ BH L A'C tai H.

Trong (AA'C'C): goi F=HEN AA'.

., |[BHLAC
Ta lai c6 =(BHF) LAC=A'CLBF (2)
B'E1L A'C
Tir (1)va (2) suy ratam giac B'EF lathiét dién cia lang truy ABC.A'B'C’ khi cat boi mat phang
(P).
o,
Tam gidc CA'B' can tai C,tacd CK-A'B'=BH AC=pH="CAF _ 2 _avl9
A'C w5 25
Tam giac B'HC vuobng tai H,tac6CH =+B'C>*-B'H* = \/_ CH—iCA’ A'H ziHI
2
AHA'F ~ AHIE = AF AH 1:>£:1
IE IH 4 AA 8
A'B AE AF 1 1 11 1
Khi do ABEF— . . ==V, .=V, . ..=—=V e =—V
e AB AC AA 16 A'.B'EF 16 A'.B'C'A 16 3 ABC.A'B'C 4:8 ABC.A'B'C
Nen L V1
VABC.A'B'C' 48 VZ 47
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cau67: ChonA

B

Vi ba mit phiang (MNB'A"),(ACC'A"),(BCC'B") d6i mét cit nhau theo ba giao tuyén phan biét
A'M,B'N,CC' va A'M,CC’ khdng song song nén A’M,B'N,CC’ddng qui tai S .

CM_MN MN SM SN SC

Taco k= = = = =" =
CA AB AB" SA'" SB' sC'

Tudo VS.MNC = kSVS.A’B’C’ = Vl = VMNC.A’B’C' = (1 _k3>VS.A’B'C’ .

, Vv r 3(SC'-SC v
vtk Yaane 3CCT IO gy g Ly Vi

S.A'BC SC SC 3(1—k)
2
Suyra V, = (1—k3)VABC'A'B'C’ - (K +5+1)-V e e
3(1-k) 3
.V R 2 _
Vi 7122 nen Vv, :§VABC.A’B’C’ 3%:%@]{2 +k-1=0=k 1;\/g(k>0) .
2

Vay k= ‘1;*/5 |
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Cac bai toan thé tich chon loc

Cau 1;

Céu 2:

Céu 3:

Céu 4:

Cau 5:

Cau 6:

Cau 7:

Cho hinh chép tir gidc déu S.ABCD c6 SA = a+/11, cosin goc hop bai canh SB va ABCD
. 1 , . .
bang 0 Theé tich cua khoi chop S.ABCD bang

A. Ea3. B. glef. C. Eaﬁ. D. £a3.
150 50 500 500

Cho hinh chép S.ABCD ¢ day ABCD 1a hinh binh hanh. Goi M 1a trung diém cua SB, N la
diém thudc canh SC sao cho SN =2CN, P la diém thudc canh SD sao cho SP =3DP. Mt
phing (MNP) cit SA tai Q. Biét khdi chop S.MNPQ co thé tich bang 1, khéi da dién
ABCD.QMNP c¢6 thé tich bang

A 4. 5_2_ C.1—7. D.1—4.

5 5 5

Cho ling tru ding ABC.A'B'C’ ¢6 ddy ABC 14 tam gidc vudng tai A va AB=a, AC=av3,
mat phang (A'BC ) tao v&i ddy mot goc 30° . Thé tich cua khdi ling tru ABC.A'B'C’ bang

3 3 3 3
A T3 g V3 c. 3 p, ©V3.
12 3 4 4
N < A VDt x p M 201\/5 \ M ) re o«
Cho hinh lang tru d¢u ABC.A'B'C'c6 canh day bang 3 . Puong thang BC' tao véi mat

phang (ACC'A') g6c « thoa min cota =2 . Thé tich khdi lang tru ABC.A'B'C' bang

A. %cf\/ﬁ. B. %f\/ﬁ. C. %aS\/ﬁ. D. §a3\/ﬁ.

Cho hinh ling try ABC.A'B'C' ¢6 ddy ABC la tam giac déu canh a, AA' = % . Biét rang hinh

chiéu vuong goc ciia diém A’ 1én mit phang (ABC ) 1a trung diém cuia canh BC . Tinh thé tich

V ctia khdi lang try d6 theo a.

3 3
A.V:a?’\E. B.V:%. c.v=2" D.V=d.

42
Cho hinh lap phuong ABCD.A'B'C'D'. Biét tich ctia khoang cach tir diém B' va diém D dén
mit phang (D'AC) bang 64’ (a > 0) . Gia sur thé tich ciia khdi 1ap phuong ABCD.A'B'C'D' la

ka* . Chon ménh dé dung trong cac ménh dé sau.
A. ke(20;30). B. k €(100;120). C. ke(50;80). D. k €(40;50).

Cho hinh lang try dimg ABC.A'B'C"' ¢6 day ABC la tam giac déu canh bang a va (A'BC)
hop v6i mat ddy ABC mét goc 30°. Tinh thé tich V' cua khdi lang tru ABC.A'B'C'.

3 3 3 3
Ay T3 By V3 cv_TV3 D. V=%
8 12 24 8
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 8:

Céau 9:

Cau 10:

Cau 11:

Cau 12:

Céau 13:

Cau 14:

Cho khdi chép S.ABCD cé day 1a hinh thoi canh a, ABC =60 . Hinh chiéu vudéng goc ciia
dinh S trén mit phang (ABCD) 1a trung diém cua canh AB . Goc giita mit phang (SCD) va

mit day bang 45°. Thé tich khdi chép da cho bang

3 3 3 3
AL B. */5”. C. */5”. D. L
4 12 4 8

Cho hinh ling try ABC.A'B'C’ c6 day 1a tam giac déu canh 4. Hinh chiéu vudng géc cua diém
A’ 1én mat phang (ABC) triing véi trong tam tam gidc ABC . Biét khoang cach giira hai

B

duong AA’ va BC bing ”T. Tinh thé tich V cta khéi lang tra ABC.A'B'C’ .

3 3
. B.V:“‘/g. c.vJJg. D. V=
6 24 12 3

Cho lang try ABC.A'B'C’ ¢6 ddy ABC la tam gic déu canh a. Hinh chiéu vudng goc cta
dinh A’ 1én ddy ABC trung véi trung diém I ciia canh BC, canh bén AA’ tao v6i ddy ABC
g6c 60° . Tinh thé tich V ctia khéi lang tru di cho.

334° 34° 3434° NEYS

A V= . B.V=—. C.V= D. V= .
8 2 16 4

Cho hinh chép déu S.ABC c6 canh bang a, gbc giita dudng thang SA va mit phang (ABC )
bang 60°. Goi A’, B',C' tuong tng la cac diém ddi ximg cua A, B, C qua S. Thé tich V cua
khdi bat dién c6 cac mat ABC, A'B'C’, A'BC, B'CA, C'AB , AB'C’, BA'C', CA'B'la

2/34° 4303 J3z

A. V=234, B. V= . C.V= . D. V= .
3 3 2

Cho ling try ABC.A'B'C’ ¢6 day 1a tam giac déu canh 4. Hinh chiéu vudng goc cua diém A’
1én mat phing (ABC) trung véi trong tim tam gidc ABC. Biét khoang cach gitta hai duong

a3

thang AA’ va BC bang - Khi d6 thé tich ciia khi lang try ABC.A'B'C’ la

3 3 3 3
”‘/5. B.”ﬁ. C.”*/g. D.“‘/g.
12 3 6 24

A

Cho lang try ABC.A'B'C' ¢6 ddy ABC 1a tam giac déu canh a, hinh chiéu vuéng goc ciia A’
Ién (ABC) tring v4i trong tAm cua tam giac ABC . Mot mit phang (P) chtra BC va vubng

2

goc voi AA’ cit hinh lang tru ABC.A'B'C’ theo mdt thiét dién c6 dién tich béng 3% . Thé tich

khéi lang try ABC.A'B'C’ bang

23 823013
R =

3 D 23

10 12

A. C.

Cho liang tru ABC.A'B'C' c6 day la tam giac déu canh 4. Hinh chiéu vudéng goc cia A’
xubng mit phang (ABC ) tring voi trong tdm tam giac ABC . Biét khoang cach giira hai

3

duong thing AA' vd BC bing aT. Thé tich khdi lang try bang
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Cau 15:

Cau 16:

Cau 17:

Céau 18

Céau 19:

Céau 20:

Céau 21:

: Cho hinh hdp chir nhdt ABCD.A'B'C'D’ . Khoang cach gitta AB va B'C la

3037 3037

3 3
A 2 */5. B. Z */5. C. . D. .
12 4 14 28

Cho hinh chop S.ABCD c6 ddy ABCD la hinh vudng canh bing a,SA =a/3 ;SA L (ABCD).
Goi M, N lan luot 1a trung diém cua céc canh SB,SD ; mat phang (AMN ) cit SC tai I.
Tinh thé tich khi da dién ABCDMNI.

3 3 3 3
PR L B.V:JE”. c. v =234 D.V=13*/§”.
18 18 6 36

Cho tir dién OABC c6 OA=a, OB=0b, OC = ¢ va d6i mot vuéng goc voi nhau. Goi  la ban
7 - A A , 7 5 A - 5 ’ [N .o 5 -7 . 5 A B a \
kinh mat cau tiép xtc vdi ca bon mat cua tir dién. Gia str a >b, a > ¢ . Gié tri nho nhat cia — la

»
A. 1+4/3. B. 2+4/3. C. 3. D. 3+4/3.

Cho hinh hép chit nhat ABCD.A'B'C'D' ¢6 AB=BC=a, AA'= a\/g. Goi | 1a giao diém cua
AD' va A'D; H 1a hinh chiéu cua | trén mat phang (A'B'C’'D’); K 1a hinh chiéu cia B 1én mat
phang (CA’B') . Tinh thé tich cua khdi tir dién IHBK .

3 3 3
”*/5. B.”ﬁ. c.”*/g. D.
4 6 16

23
s
Za\/g

5

A.

, khodng cach

Zaf , khoang cach gitra AC va BD' la %. Tinh thé tich khéi hop.

A. 4a°. B. 34°. C. 54°. D. 24°.

gitta BC va AB' la

Cho hinh hop ABCD.A'B'C'D'c6 thé tich bang V . Goi M,N,P,Q,E,F lan luot 1a tim céc
hinh binh hanh ABCD, A'B'C'D', ABB'A',BCC'B',CDD'C',DAA'D". Thé tich khdi da dién
¢6 cac dinh M,P,Q,E,F,N bing

V V
A —. B. —. C.\L. D.\L.
4 2 6 3
- , a/39 y N .
Cho hinh chop S.ABC ¢6 SA=SB=5C = 3 Tam giac ABC cantai A c0goc A=120°,
BC =2a. G la trong tAm tam gidc SAB . Thé tich khdi chop G.ABC la
3 3 3
A 2 B. a’. c.Z. D. L.
9 3 9
Cho hinh chép S.ABC c6 day ABC la tam giac déu canh bang 1. Biét khoang cach tir A dén
mat phang (SBC) la % tr B dén mat phang (SAC) la 1£05 tir C dén mit phang (SAB) la
2£0O va hinh chiéu vudng goc cia S xudng day nam trong tam giac ABC . Thé tich khdi chop
S.ABC bang
A L. B. L. c. L. D. .
36 48 12 24
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Céau 22: Cho hinh lang tru ABCD.A'B'C'D’ ¢6 day ABCD la hinh chit nhat AB=a, AD = a3 . Hinh
chiéu vudng goc cua A’ trén mit phang (ABCD) triing véi giao diém cua AC va BD . Goc
giita hai mat phang (ADD'A") va (ABCD) béang 60°. Tinh thé tich khéi tir dign ACB'D’.

3 3513

3 3
AL B. L. c. L. D. 2%
2 6 3 2

Cau 23: Cho khbi lang tru tam gidc ABC.A'B'C’. Goi G 1a trong tAm tam giac ABC. M, N, P lan
luot 1 trung diém cia CC’, A'C’, A'B’. Biét thé tich ciia khdi GMNP bang 5, tinh thé tich
khéi lang tru ABC.A'B'C’.

A 72. B. 21. C. 18. D. 17.

Cau 24: Cho hinh chép S.ABCD c¢6 ddy ABCD 14 hinh binh hanh. Goi N la trung diém SB, P thudc
doan SC sao cho SP =2PC,M thudc doan SA sao cho SM =%MA. Mit phing (MNP) cit

SD tai Q. NP cat BCtai E,CQ cat DPtai R. Biét rang thé tich khdi chép EPQR bang
18cm®. Thé tich khéi chép SMNPQ bing

A. 65cm’ . B. zgﬂcnf. C. 75cm’. D. 70cm® .

Cau 25: Cho khéi lang try tam gisac ABC.A’B'C’ ¢6 day 1a tam giac vudng tai A, AB=1,BC =2. Gic

V7

CBB'=90", ABB'=120°. Goi M la trung diém canh AA’. Biét d( AB',CM) = ~- Tinh thé
tich khéi lang tru da cho.

A. 242 . B. #. C. 4\2. D. &.

3
CAu 26: Cho khéi lang tru ABC.A'B'C’ c6 thé tich V , d4y 1a tam giac can, AB= AC.Goi E latrung
diém canh AB va F 1a hinh chiéu vuéng géc cua E lén BC . Mat phang (C'EF) chia khoi

lang tru da cho thanh hai khéi da dién. Tinh thé tich khdi da dién chira dinh A .

A. 4—7V. B. EV. C. gV. D. ﬁV.

72 72 72 72
Cau 27: Cho khoi da dién 16i (H) gdm ¢6 8 dinh1a A,B,C,D, M,N,P,Q; trong d6 ¢ hai mat
(ABCD) va (MNPQ) 14 hai hinh vudng song song v6i nhau; hinh chiéu vudng goc ciia
M,N,P,Q lén mat phéng (ABCD) lan luot 1a trung diém cua cac canh AB,BC,CD,DA . Biét
rang AM =3a, AB=4a . Thé tich khéi da dién (H ) dugc tinh theo a bang

3 3 3 3
404 5 400 «/5_ o 20a JE_ 5, 187 «/5.

Nl 3 3 5

Cau 28: Cho hinh lang try tam giac ABC.A'B'C’ ¢6 day ABC la tam giac déu canh 4. Hinh chiéu

vudng goc cua diém A 1én day (A’B’C ’) tring voi trung diém M caa canh B'C’. Géc nhi

A

dién gitta hai mat phang (AA'B') va (ABC) bang 60°. Thé tich khdi lang try ABC.A'B'C’

béng:
3 3 3 3
. g, 33 c. 3 D. 4.
16 16 8 4
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Cau 29:

Céau 30:

Céu 31:

Céu 32:

Céau 33:

Céu 34:

Céau 35:

Céau 36:

Cho hinh chép tir gidc déu S.ABCD canh day bang a va canh bén bang 2a. Ban kinh mit cau
noi tiép hinh chop tir gidc S.ABCD tinh theo a twong tng bang:

A a\/ﬁ B a\/; C a\/g D Za\/g
1543 30442 NGRS 4743

Cho hinh chop S.ABCDc6 day ABCD la hinh vuoéng canh a va canh bén SA vudng goc véi
day (ABCD). Biét goc tao boi hai mit phing (SBD) va (ABCD) bang 60° . Thé tich khdi
chép S.ABCD twong tmg bang:

3 3
A.”f. B.“f. C. . D.

12

6 26
Pt

Cho hinh chop S.ABCD c6 day ABCD la hinh vuéng canh ava canh bén SA vudng goc vaoi
déy(ABCD). Biét goc tao boi hai mat phang (SBD) va (ABCD)béng 60° . Thé tich khéi chop
S.ABCD bang

A V6 B Jou' C Jou’ D V6o
3 o4 12 6

Cho hinh lang try tam gidc déu ABC.A'B'C’ canh ddy bang . Biét thé tich khéi lang tru

3

ABC.A'B'C’' bang aN3 . Ban kinh mit cu ngoai tiép hinh ling try ABC.A'B'C’ la:

Ag B% C. afa. D. a.

Cho khdi da dién 16i (H) g@)m c6 8 dinhla A,B,C,D,M,N,P,Q; trong do c6 hai mat
(ABCD) va (MNPQ) 14 hai hinh vudng song song v&i nhau; hinh chiéu vudng goc ctia
M,N,P,Q lén mat phéng (ABCD) lan luot 1a trung diém cua cac canh AB,BC,CD,DA . Biét
rang AM = AB=4a . Hay tinh theo 4 dién tich toan phan ctia khoi da dién (H)?

A. 24> +16a°7 +16a*\/3. B. a*7 +164°/3 + 3647,

C. 244 +8a°\7 +16a*/3. D. 24a* +164°+/3.

Ti 1€ dién tich xung quanh cua hinh 13p phuong (H1) (téng dién tich 4 mat bén) so véi dién
tich toan phan cita hinh tir dién déu (H, ) bing /3 . Hoi khi o ti 1¢ thé tich ciia hinh 1ap
phuong (H 1) so véi thé tich hinh ttr dién déu (H 2) bang bao nhiéu?
A 6 g 33 c 23 p. 25,

4 4 9 5

Cho khéi lang tru ABC.A'B'C’ c6 day la tam giac déu canh a, goc giita canh bén voi mit day
ctia lang try 1a 30° . Hinh chiéu vudng goc ciia A’ 1én day (ABC ) tring voi trung diém H cua
canh BC . Thé tich ctia khéi lang tru ABC.A'B'C’ 1a:

a2 3 a2 3

A. . B. . C. . D. .
3 8 9 24

Cho hinh chdp S.ABC c6 ddy ABC la tam gidc déu canh a, SA L (ABC), goc gifra duong
thang SB va mp(ABC) bang 60°. Khoang cach giita hai duong thang AC va SB bang:
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Céu 37:

Céu 38:

Céau 39:

Cau 40:

Céau 41:

Cau 42:

a7

C. 2a. D. —.
7

A B2 g, W15
2 5

Cho hinh hop ABCD.A'B'C'D' . Goi M,N,P lan luot 1a trung diém cua cdc canh
AA',A'D',B'C’' . Mjit phang (MNP) chia khéi hinh hop thanh hai phan c6 thé tich 1a V, va V,

,trongdo V, <V, . Til¢ thé tich % tuong tmg bang:
2

B. l C. L D. 1
3

8

A

| =

Cho hinh chép S.ABC c6 ddy ABC la tam giac vudng can tai A véi canh huyén BC =2a.
Hinh chiéu vudng goc cua S 1én mat ddy ABC nam trong tam gidc ABC . Biét cic mit bén
(SAB), (SBC), (SCA) lan luot tao véi déy cac goc 60°, 60°, 45°. Thé tich ciia hinh chop
S.ABC tinhtheo a tuong tng bang:
3 3 3 3
3a B 2a \/5 C 2a D 6a

J3+2+4/6 2+3V2 ++/6 23 +3v2 ++/6 2+43
Cho hinh lang tru dtng ABC.A'B'C' ¢6 day ABC la tam giac vuong can tai A c0 AC =2a.
Duong thing BC' tao v6i mit phang (ACC'A') mot goc 30°. Thé tich khoi ling try
ABC.A'B'C' bang:
A. 202 B. 40’2 C. 3. D. 34°3.
Cho hinh chép S.ABCD c¢6 day ABCD la hinh chit nhat. Biét rang tam giac SAC vudng tai
dinh S va c6 dién tich bﬁng 24%. Dién tich mit cau ngoai tiép hinh chop S.ABCD c6 gia tri
nho nhat 1a:
A. 8za’. B. 4ra’. C. 67a”. D. 127a”.

Cho khéi chép S.ABCD c6 day ABCD la hinh binh hanh va c6 thé tich 1a V . Goi M,N,P,Q
lan luot 14 nhitng diém nam trén cic canh SA,SB,SC,SD sao cho

SM = MA,SN = NB,SP =2PC, SQ =3QD. Thé tich khéi da dién 16i ¢6 5 dinh S,M,N,P,Q
tinh theo V bang:

5V

5V A% 5 7V
24

C. —. L —
16 32

Cho hinh chop SABCD c¢6 day ABCD la hinh chit nhat AB=2AD =2a va canh SA vubng

B.

o] <

goc voi mit phang day. Khoang cach tir diém A dén mit phang (SBD) bang 2—; . Hay tinh

theo a thé tich khéi chép SABCD.

C
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Céu 43:

Cau 44:

Céau 45:

Cau 46:

Cau 47:

Cau 48:

Céau 49:

3 3 3 3
A 2% B. L c. L D. 3=
3 3 6 8
Cho ling try dimg ABC.A'B'C'D' ¢c6 AB=2,AC =4,BAC =60". Goi M la trung diém cua
CC' vatam gidc BMA' vudng tai M. Thé tich khéi lang try ABC.A'B'C" bang:

A. 24 B. 1243 C. @ D. 2J42
Cho hinh chép S-ABCD ¢4 d¢ay ABCD 13 hinh vudng canh @va SA vudng goc voi day
(ABCD). Goi M 1a trung diém ctua SC va N nim trén canh 5B sao cho NS =2NB. Biét ring
MN = % Tinh thé tich khéi chép S-ABCD.

3 3 3 3
NLRES g 13, c. ™3 p, TY5.

4 3 6 6
Cho hinh lang try dng ABCD.A'B'C'D' ¢6 mit cau ngoai tiép 1a (S), biét (S) 6 ban kinh la

6 . Pay ABCD la tir giac c6 ABC =60° vda AD=CD =4 . Thé tich tir dién A'ACD:
A. @. B. 8+5. C. 16v3. D. @
Cho tir dién ABCD ¢6 (ABC) vuéng goc véi (BCD) va BC =6, BAC+BDC =90°. Chu vi

ctia duong tron ngoai tiép tam giac ABC va DBC lan luot 1a av3 VA 4. Ban kinh mit cau
ngoai tiép tir dién ABCD twong ting 137

A. /39 B. 12. C. 41 D. 23

Cho hinh chép SABC c6 day ABC 1a tam giac déu canh 1. Goi M 1a mot diém di dong nam
trén mét phing (ABC). Goi N la diém ndm trén duong thing MS sao cho SM.SN =3. Quy

tich didm N khi M thay dbi la mot mit ciu c6 ban kinh bing /3 . Biét khoang cach tir S dén
mit phing (ABC) nho hon +/3 . Thé tich hinh chop SABC twong tmg bing

AL 8. L c. ¥ p. 22,

6 8 6 15
Cho hinh chép SABCD ¢6 ddy ABCD 1a hinh vudng canh a. Biét tim ctia mit cau ngoai tiép
hinh chép SABCD tring véitam O cua hinh vuong day ABCD va chan duong cao H ha tir
dinh S xubng ddy ABCD tring v&i trung diém cia doan thang OA . Thé tich hinh chép
SABCD bang:

ﬁcﬁ. 2 . 1 V2

A. B. —=u C. =a°. D. —=a
12 6 8 4

Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh thoi nhung khong 1a hinh vudng,

3
AB=SA =SB =SD =a. Biét ring thé tich khéi chép S.ABCD bing = 2 , khi d6 goc giita

hai mit phang (SBC) va (SCD) bang:
A. 30°. B. 45°. C. 60°. D. 90°.
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Cau 50:

Céau 51:

Céu 52:

Cau 53:

Cau 54:

Céau 55;

Cau 56:

Cho m¢t hinh lang tru ABC.A'B'C’ c6 day la tam giac déu canh a. Biét rang AA'= AB'=2a

va hinh chiéu vudng goc ctia A 1én canh B'C’ 1a diém M sao cho MB' +2MC' =0 . Thé tich

theo 4 cua ling tru ABC.A'B'C’ bang
°\[285 @°\95

A. . B. . C.
12 36

3
D.“@.
12

2’95
At

Cho hinh chdp S.ABCD c¢6 day ABCD la hinh chit nhat. Mt phang () di qua A,B vatrung
diém M cta SC. Mat phang (a) chia khdi chop da cho thanh hai phan c6 thé tich lan luot 1a

.  V .
vV, V,vo1 V, <V, . Tiso 71 tuong Ung bang

2
ALl B. i 3 c. Vi3 pD. i 3
v, 4 vV, 8 vV, 8 vV, 5

2

Cho hinh chép S.ABCD c6 day ABCD la nira luc giac déu ndi tiép duong tron dudng kinh
AB=2a.Cb canh SA vudng goc véi mat phang ABCD va SA = a3 . Cosin clia goc gitra hai
mit phing (SAD) va (SBC) tuong (g bang:

Al g 2. c 2. p. 2.
2 3 4 5

Cho tir dién ABCD c6 AC =% va AD = % Goi M 13 mot diém nam trén canh AB sao cho

MA =2MB . M{t mat ph:fmg thay ddi (a) di qua M cit cac canh AC va AD lan luot tai N

va P sao cho ludn thoa mﬁnM S . Gia tri nho nhat cia AN + AP twong (mg bang:
ABCD
A 3. B. & c. p. 23
15 4 120

Cho hinh chép S-ABC ¢g SC =av2 | tam gidc SAB déu canh @ va tam gidc SAC vuéng tai
A. Mt phing (SBC ) vudng goc v6i mit phang (ABC). Thé tich khi cAu ngoai tiép hinh
chép S-ABC Ja;

3 3 3
dra” B. 7% C. drd’. b, 73
3 6 2

A

Cho hinh chép tir gidc S.ABCD c6 ddy ABCD la hinh vudng canh bang 6. Hinh chiéu vudng
goc cua dinh S trén mit phang day 1a diém H nam trong doan AC sao cho HC = 2HA . Biét
goc gitra hai mit phang (SBC ) va (ABC ) bang 60°. Khoang cach tir A dén mit phang

(SCD) bang:
A.%. B. 3.3. C. 42 . D. 543

Cho hinh chop SABCD c6 day ABCD 1la hinh vudéng canh a, canh bén SA vudng goc mit
phang day va khoang cach tir A dén mat phang (SDM) bang %, trong 6 M 1a mot diém

nam trén doan BC sao cho BM = 2MC . Thé tich khéi chop SABCD tinh theo 4 bang:
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a 24a° a’ V11
A. . B. —. C. —. D. ——.
J26 J26 226 24
Cau 57: Cho mét hinh ling tru ABC.A'B'C' ¢6 d4y la tam giic déu canh a. Hinh chiéu vudng goc cta
dinh A xubng déy (A'B'C’) la trung diém M cua canh B'C', biét ring AA' =24 . Khoang
cach tir ¢’ dén mp (ABA") béng:
A.a\/g. g, VI3 C. ”‘/ﬁ. D. ”@.
55 6 10 16
Cau 58: Cho hinh chop s.ABCD c¢6 day ABCD la hinh chir nhat c6 AB=2AD =2a VA SA=SB=2a.
Thé tich khdi chép S.ABC bang § . Tinh ban kinh mit cau ngoai tiép hinh chdp s.BCD.
NS 5. 2 V1623 85
6 3 3 3
BANG DAP AN
1.A 2.C 3.D 4.C 5.C 6.A 7.A 8.A 9.C 10.A
11.B 12.A | 13.A | 14.A | 15.A | 16.D | 17.C | 18D | 19.C | 20.D
21.D | 22.A | 23.A | 24.A | 25.A | 26.B 27.B 28.B 29.B | 30.D
31.D | 32.C | 33.C | 34.A | 35.B 36.B | 37.A | 38.C 39.B | 40.A
41.D | 42.A | 43.A | 44.C | 45.A | 46.A | 47B | 48.A | 49.D | 50.D
51.D | 52.C | 53.C | 54.A | 55.B 56.B | 57.A | 58.C

HUONG DAN GIAI CHI TIET
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Thé tich khdi da dién — Hinh hoc khdng gian
Caul: ChonC

Goi canh hinh vuong day la x ,goc hop boi canh SB va

ABCD la g6c nhon SBO = cosSMO = 1 & oL = L
10 SB 10
@—X\/E L @x:—\/l_la.
2a411 10 52
Thé tich caa khdi chép S.ABCD bang
2
V=21508,, _Ll/sci—oct [ ta
3 3 25.2
11
11a®* — ~—a’
3 50 500

Céau2: ChonC

Goi O=ACNBD;I1=50nPM ;Q=INNSA.

]a‘ta—%'b—ﬁ—?c—g—é'd—@—é Ta co: =b+d _1
a SQ/ SM ’ SN 2/ SP 3 . .Aa+Cc=0+ :>IZ—Z.
Ta Cé VSAMNPQ _ a+b+c+d _ 5 22 17

VS.BCDA 4abed Z = Vs_ABCD = ? Véy VABCD'QMNP = VS.ABCD _ VS.MNPQ _ ? .

Céau3: ChonD
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Cau 4:

Cau 5:

Goi AH la duong cao cua tam gidc ABC , ta c0
BC 1 AH
BC L AA’

gita mat phang (A’BC) va mat phang (ABC) la goc

= BC L(AA'H)=>BC LA'H nén g6c

AHA' =30°. Ta cé:

11 1 1. 1 4
AH®  AB* AC* @&

— = 2:>AH
(g\@) 3a 2

Al

CI

tan30 = 4% = AA'= AH.tan30 =22 L _2
AH 2 3 2
1 1 73 . , a 3 3
Susc =5 ABAC=2 03 =" D0 86 Ve e = AA'S e =270 ===
Chgn C
A I C

Goi I latrungdiém AC,suyra BI L AC.
Mat khac do BI L.CC' nén BI L (ACC'A').

Do d6 « =(BC',(ACC'A"))=(BC',IC")=BC'I .

2 2
Ta co: Spasc = 2073 .ﬁza V3 va A’ ek
3 4 3
2033 3
Bl = —=a.
3 2
A e C'I [
Theo d¢ bai: cota=2c>E=2c>C I=2a.
2
Suyra CC'=+C'I*-CI* =1/4a2 —% . 333 .
2
. . 3 ay33 1
Vay thé tich khéi lang try ABC.A'B'C": V =5,,,..CC' =2 ; z 3 :§a3\/ﬁ.

Chon C
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 6:

Cau7:

Goi H la hinh chieu vudng goc cua A’ Ién (ABC), suy ra H la trung diém cua BC vatam giac
A'AH vuong tai H.

2 2 2
af, S, =¥.:A'H=\/AA'2—AH2 _ 9%_31:@_

Taco AH=——- 1 >
Viy v _Ags -6 23 3220 34
ABC.A'B'C’ *“ABC 2 . 4 - 8 _4\/5'
Chon A
C B
T~ 0] B
D III| / D
\/Ii\’:‘»'/\
I/I //:/I Y ~.. I
/ / A ——————— - \—\—\—\
/,///’ B'
D'V D B’
Al

Goi O la giao diém ciia AC va BD, I 1a giao diém cua DB’ va D’O. Vi AC vudng goc véi BD
va CC’'nén AC L (BDD'B').

Goi X la do dai canh hinh lap phuong ABCD.A'B'C'D', khi d6 hinh chit nhat BDD'B' ¢0

BD:B'D’zx\/E;DO—i :0D' _i ;BD'=xy3

v DO _Dr_or _1 suy ra Dl—i OI—i do d6 tam giac ADIO;AD'IB' 1 cac tam
B'D" B'lI D'l 2

giac vuobng.

Do AC L (BDD'B') va DB' L D'O nén
d(B',(ACD"))xd(D,(ACD"))=B'L.DI — 2% 64> NéN x = 3a
3

Lai c6 thé tich cia ABCD.A'B'C'D' 14 ka’ nén ka® =27a° < k=27

CChgn A
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c

Goi H 13 hinh chiéu vuéng goc cia A trén BC.Suyra AH L BC .
A'H 1 BC.Ma (ABC)~(A'BC)=BC

= Goc giita (A'BC) V& (ABC) bing goc (AH; A'H)= AHA'=30°.
3
%, A'A:AH.tan30°:§.

6 @3 _a'\3

2 4 8

TacO: ABC latam giac déu canh bang a nén AH =

Thé tich khoi lang try ABC.A'B'C' 1A V=A"AS,,,. =

Céau8: Chon A

Goi H 1a trung diém cua AB = SH 1 (ABCD).
Tam gidc ABC déunén CH L AB,Ma CD//AB=CH LCD  (1).
Co CD =(SCD)(ABCD) (2)

5 {CDLCH

=CD1SC (3
CD 1 SH

Tir do suy ra ((SCD);( ABCD)) =(SC;CH) = SCH = 45°.

3

Trong tam gidc scH c¢6 SH =HC :aT.
23 23 1al3 23 &
SABCD ZZSAABC =2. 4 = 2 = Vi ancn ZET 5 :Z-

Cau9: ChonC
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Thé tich khdi da dién — Hinh hoc khdng gian

Goi G latrong tam tam giac ABC . D& thdy AM L BC, A'G L BC = BC L (A'AM).
Goi H 1a hinh chiéu cua M 1én AA'.

a3

Tir d6 suy ra khoang céch giira hai duong AA’ va BC biang MH = o

AM_i AG=x, AA=\JA'G*+ AG? = |x* +§

BB

Tacoé A'G.AM = HMA'A:xa——aT X +E<:>x—§

aaz\/_ \/_

Thé tich v cta khdi lang tru ABC.A'B'C’ 1a: V=A'GS,,. =

3 4 12

Céu 10: Chon A

Ta cd: AT L(ABC); Al la hinh chiéu vudng goc cua
AA' 1én matday ABC.
Do d6 (AA',(ABC))=(AA’, Al)= A'Al = 60°.

\/5 .

-y A A a
Tam gidc ABC déu canh a nén Al =——
Trong tam gidc vudng A'AI , ta co:

a\/g %
5

A'l =Al.tan A'Al = T.tan60° =

Thé tich v cua khéi ling tru da cho la: V =AlS,, =

3a V322 334
2 4 8
Céu 11: Chon B
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c’

Taco: V=2V =24V

A'B'C'BC A'.SBC

=8V

A.SBC

=8V

S.ABC '

Goi G la trong tim AABC. Tac6 (SA, (ABC))=(SA,AG)=SAG =60°.

Xét ASAG vudng tai G . Taco tanSAG = i—g = S5G = AG.tanSAG = 3 #x/g =
1 1 &3 @3 234°
=V e :5.SG.SABC =§.a. FREEET =V =8V, . =—5
Cau 12: Chon A
B ¢

N

Goi M la trung diém Bc = AM L BC, AM—— AG_T

Ké Ax//BC= BC//(A'Ax). Ké GH L AA'= GH 1 (A'Ax).

= d(BC,AA") =d(BC,(AA'x)) =d(M,(A'Ax)) = %d(G,(A’Ax)).

3 3
i:—GH GH—TI Tacd G;2261’2+G342®G1’2_§72 < GA' =
, a azx/g 23
Vipcane = A'GS ABC — g 4 1 dvtt)

Céu 13: Chon A
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Thé tich khdi da dién — Hinh hoc khdng gian

Goi H latrong tam tam giac ABC,tac6 A'H 1 (ABC).
AH ~BC =1 = I latrung diém cua BC Vd AI L BC.

2
&, AH=2a-2B3 S,y = ~BC.AI =" ¥3
2 373 2 4

Taco Al = AB.sin60° =

Goi K lahinh chiéu cia I trén duong thang AA’. Khidé AA’ 1 (BCK).Hay (P)=(BCK).
Ta 6 hinh chiéu ciia tam gidc ABC trén mat phang (p) la tam gidc BCK .

Ta c6 hai kha nang vé vi tri diém K .
Kha ning 1: K nam trong doan AA’ thi thiét dién cua (P) valang try la tam giac can BCK .

Khaning 2: K nam ngoai doan AA’ thi thiét dién cua (P) valang tru la hinh thang can BCDE
Trong ca hai kha ndng tréntadéucé s_ . . <S, ..

Goi a = AIK la goc giira hai mét phang (P) va (ABC).

S 3a> 5
S iOtdiOn 'y
Tach cosq = —BK > 1o _ 28 =—3:>06S300:>¢=A’AI=9O°—a260°

ABC SABC a \/5 2

4
Al av3
:cosgosl:AA': AH 22AH=2”*/5 va AK:AIcoscz)S—:i.
2 Ccos @ 3 2 4

Do d6 AK < AA' hay K phai nam giita A va A’.

1 1 342 IK 3

, 3a . ' '
Taco — “BCKI==aKI =22 2% SuyrasinA'Al=—=—= A'Al =60°
Spex =5 BCKI =—aKl==-= KI==~. Suy YT

— A'H = AH.tan 60° = @.\/_ —a.

azx/ga_cf\/g
e .

Do d6 thé tich khoi lang truy ABC.A'B'C’ la: V =S,,..A'H = 1

Céau 14: Chon A
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c

Goi G 1a trong tim AABC, I 1a trung diém cua canh BC va H 13 hinh chiéu vudng goc cia
I trén AA'.

. [BC LAI
Taco = BC L(A'Al)=BC LIH.
BCLAG

Mait khac IH 1. AA' nén IH 1a doan vudng goc chung cia AA' va BC suy ra [H = ot

a3 \/_ i3
.

AABC déu canh a suyra Al :T’AG =—AI =—— . Diéntich AABC la S=

a\/g . a\/g 3a

AAHI vudng tai H ¢6 Alvaa IHzT suy ra AH =+ AI’ -IH? =

4
a3
AGAA' dongdangvm AHAI nén ta co: G—Azﬂ@cA'zﬂ,GAzi,Qzﬁ.
GA HA HA 3a 3 3
4

23&_03\/5

\ , a
Vay thé tich cua khoi chop ABCc.A'B'Cc' laV = —=
ay tne tich cua 01 ¢cnop 4 3 12

Céu 15: Chon A

Trong mp(SBD), goi P la giao diém ciia MN Vva sO
Trong mp(SAC), goi I la giao diém cia AP va scC.
Theo dinh ly mendeleus ta co:

AC PO IS 211S IS 1 IS 1
— e — =l ==l == —=—.
AO PS IC 111IC IC 2 SC 3
Ta co:

111 1 1 1
EEE E = VSMNI :EVSBCD :2_4VSABCD'
111
221

1y Ly

SBDA — g SABCD*

=V

SMNA —

1V =V 5V

SABCD* MNIABCD 6 SABCD*

= VSAMNI

=V

SMNI

+V,

SMNA

SABCD — 4 ABCDMIN _g SABCD® — ,* 3 a 18

V. _; ABCD 1 \/_ = \/_ =V _SV gﬁ S_iﬂg-
Céu 16: ChonD
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Thé tich khdi da dién — Hinh hoc khdng gian

Taco: V.. :a%c .S, =%(ab+bc+ac+\/a2b2 +b*c? +a202).

Goi T la tm mat cau noi  tiép td  dien OABC, ta  co:
\% V.

o0ABCc — Y'10AB

+V

TOAC

+V

TOBC

+Viape = gr(SOAB +S04c +5

1 s .
OBC+SABc)=§r.Stp (1’ Ia. ban klnh

mat cau noi tiép ta dién OABC)

_3VOABC_ abc
—=7r= =
S, ab+bc+ac+ \/a2b2 +b*c? +a’c?
a ab+bc+ac+\/azbz+bzc2+azc2 a a |a* a’
=>—-= =—+1+—+,/[5+1+—
r bc c b c b

>1+1+1++/1+1+1=3++/3. Vay [EJ =3+3ca=b=c.
r

min

Céu 17: ChonC

, AA" a3
Goi H la trung di€ém cua A'D'= IH// AA'=IH L (A'B’C'D') va IH = 5 :T\/_.

Goi K 1a hinh chiéu cua B Ién CB'= BK L CB', ma BK L A’B' nén BK 1 (CA'B').

ABB'C €0 BK = ,/ BBBC__ ”\E.
B'B* +BC® 2
d(IH,BK)=d(IH,(BB'C'C))=d(AA',(BB'C'C))=d(A,(BB'C'C))= AB =a.

Goi o 1a goc gitta IH vaBK, ma IH//BB' nén a = B'BK..

3
Khi d6 COSa:%zlzsinazﬁ. Taco Vi =1IH.BK.d(1H,BI<).sina: a ‘/5,
BB" 2 2 6 16

Céu 18: Chon D
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Céau 19:

Goi d6 dai cac canh ctia hinh hop chit nhat 1an luot 1a: AB=x; AD = y,AA =z

Tacé: d(AB,B'C)=d(AB,(B'CD))=BH = 2”56 (H 14 hinh chiéu cia B Ién B'C).
, y 1.1 1 5
Xet tam giac BCB' ta co: _2+z_2: B it (1).
Za\/_

5 .
(K 1a hinh chiéu cia B Ién AB").

Tacé: d(BC; AB')=d(BC;(ADB')) = BK = -
, y o1 1 1 5
Xét tam giac ABB’ ta c0: x—2+z—2= T (2)-

Dung dudng thing 4 di qua D’ va song song v6i A'C’. Kéo dai B'C’ cit d tai E'.

Ta co: d( AC;BD')=d(AC;(BD'E'))=d(C;(BD'E')) =d(C’;(BD'E')) = %d(B';(BD'E')) .

Te (1) va (2 =x=y = A'BC'D'  la  hinh  vudng.
= E'D' L BD'=d(B;(BD'E))=B1I= 2a3J§ (I 1ahinh chiéu cia B' 1én BD').
. . o1 1 1 3
Xettam giac BB'D' taco: —+———=——=— (3).
g ZZ +(x\/5)2 BVIZ 4[12 ( )
Tur (2) va (3) = {x -7 :>2y ~7 vay V sepapen = a-a.2a=2a>.
Z=czd

Chon C
Goi V, la thé tich khéi da dién c6 cac dinh M,P,Q,E,F,N .

Goi S,h lan luot I dién tich day va chiéu cao cua hinh hop
ABCD.A'B'C'D".

Taco

S
>

Seoer =%PE.QF.sin(PE,QF) :%AB.BC.sin(AB, BC) =

Suy ra V, =§SPQEF (d(M, (PQEF)+d(N,(PQEF)) =33""%"

Phan tich:

+ Kién thic trong tam cua bai toan 1a cong thic tinh thé tich hinh ling try, hinh chép, dién tich
hinh binh hanh va khoang céch tir mot diém dén mot mat phang.

+ Str dung quan hé song song dé tinh ty sé khoang céch, ty sb dién tich.
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Céu 20: Chon D

Goi H 1a hinh chiéu cia s trén mat day, vi
SA=SB=SC hén HA=HB=HC hay H la tdm
duong tron ngoai tiép tam gidc ABC

 HA=HB=HC=_5C =2“*/5
2sin A 3
Goi O 1a trung diém BC, tam gidc ABC cén tai A
~ |AOLBC ¢
n
BAO=CAO =60°
Suyra AB=AC = 5O _ 2aV3
sin BAO 3

23
3

1 .
Dién tich tam giac ABC 1a S, ;- = EAB.AC.sm120° =

2 2
DPuong cao cua khéi chop 1a SH =+/SA? - AH? =, / 39; - 12; PNE

1 3 a
T.a 3=—

ABC — 5

Thé tich khdi chép s.ABC 1a V

3
\ A ., R 1 1
Do G 1a trong tAm tam gidc SAB nén GM = ESM = d(G,(ABC)) = gd(S,(ABC))

1 a’
= Vi oasc = EVS.ABC = ? :
Cach 2:

Goi H 13 hinh chiéu cia S trén mat day (ABC),Vi SA=SB=SC Nnén HA = HB=HC.
Goi O la trung diém BC = HO L BC

_ AO 1 BC

Tam gidc ABC cantai A nén :

BAO =CAO =60°
Vay H nam trén duong thing AO va AHAB déu.
Taco o= AHAB _ 45y 280 _20¥3 _

2 J3 3
2 2
Puong cao cta khdi chop 1a SH =VSA* — AH? = 39761— 12; =3
1 . *yJ3
Dién tich tam gidc ABC 1a S, = EAB.AC.sm120° =2 ;/_
X . A: 1, N 1 112\/5 a’ 1 8

Thé tich khoi chop S.ABC la V- =3 T.a 3= 3= Ve ape = EVS.ABC :%.
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Céu 21: ChenB

5

Goi O la chan duong cao ha tir s xudng mat phang

(ABC).
bat d(0,BC)=a, d(O,AC)=b, d(O,AB)=c , |
SO="h. '
Ta co
J3

Saasc = Saosc +Sa0ac T Suous = A0 +C= 7(1)
Mat khac
d(0,(SBC)) oM oI 2a 2a 6 a

== =—=""=4(0,(SBC))="=.~—=—F—.
d(A,(SBC)) AM AK 3 (0(55C)) 374 2
Suyra%:hiz+l2:>a=h

d(0,(SAC)) d(0,AC) 2p 2b \15 b
Tuong ty = ===d(0,(SAC))==—=—F.
uong d(B,(SAC)) d(BAC) \/5 ( ( )) 3710 \/g
Suyrab%:hiz+bl2 b=2h
d(0,(SAB)) d(0,AB) 2 2c N30 _ ¢
Tuong ty = = =4d(0,(SAC)) ="~ =—.
v e (5a)) ac.m) 5 (O F 0 7o
10 1 1
Suyrac—z——2+c—2:>c=3h
3 J3 1 1

(1):h+2h+3h=—@h:5:>vz SOSuuae = 45

Cau 22: Chon A

Goi O= AC~BD va I latrung diém cua AD.
Ta ¢6 (ADD'A')~(ABCD)= AD, OI L AD V& A'O L (ABCD) nén goc gifra hai mat phang
(ADD'A’) va (ABCD) la A'TO=60°.
. . . Y , a o a3
Tam gidc A'10 vudng tai 0 nén A'O =10tan A'IO =E'tan60 ==
, . , a3 3
Thé tich cua khoi lang tru ABCD.A'B'C'D’ la V =AB.AD.A'O = a.a\/g T\/— =
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Cau 23:

Cau 24:

Vv

B'ABC —

Vv

De thay V, wwp = Voacp =

CCBD

-AD-DC-A'O=6

[GSH
N | =
N

Vay thé tich khéi te dien Acs'D’ 1a

VACB’D’ =V- VCC’B’D' - VB'ABC - VD’ACD =

1%

AABD

Chon A

c’

Goi Q 1a trung diém cua AB.
DAt S = S,0.c; h=d(A,(PQCC')).

pQcc’?

Theo gia thiét 1%

NGMP — »
3

= Sepd(N,(GMP)) =15. N

GMP*

Taco

Sypc =S Sooc =S —S

PMC’

Lai ¢6 d(N,(GMP)) = %d(A’,(GMP)) . ’

MPG PQCcC’ ~ “PQG

Suy ra: Sg,,,-d(N,(GMP)) = T3y = Sh=72.

GMP *

Mat khéc, vi v =Sh=72.

A'.PQCC’ —

WIN

—ABCZ'A'B'C' nen VABC.A,B,C,

Chon A

Goi O=ACNnBD,I=MPnSO=Q=NInSD
AP dung dinh 1i Menelauyt cho tam giac SBC véi cat tuyét NPE | ta duoc EP—SE =1
NS PC EB
= CE=CB
Do MIP nén 51 =xSP+(1-x)SM = x25C +(1-x)5 S
- = 1= 1+ 3 8 . % 2 . .
SI:kSO:k(ESC+ESAj:>x:g,k=E. Tuong ty véi ba diém thang hang N,I,Q ta c6
R 44.
SQ==SD
Q 7
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Ap dung dinh 1i Menelauyt cho tam giac SCQ véi cat tuyét PRD , ta duoc RQ g (3)

< ax , 6 6 1 2 4 8
Tw do ta co SPRQ ZESPQC :E.gssQC ZE; sDC ZESSDC
8 8 4 18.91
= VEPQR = a ESDC — a SBDC — aVSABCD = VSABCD = T
Do dé V _v Y SM SN SP SM SP SQ SABCD

SMNPQ

+
SVINP: 7 SMPQ (SA SB'SC  SA'SC SDj 2

= é 2 1_,.2%% .VSABCD :65cm3
932 397 2
A

Céau 25: Chon

Goi | =BM N AB';IN//CM(N € BC). Khi d6: CM / /(AB'N)
= d(CM,A'B)=d(C,(AB'N)) = g

Mit khae: M _AM 1 _ NC_IM _1 _ 4B (AB'N))=2d(C,(AB'N))=
IB BB' 2 NB IB 2

27
=
Taco: cos ABN = ;‘—CB _ % Pat BB'= X, dp dung cong thirc thé tich khéi chop tam gidc khi bidt

ba canh chung dinh va ba gdc tai dinh d6. Ta dugc:

2 2
V=1 frea[ 1) Lo (1] (1) gox¥2
' 6 3 2)2 2 2 9

Ta co:

AB'= x2+x+1,BN=§:>NB'=‘/ 196 AN = \/AB2+BN2 2ABBNC05ABN-@

2 13 16
X Hx+l+——| X+
9 9 3x+2

2132 +x+1) 2137 +x+1)
3

o B rael) [ @Geed)’ \/43x +40x+48
AN 6 52(x* +x+1) 12

(3x+2)2
52(x* +x+1)

cosB'AN =

:>sinB'AN=\/1—
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22 5
3V, um
Do do6: d(B,(ANB')) = —BANE _ 3 N7 v —ax>0),
Suve N43x> +40x+48 7
12
. W2 3 9 42
Vay Vi e T Va Vg apc =3V asc 3£2VB.ANB'j:E’T:2\/§'
Céu 26: Chon B
I
B E /4
~
F
~
N
c
_____ /L)
B’ A
C’
Goi M la trung diém coa BC , Vi AABC cin tai A nén AM 1L BC . Lai co

EF LBC=EF//AM .

AABC €0 E 1a trung diém cua AB, EF//AM = F 1a trung diém cia BM = EF la dudng
trung binh cia ABAM .

Kéo dai FE cit tia CA tai I . N6i C'T cat A’A tai N. Khi do (C’EF) cit lang try theo thiét
dién la t&r gidc EFC'N.

Goi thé tich khéi da dién chira dinh A 13 V.

Taco: AM//FI = AM CM 2 ,ma AM = ZEF:E=1:>E=%.
"FI  CF 3’ FI 3 IF 3
L IA_FM 1IN 1A IN 1
aico: — = X = nén =,
IC FC 3'IC' IC IC'" 3
X Vv IE IA IN 211 2
Tur (1), (2) va (3) suy ra %z FICIT 333"
I.FCC'
\% 2 2 . S
Dodé —1—=1-—2 =2 Dathdy 1€ -3 vy 2 =3 4046
fe 27 27 AC 2 Spcer 8
1 :
Viw  3WUFCC)Se 1c 5.0 33 9
Voo 1 o AC'S, .., 28 16
A.BCC'B gd(A,(BCC B ))'SBCC’B’ BCC'B
Lai co VA.BCC’B’ -1— VAAA’B’C’ _ 1_1 _ 2 )
) | |%4 3 3
. X V, 25 9 2 25 25
Tu (4), (5) va tasuyra =" -2 =V =—V
(4)- (5) va (o), I =163 7 72

Céu 27: ChonB
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Cau 28:

Cau 29:

Taco MM’ =(34)" —(24)" = av/5.
Chia khéi da dién da cho thanh khéi lang try déu c6 day a8 MNPQ va chiéu cao la mMm’ va 4
khi chop tir giac c6 day 1a hinh chit nhat dang nhu AMQQ'M' .

Taco MN :ATC - 4“f =203/2;d(A,(MQQ'M')) :ATC a2

2
Suy ta thé tich kndi lang tru Ve g =(2082) a5 =8a'5.
Thé tich khdi chop t giac AMQQ'M' la:

3
e~ A0 2B

Suy ta thé tich khéi da dién da cho 1a:

V.=V =8a°/5+4.

(H) MNPQ.M'N'P'Q'

+4V

A.MQQ'M'

42°\5 _ 402°5
- .

3

Chon B

Ha HM vudng goc v6i A'B' tai diém H . Khi d6 goc nhi dién giita hai mat phang (AA'B') va
(ABC) ciing chinh 13 goc gitta 2 mat phing (AA'B') va (A'B'C') va bang AHM =60’ .

SR . a . . a3
Xeét tam gidc vudng HB'M vudng tai H co HM:E.sm60 :T\/_'

Xét tam giadc vubng AMH vudng tai M c6 AM = HM.tan60° = %

23 3a _ 334°

4 4 16

Thé tich khéi lang tru V oy =S pe - AM =

Chon B
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-.‘----------

b
'4
]
'
L
1

.
’
cmmap

-

-
oo ®”
-

-

i
" e

2
Chiéu cao hinh chép SO =h=+/SA> —0A* =, |4a” _% =

2
SM =+/SC? = MC? = |44 —“Z - ”Jzﬁ.

Céch 1: Goi tAm mit cAu ndi tiép 1a I ,khidotacd IO=IN=r.
Tu hinh v& ta c6 IN L (SBC), ASIN -~ ASOM
2r a\/;

a/14
SI _IN _ h-r 2 "o

-
=N = o £ - ="
SM OM 415 a w15 a J30 ++2
2 2 2
1 1 2a\/ﬂ 14

Céich 2 Thé tich KNG chop Ve =550 SO = 20" == = .

3 2 6
215
e

1
Dién tich mdt bén S, = > BC.SM =

3 a3\/ﬂ
Ap dung cong thic 7 3V 3V ' a\/;
1:1 = = =
Stp 'SABCD 4SSBC + SABCD ? \/_ 7 \/_ 0+ \/_

Céu 30: ChonD

Goi O 1 giao diém cila AC va BD. Taco: ((SBD),(ABCD))=SOA =60 .

SRR

Xét tam gidc SOA vudngtai A: h=SA=A0.tanSOA =—— :T'
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=V 1

SABCD — A °
2

S ppSA =

ABCD*

Céu 31: Chon D

Goi O 1a giao diém cia AC VaBD.
D& dang thdy duoc goéc tao boi hai mat phiang (SBD) va (ABCD) la géc SOA suy ra
SOA =60°.

w2 a6

Xét tam gidc ASOA vudng tai Acd h=5SA=A0.tanSOA = T.tan60° ==

: , : 1 1 6 ~6a®
Do d6 thé tich khoi chop s.ABCD bangV ., = ESA'SABCD = 3 2.% = \/;a .

Céu 32: ChonC

Thé tich khéi lang tru: V=S, ..}

:azx/gh_aax/g
47

AABC ) ’ 5
!
A= 215
3 BY |
It
av'3 l:
Ban kinh déy lang tru R, = 5 AT
) . . s h N
Ap dung cong thirc tinh ban kinh mat cau ngoai ti€p lang tru: s 1 N o
2 v - %
(Za\/ﬁ
, |22
n a3 3
R=,R+— = + =av2.
! ( 3 J 4

Céu 33: Chon C
Hinh v€ minh hoa
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.......................

Q|

A 2a M’ B

Ta dé dang tinh dugc: MM’ = (411)2 —(Za)2 =2a+/3.

AC  4av2
Céc canh hinh vuong MNPQ la: MN = S = ;/_ = Za\/i,
Néu ta 2oi A’ la trung diém cua MP thi ta céd

AA = JAM? —(MA') = [(4a)’ - (a2 )2 —a/14
Suy ra dién tich toan phan cta khéi da dién (H) la:

Sy (1) = Sasco + Sumra +4Suanig + 4 Sy = (40) +(2042 )2 + 4.%.251& av14 + 4.%.401.251\6

=244 + 8227 +162%+3 .
Céu 34: Chon A

Goi canh cta hinh 1ap phuong va canh cua t dién déu lan luogt 1a a,b.

S 2
Tacs: ) 47 Gorote o, 2B,
StP(Hz) 4b \/g 3 3

Céu 35: Chon B

Do goc gitra canh bén véi mat day cta lang tru la 30°
nen suy ra

a\/g 1 a
2B 2
Suy ra thé tich lang tru ctia khéi lang tru ABC.A'B'C’
la

ZA'AH =30" = A'H = AH.tan30° =

2 3
A =EN3 5—”‘@.

1% ABC 4 '2_ 8

ABC.A'BC' —

S

Céu 36: Chon B
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Cau 37:

Cau 38:

Tam giac SAB vudng tai A VA CO SBA =60° = SA = AB.tan60° = a+/3.
Dung hinh binh hanh ABCD, suy ra:
SA.AP

JsA? AP

AC//(SBD)= d(AC;SB) =d(AC;(SBD))=d(A;(SBD)) = AQ =

Trong d6 AP 1 BD; AQ L SB.

a3

Tam gidc ABC déu suy ra: AP = -

a3
SA.AP “‘/E'T 15

— d(AC;SB) = AQ = _ _
( ) JsA? + Ap? J(ﬂ@f{a;]z 5

Chon A

Al s

Giao diém cua mit phang (MNP)véi canh BB' 1a trung diém Q cua BB'.
Khi d6 thé tich V, 1a phan thé tich khéi lang try A'MN.B'PQ nhu hinh v&.

‘. 1 1 1 Vv
Ta co: SAA'MN = ZSAA'AD = SAA'MN = gSAA'ADD' = VA'MN.B'PQ = gVABCD.A'B'C'D' = E = Vl '
vi_1
v, 7
Chgn C

Goi H 1a hinh chiéu vudng goc cua S 1én (ABC) va M,N,P lan luot 1a hinh chiéu vudng goc

cia H 1én cac canh AB, AC,BC. Khi d6 goc tao bdi cac mit phing (SAB),(SCA),(SBC) véi

(ABC) 1an lugt 1a SMH,SNH,SPH . Suy ra SMH =SPH =60°,SNH =45".
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S

B

P
H

N ¢

bit sH =1 = HM = HP = SH.cot60° :L; HN =SH.cot45" =h.

3
Taco S, ,,c =S, + SMCH +S,0py < AB.AC = AB.MH + BC.HP + AC.HN
1 24’
& 24 —ax/_ +a\/_h:>h_ 203 =V S
\/_ \/_ 2+\/§+\/g SABC AABC 2\/54_\/‘4_3\/_

Cau 39: ChonB

B!

. |AB L AC
Ta co
AB 1L AA’

= AB L(ACC'A’), ma BC'n(ACC'A’)=C" nén gbc tao boi duong thing
BC' va mjt phing (ACC'A") la: (BC’,(ACC’A')) = ( BC’,AC') = AC'B=30"
Taco: AB=AC =2a=> AC' = AB.cot30" = 2a~/3

Suy ra duodng cao lang tru la 1 = CC' =+ AC™? — AC? = \/(2a\/§)2 —(251)2 —2a2

Thé tich lang tru 13 V =S,,,..CC’ = %.(201)2 202 = 4a°2.

Céu 40: Chon A
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Cau 41:

Cau 42:

Goi O=ACAHBD.

Ta cO ASAC vudng tai S Nén OS=0A =0OB=0C =0OD =R . Viy O 1a tim mit cau ngoai
tiép hinh chép s.ABCD ban kinh R .

pat SC=x,x>0. Theo dau bai, dién tich tam gidc SAC 1a 24’ nén:

2
—SASC 20 > SASC = 4a® = SA = 20 _ 40"

sC x|
6a

, oM ] \/17 2

bé dién tich mat cau ngoai tlep hinh chép S.ABCD la nho nhét thi ban kinh R nho nhat

Suyra R=

2
— minR=av2 . Vay dién tich nho nhat cia mit cdu 1a S=47R* = 47[(11\/5 ) =8ma”.

Chon D
Dé thy
1 1

Vsasp = Vseap = EVS.ABCD EV .

V
co Vome SMSNSO_113_3 ., 3, 3,

Vi 150 SA SB SD 224 16 ‘ 16 ~ 32
Vieng _SP SN SQ 213 1 1 1
— = = —_—— = ——=—=V =-V ==V,
Viesp SC SB S 324 4 SPNQ g "SCBD g

3 1

Vay V, SMNPQ VS.MNQ+VS.PNQ:§V+§ :§V.
Chon A

Goi chiéu cao ctia hinh chép 13 1 = sA . Khi d6 ta co
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Céu 43:

Cau 44:

1 1 1 1 1 1 1 1
7= 2+ 2+ 2<:> 2:—2+—2+—2:>h=a
[d(A;(SBD))} AS~ AB° AD % h™ 4a° a
3
9 , 3
Vay thé tich khéi chop Vv, . = %SABCD SA = % AB.AD.h = %zaﬂ_a _ %
Chon A
A 4 C
)
™~_B
X
p M
x
f:3
bpiat AA'=2x, tam gidc ABC ¢ AB=2,AC=4 va /BAC =60°= BC =2+/3.
A'M=+x*+16
Taco: {BM =+/x* +12
A'B=+4x* +4

Tam gidc BMA" vudngtai M = x> +16+x> +12 =4x> +4 = x = 23 = AA' = 4.3.

1

e = -AB.AC.5in60° = 23 V. ipe =S AA =24,

Chon C

Céch 1: Goi I 1a trung diém cua SB

2 2
Xét AMNI vudng tai I, ta co: NI =vMN? - M :1/%—% =¥

1N=%SB:>SB=aﬁ

SA =+/SB* — AB? =+/7a*> —a® = aJ6
1 26

, . 1
Thé tich ctia khdi chop S.ABCD 1a V :§SA.AB2 =3 6.0° = 3

Céach 2: Gén hé truc toa do vao hinh chop voi: A trung voi O, truc Ox doc theo E, truc Oy

doc theo @, truc Oz doc theo E
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Ta gén céc gid tri a =1. Khi d6, A(0,0,0), B(0,1,0),C(1,1,0), D(1,0,0), (0,0, h).

M(l,l,ﬁj, NS+2NB=0= N[O%%j

2272
2 2 2 2
e LoV o[ 2V o (h hY W10 _a_20_,
2 2 3 2 3 6 2 3
: , 1 1 1’A6  a’\6
Suy ra thé tich khoi chop s.ABcD la V =§SABCD.h =§.12.1.\/_ = ;)/_ -4 ?:/_

Céu 45: Chon A

D

Vi lang try ding tdn tai mat cau ngoai tiép nén bit budc day phai 1a tor gidc noi tiép duogc duong

tron. Suy ra ADC =180° — ABC =120°

Trong AADC : AC =+ DA? + DC* —2.DA.DC.cos120° =4+/3

Khi d6 ban kinh dudng tron ngoai tiép AADC ( ciing 1a ban dudng tron ngoai tiép tur gidc day
AC 43

ABCD) la: R, = 2sin120°  26in120° =4

Néu chiéu dai canh bén ( ciing 14 chiéu cao lang tru) 1a 1 = AA" thi ban kinh mit cau tiép 1a:

2 2
R:6:\/RiADC +hZ =\/42 +hZ = =45 . Viy thé tich tr dién A*ACD Ia:

1 C1(1 . 1(1 . 16+/15
Viaco =3 Saco-AA :E(EDA.DC.smleOj.h:5(5.4.4.s1n1200j.4f ==

Cau 46: Chon A
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Goi R,, R, 1an lugt 13 ban kinh dudng tron ngoai tiép tam gidc ABC VA BCD .
Goi I,] lan luot 12 tAm duong tron ngoai tiép tam gidc ABC Va BCD .
—R,=IC,R,=]C.

Goid,,d, lan luot 1 tryc duong tron ngoai tiép tam gidc ABC Va BCD .

Goi O 1a tAm cua mit cau ngoai tiép ABCD = O = d,Nd,.

Goi M 1a trung diém BC = MI,M] 1a cac dudng trung truc cia BC.

= MIOJ 1a hinh chit nhat.

2
R=\O]* +CJ* =\IM? +CJ* =/IC*~MC> +CJ* =R = R§+R5_GZ .

Day 1a dang hinh chép c6 hai mat vudéng goc véi nhau. Khi d6 cong thirc tinh ban kinh mit cau

5 / T? . :
la R=,|R}+R} _GT , trong d6 GT la dd dai giao tuyén: GT =BC =6.

. BC

Ban kinh duong tron ngoai ti€p tam gia&c ABC va DBC la R ,c=—;

2sin BAC
BC
R, =—""
"7 2sinBDC
. BC BC . .
Tir gié thiét suy ra Rye = V3R e € ————— =+/3.————— =sinBDC =+/3sin BAC .

2sinBAC  2sinBDC
Lai c6: BAC+BDC =90" = BDC =60°;BAC =30" = R, ;. =6,R ;p = 243

. . 2 G2
Suy ra ban kinh mit cAu ngoai tiép t&r dién ABCD 1a: R = \/62 +(2J§) - = J39 .

Céu 47: Chon B
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K
Ha duong cao SHvudng goc véi (ABC) tai H (VI SABC c¢b dinh nén SH c6 dinh), trén SH lay

diém K sao cho SH.SK = SM.SN =3. Suy ra diém K cd dinh va duoc xac dinh boi SK = SiH :

Suy ra ASHM — ASNK = SNK =90°. Suy ra N nhin SK (c6 dinh) mot goc vudng. Vi thé M
chay trén mat phang (ABC) thi N nam trén mit cau ¢ dinh c6 dudng kinh 1a SK .

Suy ra SK = 2R = 24/3 = SH.SK = 24/3SH = SH = —— ﬁ.
23 2
2
Dién tich tam giac ABC la S, ,,. =#=g.
1 133 1
Suy I’a S.ABC SSAABC.SHZE—?:g.

Céu 48: Chon A

Tam mit cdu ngoai tiép 1a diém O cach déu cac dinh: OA =OB=0C =0D = 0S = -

X
2 2
Taco OH=22 - _ sn-Js0"_on" - [Lj _{L] zﬁ_
2 22 2 22 4
3
Suy ra thé tich cta hinh chop SABCDla V., ;SABCD SH = ; 2 a\/_ alf .
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Cau49: ChonD

Céach 1:
D@ thay

V. 3\/_

S.ABD — 12

25A SB.SD1—c0s2ASB — cos2ASD — cos2BSD + 2cosASB.cosASD.cosBSD |,

mit khac AB= AD =SA=SB=SD =a nén S.ABD la tt dién déu.

w3 1

Suy ra SO = =§AC, nén tam gidc ASAC vuong tai S.

Mat khac: Dl_mg OI 1 SC trong mit phang (SAC) . D& dang ta chirng minh duge SC L (BID) .

_Jor=tsa=1pp (1)
Nén: 2 2 )
((sBC);(scD))=(BL;DI) (2)
Tir (1)= ABID L tai I.Tir (1);(2) suy ra ((SBC);(SDC))=(BI; DI)=90°.
Cach 2:
Goi O 1a tdm cua hinh thoi ABCD. Tac6 ASCB, ASDC 1a cac tam giac can lan luot tai B,D .
BI 1. SC

Goi I 1a trung diém cia SC = .
DI LSC

Do d6 goc gitra hai mat phéng(SBC ) va (SDC ) 1a goc giita hai dudng thang BI va DI .

ASBC = ASDC = Bl = DI = AIBD can tai I .

Goi H 1a hinh chiéu cua S 1én mjt phang (ABCD).

Do SA=SB=SD=> HA =HB=HD = H latam dudng tron ngoai tiép ciia tam giac AABD.
Ma AABD cantai A nén H nam trén duong chéo AC ctia hinh thoi ABCD.

bat OB=x (0<x<a).TaCé OA =~a* -x*; sinOABz%zf.
a
sin BAD =sin20AB = 2sinOAB.cosOAB = 2@ oA ZxW
AB AB a’
2
Tacs —22  —9AH= AH-—— "
sin BAD a2 — 2

4 4 2.2 2 B
Suy ra SH SAZ AHZ \/ _ \/30 4a X 23\/3{1 4x .

4(a —X ) 4(a2—x2)
Goi V la thé tich ctia khdi chop S.ABCD.
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[n2 4.2
Taco V= %SH.SABCD - %SH.AO.BD - E.M.\/az —x*2x= §\/3a2x2 —4xt

Nat =x?
3 3 2
Theo gia thiét V = 4 f <:>§\/3a2x2 _4yt 22 f o 3222 —4x* =#_
xz—é x=2
S8t —6a’x +at =0 42<:> Z )
xzza_ x:&
2 2

Do tir gidc ABCD khong phai 1a hinh vuéng nén x # # . Vay x =§ hay OB = % .

Ma OI = A = %. Suy ra ABIO vudng can tai O = BIO =45° = BID =90°.
a

Vay goc giita hai mat phang (SBC) va (SCD) 1a 90°.

Céau50: ChonD

Goi N la trung diém A'B' = AN L A'B'.

Goi H 1a chan duong cao hatir A xudng mit phang (A'B’C’) = HN 1 A'B', HM L B'C'.
a

Ta co: C’M=§SC'H—C_MZL=£

~ c0s30° 3333

2
HN - CON—CH -3 20 5043
2 33 18
2 2 ) -
18 2 27 27 9
2 / 3
Suy ra thé tich lang tryla: V.. 0o =S pe-AH = 4 1 3 A 585 _4 ;/2% .

Cau51: ChonD
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Céau 52:

Goi N 1a giao diém cua mit phing (ABM ) voi SD,dat V=V,

S.ABCD *
Ap dung cong thic ti s6 thé tich cho khdi chop co day 1a hinh binh hanh:
SA SC SB SD _SC SD _, SC SD
—t—=—t—=>—=—— M —=2=—=2.
SA SM SB SN SM SN SM SN

SA B, SC SD
Vs apmn _SA SB SM SN _1+1+2+2 3

Viueo 494 SB SC SD 41122  8°
SA "SB'SM SN
Mat phfmg (ABMN ) chia hinh chop thanh hai phén ¢6 thé tich theo ti €3 vabs.
Suy ra: Vi = 3 .
vV, 5
Chon C

Céch 1: Goi goc giira hai mit phang (SBC) va (SAD) ao.

~ . [BDL1AD , :

Dé thay =BD 1 (SAD) = D 1a hinh chiéu vudng gbéc cua B 1én mat phang (SAD)
BD 1 SA
Goi C' 1a hinh chiéu vuéng goc cua C 1én mit phang (SAD).
Suy ra:
2
AC'= AC.cosCAD = a3.c0s30' = DC' =% =5, =2 pC'sA=1 2437 V3
2 2 2 4

2
Suy ra ASDC' 14 hinh chiéu vudéng goc cia ASBC 1én mit phang (SAD)
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Tacé: CBL AC =CB L (SAC)=CB L SC = ASBC vudng tai C.

2
Tam gidc SBC 6 SB=an7;5C =av/6;BC=a =S, = ~5CCB= ;/_
23
Suy ra: cosgozsASAC' _ 4 1 V2

SASBC 512\/g B 2\/E B T .
2
Céch 2:

Ta chimg minh dugc BD L (SAD).

Dyng SE 1 SC tai E = SE 1 (SBC).

Suy ra: ((SAD);(SBC))=(AE;BD).

Goi O=ACnBD ; dung Ol 1LSC=1
= Ol / | AE = (AE; BD) =(OI;BD) = IOB

\/_ _OE a\/g

CosBO = 2L Ta tinh duoc: OE="0 = 01
OB 3 6

2a4/3 . J2
3 .

. Suy ra: CosIOB = e

BD:a\/§:>BO:§BD:

Céu 53: ChonC

C

.. |AN=x . 9 2 9
Pat vol O0<x<—, 0<y<—suyra NC==—x.
AP 2 3 2

=Yy
? X ? x
v e P _
AMNP:NCQAM.AN.AP:NCQEKEZQ @y=2-22 <:>y=81 128x.
Visen AN AB AC AD AN 392 X 2 x 4x
23
81—18x 81-18x ) 9
Suyra AN+ AP=x+y=x+ X)=x+ voli O<x<=.
y Y 4x* f( ) 4x* 2
9x? —81x 2x*+9x*-8lx _, x=0
(x)=1+ = co f'(x)= :
f(x) 2x* 2x* /(%) x=3

Ta c6 bang bién thién:
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x 0 3

[N RYs]

F(x) — 0 +

v

”y

b | o

o

Tir bing bién thién ta thiy AN + AP nhé nhét bing %5 khi x=3.

Cau54: Chon A

Tir gia thiét suy ra AC =+/SC* -SA® =a. Goi H, E lan luot 13 trung diém BC, BS.
AABC can tai A, H 1a trung diém BC = AH 1 BC.
(ABC)L(SBC)

= AH 1 (SBC)= AH LBS.
AH < (ABC), AH L BC (cmt)

BS 1 AH

BS 1 AE

= AH la tryc dudng tron ngoai tiép ABSC = tdm O ciia mit cau ngoai tiép hinh chép S.ABC

1a tam duong tron ngoai tiép AABC.

Ban kinh mat cau ngoai tiép hinh chop

AB.AC.BC AB.AC.BC  AB.AC
4S 2AH.BC 2

Ane 2\/ ap - BC

}:>BSJ_HE,HE//CS:BSJ_CS:ABSC vudng tai S.

S.ABC:R=0A=0B=0C =

4ra’

Vay thé tich kh6i cau ngoai tiép hinh chép S.ABC la:V =

Cau 55: Chon B
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4 L
K¢ HK L BC tai K, suy ra HK :%, SKH =60° va ASHK vuong tai H .

2a\/§
3

Suyra SH =h = HK.tan60° =

Ké HP 1 CD tai P,ha HQ L SP tai Q. Suy ra sz%

3 3 3 SH.HP

Céau56: Chon B

v 3
D C

Day la dang bai co ban vé khoang cach tir chan dudng cao A dén mit phang nghiéng c6 dinh S

Ha AP vuong goc voi DM tai P, dung AQ vudng géc voi SP tai Q, khi d6 khoang cach tur

A dén mat phang (SDM) chinh la AQ.
DC

4 a :311
DM af10 1o
3

Taco: AP = AD.cosa = AD.

Co: d(A;(SDM)) = AQ = 12: 12+ 12@ 12: 12+ 1 235,4:&_
AQ> SA> AP (aj SA (3,1) J26
2 J10
. 1 1, 3a a’
Suy ra thé tich: V. =-S5, SA==a"—=
S.ABCD 3 ABCD 3 \/% \/%

Cau 57: Chon A
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Goi H 1a hinh chiéu vudng goc cua diém M trén A'B’ va K 1a hinh chiéu vudng géc cta diém
M trén AH.Tac6 MK L(ABA'), suy ra d(M,(ABA")) =

w3

Tam giac AA'M vuong tai M c6 A’M_— va A'A=2a = AM =+ A'A’> - A'M* =

a13
-

Tam gidc HB'M vuéng tai H , c6 B'M =% va HB'M = 60",

= sin HB'M = HM = HM = \/_

BM 4
HM?>.AM? /39
HM?+ AM?  2./55

Suy ra d(C',(ABA")) =2d(M,(ABA")) =a % :

Tam giac HAM vudng tai M suy ra KM =

Céu 58: Chon C
Goi M,N la trung diém cia AB va CD D thitacd SM L AB,MN L AB=> AB L (SMN).

Ké SH L MN,H € MN , khid6 SH L AB=SH L (ABCD).

2
1% 1S SH = 1LIZSH—— SH—%

S.ABC 25 ABC* 3 > T
a(\/g—l)

2
C6 SM =a/3 = MH =/SM? —SH? = 32—T=§—> OH = MH — MO =

Goi O = ACNBD,I 1atam mit cau ngoai tiép hinh chép S.ABCD suy ra IO L (ABCD)
= I0//SH .K¢ IK 1. SH,K € SH = IOHK la hinh chir nhét.
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Ban kinh mit cau ngoai tiép S.ABCD Ia:

2
2 (V3 -1 2
R:IS:\/IK2+I<SZ=\/OH2+(SH—IO)2 = %J{%—IOJ
2
R=ID=+I0*+0D? = \/OHZ +(SH-10Y’ =,[10” +5%
2\/5_12 2
:M{%—Ioj =Ioz+%:>10=4_*/§a.
4 2 4 6

4 3

2
2 [
Suy ra ban kinh: R = 10> +0OD? = \/{—4 _6\/§J a’ +5L = QLZ\/E.
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m Bai toan ve khoang cach va géc

Cau 1;

Cau 2:

Céu 3:

Céu 4:

Cau 5:

Céau 6:

Cho hinh Iap phuwong ABCD.A'B'C'D" c6 canh 3a. M thuoc canh A’D’ sao cho A'M =2a.
Tinh khoang cach gitra AM va BD' theo a

A. @a. B. @a. C. ﬂa. D. ﬂa.

14 14 7 7
Cho hinh chép S.ABC c6 mat day 1a tam giac vuong tai dinh A, AB = AC = a. Puong thang
SA vubng goc véi mp ABC SA=¥ . Tinh khoang cach gitra hai duong thang AB va SC
A.?. B. aV3. c.?. D. 3/3a.

Cho hinh chép S.ABCD c6 d¢ay ABCD Ila hinh thoi tdm O, canh AB=a, BAD =60°,

SO L (ABCD), SO :%a_ Goi M 1a trung diém cua CD. Khoang céch gitta hai duong thang

SM va BD la
A 32 g 372 c.8a p. /72,
8 14 3 3

Cho hinh chép S.ABC, tam gidc ABC cé AB =6a ,AC =3a,BAC =120°, SA vubng gbc vai

mat phing day va SA=a+/2. Goi M 1a diém thoa man MA = —2MB (Xem hinh v&). Khoang
cach gitta hai duong thang SM va BC bing

S

a\/@ Za@ 4a\/@ Ga@

. B. . C. . D. .
13 13 13 13

A

Cho S.ABCD c6 d4y 1a hinh vuéng canh a, SA L (ABCD) va SA=a+/3. Goi M la trung diém
cua AD. Khoang cach giira hai duong thang BM va SD bing
a/57

=

a/57

D. .
19

A2 B. a. C.
2

Cho hinh chép S.ABC ¢4 tam giac ABC déu canh 3a, SA L (ABC) va SA=2a (minh hoa nhu

hinh v&). Goi M 14 diém trén canh AB sao cho AM = 2a . Khoang cach giira hai duong thing
SM va BC bing
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Chd 38 02: Cuc tri ca ham sb

A C
M
B
a2 . \7ia. . 27, p, 2282,

Cau 7:  Cho hinh lang try dang ABC.A' B'C" ¢6 day la tam giac vuong, BA=BC =2a, canh bén
AA'=4a, M 1a trung diém ciia BC ( minh hoa nhu hinh bén). Khoang cach giita hai duong
thang B'C va AM bing

B

Zaﬁ a6 a\@

A . . .
7 6 3

Cau8: Cho hinh ling tru dung ABC.A'B'C’ ¢6 day ABC Ia tam gidc vudng tai B, AB=a+/3,
BC =2a.Goi M latrung diém cua BC . Tinh khoang c4ch giita hai duong thing AM,B'C biét

AA'=aq/2 .
A. af;_o. B. aV2. C. afg_o. D. 2a.

Cau 9: Cho hinh chép S.ABCD c¢6 day la hinh vudng canh a, SA vudng goc véi mit phang day va
SA=a+3.Goi M ladiém thuoc AD saocho AM =3MD . Khoang cach giita hai dudng thing
SM va BD bing

A aﬁ. B 3a\/£ C. 2a\/£ D. 9a\/£.

35 3B 3B 35

Cau 10: Cho hinh chép SABCD , ¢ay ABCD la hinh vudng, tam giac SAB cantai S . Hinh chiéu vuong
g6c cua S 1én mat day nam trén mién trong hinh vuéng ABCD . Goc giira duong thang SA va
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mat ddy bang 30°, goc gitra mat phiang (SAB) va mat day bang 45°. Thé tich hinh chop

3

SABCD bing %. Tinh khoang cach gitra hai duong thang CD va SA.

A 2a. B. a. c.%. D. av2.

Céau 11: Cho hinh chop S.ABCD c¢6 day ABCD Ila hinh chir nhat; AB=a, AD =2a. Canh bén SA
vuodng gbc véi day va SA =2a (hinh vé minh hea). Tinh theo a khoang céch gitra hai duwong

thiang BD va SC.
S

2
N B 2. c. 2 D. 2.
3 2

3
A . . , ., A 7 , M \ A > a\/ﬁ . N
Céau 12: Cho hinh chop tam giac déu S.ABC c6 canh day bang 2a va canh bén bang —3 Goi M la
trung diém canh SA. Tinh khoang céch giira hai duong thang AC va BM .
A a3 5a+/3 5a+/3 D a3
T —_—

B. . C. . .
6 12 2

Cau 13: Cho hinh chép S.ABCD c¢6 day la hinh chit nhat véi AB=a; AD=2a, SAL1 (ABCD) va
SA=3a.Goi M latrung diém AB, tinh khoang céch giita hai duong thang SC va DM .

S

4a21 2a+/21 ay21 5 ﬁ

. B. . . .
21 21 21 3

Cau 14: Cho hinh chop S.ABC c6 day ABC la tam giac vudng cén tai B c0 AB =BC =2a. Canh bén

SA vudng goc véi mat day. Biét goc giita hai mat phiang (SBC) va (ABC) bing 60°. Goi M

A

1a trung diém cia AC , tinh khoang cach gitta hai duong thang AB va SM theo a.

2a+/39 2a+/39 2a+/11 2a+/11
A. . B. . C. . D. .
J13 13 13 V13
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Cau 15: Cho hinh chép S.ABC co day la tam giac déu canh a. Hinh chiéu vudng goc cua S trén mat
phang (ABC) la diém H thuoc canh AB sao cho HA=2HB . Gdc giita duong thang SC va

mit phang (ABC) bang 60°. Tinh khoang cAch giita hai duong thang SA va BC theo a.

av42 aV42 av42 av42
A ——. B. ——. cC.——. D. ——.
8 4 12 10
Cau 16: Cho hinh ling tru ABC.A'B'C’c6 day ABC la tam giac déu canh a. Biét hinh chiéu vudng g6c
cua diém A trén mit phing (A'B'C’) la trong tim G’ cua tam giac A'B'C’ va AA'=a. Ta cd
khoang céch giira hai dwong thang AA’ va B'C’ la
AR g 23 c. 22 . 2.

Cau 17: Cho hinh chép S.ABCD c6 dday ABCD la hinh vuéng canh a, matbén SAD 1a tam giac déu va
(SAD) L (ABCD). Goi M la trung diém ciia canh ddy AB . Ta co khoang cach giita hai duong
thang SA va CM Ia:

A 22 g, &5 c. a3, p. &3
3 4 3 4

Cau 18: Cho hinh chop S.ABCD c¢6 day la hinh chit nhat, AB=a, BC =2a, SA vudng goc vai mat

phang day. Tinh khoang céch giira AC va SB, biét goc gitra SC va mat phang (ABCD) bing

30°.
A @. B 22 c 2\/377a. D 2V185a
2 J5 185 37

Cau 19: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh théa mén AB:a\@, BC =3a,

AC =a+/3 va SA vudng goc véi mit phing day, SA=3a. M 1a diém thugc canh BC sao cho
BM =2MC . Khoang cé4ch giira hai duong thang AM va SD 1a

3a\@ B a«@ c a\@ 3aﬁ
. 2 . . T

D. .
2 2

A .
2

Cau 20: Cho hinh chép S.ABC c6 day ABC 1a tam giac déu canh 2a. Hinh chiéu vudng goc caa dinh
S Ién mat phang chira day 1a trung diém H cua AC va SH =2a. Goi diém M thudc canh
AB sao cho AM =3MB (tham khao hinh v& bén dudi).

S

Khoang cach gitta SM va BC bing
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Céu 21:

Céu 22:

Céu 23:

Céu 24:

Céau 25:

Céau 26:

Céau 27:

A.a/i. B. a,/@. C. a,/g. D.a/g.
259 12 12 67
Cho hinh chép S.ABC c6 day la tam giac ABC déu canh a, tam giac SBA vudng tai B, tam

giac SAC vudng tai C . Biét géc giira hai mat phang (SAB) va (ABC) bang 60°. Tinh khoang
cach gitra SC va AB theo a.

A Y32 B, 32 c. V3. D. V32
8 J13 6 4

Cho hinh chép S.ABC c6 day 1a tam giac déu canh bang a. Hinh chiéu vudng goc cua S xudng
mit phing (ABC)la trung diém H clia canh AB , goc giita SC va ddy bang 60°. Tinh khoang
cach gitra SB va AC.

3a 3a 3a a
A —. B. —. C. —. D. —.
\26 V13 \52 J13

Cho hinh chép S.ABCD c¢6 déy 1a nira luc giac déu véi AD =2a, AB=BC =CD=a, SA=a+/3
va SAvudng goc v6i mit phiang day. Tinh khoang cach giita hai duong thang SB va CDtheo a

A 2 g, &6 C. . D.
3 5 7
Cho hinh chép tam giac déu S.ABC c6 canh ddy bang a. Goi G 1a trong tam tam giac ABC. G6c

aJ1_4 a+/15
—

gifta dudng thdng SA v6i mit phing (ABC) bang 60° . Khoang cach giita hai duong thing GC
va SA bang:

A.é. B cﬁ D&.

@
3 TR -
Cho hinh chép S.ABCD véi day 1a nira luc giac déu c6 AB=BC=CD=a, SAL ABCD ,
goc gitta SC va ABCD la 45°. Khoang cach gitta SB va CD la

A 15 g V15 c. 3 D. 22,
3 5 5 3

Cho hinh chép S.ABCD c6 d¢ay ABCD I hinh thoi canh 4a, ASAB 1a tam gidc déu va nam

trong mat phing vudng goc véi ddy, BAD =120°. Goi M 1a diém trén canh CD sao cho
CM =3a. Khoang cach giita hai duong thang SB va AM bang

A 85, 5. 351, c M, o,
17 12 17 6

Cho hinh chép S.ABCD c¢6 déy Ia hinh binh hanh tim O, AC =2a,BC =a,DC =a+/5, SA
vudng goc véi miat phang day va SA=a. Goi M la trung diém OA, DM N AB =N . Tinh
d(N,(SBC))

B ﬁa. L \/g

2
A. —a. ) C. —a. D. —a.
3 15 2 5
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Cau 28: Cho hinh chép S.ABCD c6 SA L (ABCD), ddy ABCD 1a hinh chir nhat. D6 dai cac canh
AB =3a, AD =4a,SA=5a.Goi M 1adiém ndm trén canh BC va BM =3a. Khoang cach giira
hai duong thiang SB va MD Ia

A 15a g 29 c 39a o 452
259 245 25 S J259

Cau 29: Cho tir dién déu ABCD canh bang a. Goi M 1a trung diém ctua CD . Tinh khoang cach giita
hai duong thang AC va BM .

A.@. B. av/22 . c.a—‘/l_l. D. a1,

11 22

Cau 30: Cho hinh chop S.ABCD c6 day ABCD Ia hinh thang vuéng tai A va B v6i AB=BC =a,
AD =2a, SA vudng goc véi day va SA=a. Khoang céach giira hai duong thang AC va SD
bang:

A 32 g, &3 c. a6 p, &2,

5 3 = 9

Cau 31: Cho hinh chép S.ABC c6 day ABC la tam giac déu canh a, SAJ_(ABC), goc gitra duong
thang SB va mit phang (ABC) bing 75°. Khoang cach giita hai duong thang AC va SB gan
bang gia tri nao sau day? (1ay 3 chix s6 phan thap phan)
A. 0.833a. B. 0.844a. C. 0.855a. D. 0.866a.

Cau 32: Cho hinh chop S-ABCD ¢4 d¢ay ABCD |3 hinh thang, véi AB//CD AB=3a, AD=DC=a

BAD =60°  hjét SA vudng géc vai day va SA=a+/3. Goi M 1a diém thuoc canh AB sao cho
AB =3AM Khoang cach gitra SM va AD bang
a\/15 5 a5 c 2 D 2

Cau 33: Cho hinh chép S.ABCD, c6 ddy ABCD la hinh vudng canh a, tam gi4c SAD la tam giac déu,
(SAD) vudng goc v6i mit phang day. Tinh khoang cach giita SAva BD .

a/15 5 a5 a/21 av21
. -

A

A . C. . D.
5 10

Cau 34: Cho hinh chop S.ABCD c6 day ABCD Ia hinh thoi canh a, ABC =60°, SAJ_(ABCD), goc
gitta duong thang SD va mit phang (ABCD) bang 30°. Tinh khoang cach giita hai dudng
thang SBva AD .

p 239 VE c. & o, 239
13 13 J13 3

Cau 35: Cho hinh chép S.ABCD c¢6 day la hinh thang, AB=2a, AD =DC =CB=a, SA vudng goc
v6i mit phing day va SA=3a. Goi E la trung diém AD , F nam trén AB sao cho

AF = % AB . Khoang cach giita hai duong thang SB va EF bang

A 3R B 22 C. 3*/1_36‘. D. 6‘/1_3a.
4 8 13 13
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Céu 36:

Cau 37:

Céu 38:

Céau 39:

Céau 40:

Céu 41;

Cau 42:

Cho hinh chép SABCD c6 S vuéng goc véi (ABCD), D =av/5. Bay ABCD Ia hinh thang
vuong tai A va D voi CD=2AD=2AB=2a. Goi M la trung diém ctia BC. Tinh khoang
cach giita hai duong thing ACva SM .

A. a. B. 2. c. 2 D.
2 4

ol

Cho hinh chdp S.ABCD c¢6 day 1a hinh thoi tim O canh a, ABC =60°, mat bén SAB la tam
giac déu. Hinh chiéu vudng goc cta S trén mit phing (ABCD) tring v6i trung diém caa AO .

Tinh khoang cach giita hai duong thang SA va CD.

A a 560. B. a\/560. C. a 560' D a\/560.
112 10 5 28

Cho hinh chép S.ABCD c¢6 ddy la hinh thang vudng tai A va D, SAL(ABCD); AB=2a,
AD=CD=a. Goi N la trung diém SA. Tinh khoang cach giita 2 duong thang SC va DN,

3
bidt ring thé tich khéi chop S.ABCD bing 2 ;/g
A.#. B.#. c.#. D. anl_O

Cho hinh chép S.ABCD c¢6 day 1a hinh vudng canh a, SD = . Hinh chiéu vuéng géc H

/33
2

ciia S 1én mit phang (ABCD) 13 trung diém cta doan AB . Goi K latrung diém ctia AD . Tinh
khoang céach gitta hai duong SD va HK theo a.

A a\/399l 5. a 105. c a\/399l D. a 105.
19 15 57 3

Cho hinh chop S.ABCD c¢6 day la hinh thang vuong tai A va B, AB=BC =a; AD=2a. SA
vudng goc v6i mit phang day, SA=2a. Goi M 1a trung diém ctia AD . Tinh khoang cach gitta
SM va CD.

A 22 B. Za‘/ﬁ. c. @, D. 22
3 17 3 6

Cho hinh ch6p S.ABC c6 AABC vudng can tai B, AB =a, SAB = SCB =90°. Khoang cach tir
diém A dén mit phang (SBC) béng a—;/g. Thé tich khdi chop S.ABC bang

3 3 3 3
A.aﬁ. B.3a“/§. c.a‘/i. D.a*/g.

4 4 12 3

Cho hinh chop S.ABC c6 tam giac ABC vuodng tai A, AB=2a, BC=4a. Goi M la trung
diém cita BC c6 SCB = SMA =90, (SB,(ABC)|=60°. Thé tich khdi chop S.ABC bing

3 3
A. 4\/?;_93 . B. 44/393°. C. \/39a°. D. */fa .
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Céu 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Céau 49:

Cho hinh chép S.ABC ¢6 day ABC la tam gidc vudng tai A, AC =4a+/3, ASB>30°. Goc
giita hai mit phang (SAB) va (ABC) bang 30°. Biét | trung diém SA 13 tim mit cau ngoai

thi

~[&
[

tiép hinh chop S.ABC . Goi « 1a goc gitta IB va mit phang (SAC). Khi sina =
khoang cach giita hai dudng thing AC va SB bang

143
A A B. ?a. C. 3V3a. D. 4\/3a.
Cho hinh chép S-ABC 6 day ABC 13 tam giac vuong tai A, AB=2a AC=a

SBA=SCA=90" o4c giita SA va mit phing (ABC) bang 45" Tinh thé tich khéi chop
S.ABC

3
A. af. B. a®5. C. 2"";*/5. D. 2a*\/5 .
Cho hinh chép S.ABC c6 SB=2V3a,AB=2v2a , SAB=SCB=90° |,

(5B.(ABC)) =30°((SBC),(ABC) | = 60°. Thé tich khdi chop S.ABC theo a bing

3 3 3 3
A 16+/6a | 5. 8\/6a | c 8/3a | o 2./6a |
27 27 3 3

Cho hinh chép S.ABC c6 day ABC la tam giac déu canh a, SBA=SCA=90°, goc giita duong
thang SA va mat phang (ABC) bang 60°.Thé tich ctia khdi chop S.ABC bang
a’\3 a’\3 a’\3

A. a’y3. B. . C. . D. .
V3 2 3 6

Cho hinh chdép S.ABC ¢4 AB=BC =a, ABC =120", cosin géc giita hai mit phing (SAB) va
M \/E ’ Ao A r < A 3 < A A J 5 A -

(SBC) bang = Tinh thé tich khoi chop S.ABC biét hinh chiéu vudng goc ciia S 1én mat
phang (ABC) ndm trén tia Cx || AB (ctng phia véi A trong nira mit phang by BC) va nhin
canh AC duéi goc 60°.

3 3 3
A a. B. 2. c.2. D. 2.

3 2 4
Cho hinh chép S-ABC ¢s ABC=135" = ag_, BC=v2a (AC,(sAB))=ax

SAB = SBC =90’ , théa man sin« =% . Thé tich khéi chop S-ABC theo @ bing

J5a’

Ba—3 C. J5a’ D
T . . 5

3
AL
12

Cho hinhchép S.ABC c¢o6 day la tam giac ABC cantai A,canh AB =a,géc BAC =120°. Tam
giac SAB vuédngtai B, tam giac SAC vuéng tai C . Goc giita hai mit phing (SAB) va (ABC)
bang 60°. Tinh thé tich khdi chop S.ABC theo a.
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a’\3 a’\3 a*\3 b a’\3
6 2 4 S 12

Cau 50: Cho hinh chép S.ABC c6 day ABC la tam giac vuong can tai A, AB=2a, SBA=SCA=90°
géc gitta hai mit phang (SAB) va (SAC) bang 60°. Tinh thé tich khéi chop S.ABC.
3 3 3
A 2 B. & C. 4a°. D. 4
6 3 3
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BANG DAP AN
1A | 2A | 3A | 4A | 5D | 6A | 7D | 8C | 9.A | 10.B
11.A | 12D | 13.A | 14B | 15A | 16D | 17.D | 18D | 19.D | 20.D
21.B | 22B | 23.D | 24.A | 25B | 26.A | 27.B | 28.D | 29.A | 30.C
31.B | 32.A | 33.D | 34A | 35B | 36D | 37.D | 38.A | 39.C | 40.A
41.C | 42.A | 43D | 44.A | 45A | 46D | 47.D | 48.A | 49.C | 50.D

HUONG DAN GIAI CHI TIET

Cau 1. Chon A.

B C
ny
I \\
A II A
AN R T
I\ 1
¥
| Y
! N N
! B \f A _d___)e
/ P A\ T\
! p \ | \
s N \
X4 \Yi \
A' M D'

Goi | 1a trung diém cua BB'. N = Al nBA' thi N trong tAm tam gidc ABB'.
Khi d6 MN || BD". Suy ra BD'[|(AMK)) véi K =A'B'n Al va A'K =6a.
Taco d(AM,BD'):d(D',(AMK))z%.d(A',(AMK))z%.d :

Do A'M,A'A A'K d61 mdt vudng goc nén

1 1 1 1 7 3J14 3J14

— = + + = =d=———a.Vay d(AM,BD"')=——-a.
d> A'A> A'M® A'K? 18a° 7 W ( ) 14

Cau 2. Chon A

AC 12 hinh chiéu ctia SC 1én mp ABC , AB L AC= AB L SC.
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Trong mit phang SAC dung AH L SC thi AH 1a doan vudng goéc chung cta hai dudng thing

a.a?2
ABVA SC vad AB,SC —AH = __ACSA 2 :a‘/§.
JAC?  SAZ \/ , 2a2 3
a +T

Céu 3. Chgn A

Cau 4.

Goi N 1a trung diém cua OC . Trong (SON),ké OH L SN (H eSN).(1)
Do M, N lan luot 13 trung diém caa CD va OC nén MN 1a dudng trung binh cia AOCD .
= MN //OD hay MN // BD. Do d6 d(BD,SM)=d(BD,(SMN))=d(O,(SMN)).

, IMN//IBD |
Taco nén MN L AC hay MN LON.
BD L AC

Lai co6 MN L SO (do SO L(ABCD))nén MN L(SON)= MN LOH .(2)
Tir (1) va (2) suyra OH L(SMN)=d(BD,SM)=d(O,(SMN))=0H .
Do ABCD la hinh thoinén AB=AD =a.

Lai co6 BAD =60° nén AABD la tam giac déu canh a.

av3 a3

Ma AO la duong cao cia AABD nén AO = = ON ==

Xét ASON vudng tai O c0 12: 12+ 12 16,16 64 on-32
OH? ON? SO 8

= —+ =
3a® 9a®* 9a’

Vay d(BD,SM):%a.

Chon A
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Ké MN//BC, suy ra BC//(SMN).

Taco d(SM ,BC):d(BC,(SMN))=d(B,(SMN)):%d(A,(SMN)).

Ké Al LMN,AH LSI,suyra AH L(SMN), d(A(SMN))=AH.

ﬂ:ﬂ:g:> AN :EAC 22.33.:23..
AC AB 3 3 3

MN = \/(Za)z +(4a)2 —2.2a.4a.c0s120° = 2a/7 .

S, = L AM.AN sinBAC = L ALMN = Al - AM-ANSINBAC _ 4a.2asin120° 2a/21
: 2 MN 287 7
1 _t1,1_ 1 1 2:132:AH:2a\@.
AH® T SAT A (37) (Za ﬂj 12a 13
7

1 2838 ay39
20 2%

Vay d(SM ,BC):E

13

Cau 5. Chon D

Goi N 14 trung diém ctia SA. Do MN la dudng trung binh ciia tam giac SAD nén MN//SD.
Vay SD//(BMN) vi vay d(SD,BM)=d(SD,(BMN))=d(D,(BMN))=d(A,(BMN))=h.

Do ABMN la mét goc tam dién vudng nén

1 1 1 1 19 a\/57
DY Y-V Tt T TR o N= :
h? AB?2 AM? AN? 3a 19
Céau 6.Chon A.
Goi N 1a diém trén canh AC sao cho AN =2a , ta co:
AM =ﬂ=3:> MN//BC = BC//(SMN).
AB AC 3
Suy ra

d(BC,SM)=d(BC,(SMN)) =d(B,(SMN)).

BM 1
d(B,(SMN)) =——.d(A,(SMN))==d (A (SMN)).
Goi E 1a trung diém cua MN , k¢ AH L SE , (H €SE) vi
tam giac AMN déu canh 2a nén AE =a+/3.
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AE L MN
0 = MN L AH . Mitkhac AH L SE = AH L (SMN)=d(A,(SMN))=AH .
SAL MN
Ap dung hé thac luwong trong tam giac vuéng SAE |, ta  cO:
I S S S 72:AH:2ma Vay d(BC,SM):am.
AH? AS® AE? 4a’ 33’ 12a 7 7
Cau7.ChonD
BI
X (o4
j\(

Goi N 1a trung diém coa BB' , khi d6 MN 1a duong trung binh cia ABCB'
= MN//B'C= B'C//(AMN)
= d(AM,B'C)=d(B'C,(AMN))=d(C,(AMN))=d(B,(AMN))=h

Tinh d(B,(AMN)). Tacé BN :%BB':Za; BM :%BC:%.Za:a

Ap dung cong thic tinh duong cao coa tdr dién vuéng ta  co

izz 12+ 12+ 12= 12+i2+i2:izz>hzézﬁ.Veiyd(AM,B'C):a—\/6
h> BA*> BM? BN? 4a’ a’> 4a’ 4a J6 3 3
Céu 8. Chon C
A’ C
Bl
<
\\\
b
N
o B 3
A\ M e
M
B

Goi N 1a trung diém cia BB' suyra MN//B'C .

13 | Facebook tac gid: Phan Nhét Linh



Chd 38 02: Cuc tri ca ham sb
Do d6 d(AM,B'C)=d(B'C,(AMN))=d(C,(AMN)).

Ma M la trung diém ciia BC nén d(B,(AMN))=d(C,(AMN)).

1 I S
d*(B,(AMN)) BA> BM’ BN’

TacO BA, BM, BN d6i mot vubng goc véi nhau nén

Miit khac BM:%_aAB a3,BN ==BB'=

I\JlH

H
o %dm

Suy ra ! :i+ 1 + —

d*(B,(AMN)) &’ (a\/g)z (%T 3a®

[

a\/_

av30

=d(B,(AMN))= —d(AM,B'C)=

10

Cau 9. Chon A

Goi N 1a diém thuoc AB sao cho AN =3NB = MN//BD = BD//(SMN),
d(BD,SM)=d(BD,(SMN))=d(O,(SMN)), (véi O la tam hinh vuéng ABCD).

d(O,(SMN
Goi | = AONMN , do AON(SMN)=1 :>M=E=1 \
d(A,(SMN)) 1A 3

=d(0,(SMN)) =%d (A.(SMN)) . Trong (SAI)ké AH LSI.

Taco MN L Al ,MN L SA= MN L(SAl)= MN L AH .
AH L SI,AH L MN = AH L (SMN)=d(A,(SMN))=AH .

co al-3n0_3 202 32
4 4 2 8
Tam giac SAI vuodng tai A, AH la duong cao nén
1 1 1 1 64 35 3a+/35
2 enz a2 a2zt 2 " 0az AH = :
AH SA® Al 3a° 18a° 9a 35

1 a/35

Vay d(O,(SMN)):%d(A,(SMN)):éAH: o

Cau 10. Chon B
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Goi M, N lan luot 1a trung diém AB va CD, suyra AB L (SMN).
Ké SH LMN, HeMN,suyra SH L(ABCD).

Khi d6 (SA,(ABCD))=SAH =30° va ((SAB),(ABCD))=SMH =45°.
Ké NE LSM , EeSM ,suy ra NE L (SAB).

Taco d(CD,SA)=d(CD,(SAB))=d(N,(SAB))=NE.

SA= _SH —2SH: SM = _SH =J2SH.
sin30° sin45°

AB*

Lai c6 SA* =SM?*+ AM? < 4SH? = 2SH? + <8SH?-AB*=0 (1) .

3
Va Vygep = %SH.ABZ - % = SH.AB? =a° (2).

Giai (1) va (2) ta dugc SH :%; AB =av2.

a
< a2
Xét tam giac SMN ¢6 SH.MN = NE.SM = NE =2 =a.

2

—a
2
Viay khoéang céch giira hai duong thang CD va SA bang a.

Céu 11. Chon A

Goi O 1a giao diém cia AC va BD; M la trung diém ctia canh SA.

Tacé OM la duong trung binh cta tam gidc SAC nén OM // SC . Suy ra SC//(MBD).
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Luc d6 d(SC,BD)=d(SC, (MBD))=d(C,(MBD)). (1)

Mit khéc, do AC cat (MBD) tai O va OA=0C nén d(C,(MBD))=d(A,(MBD))=AK , véi
K 1a hinh chiéu cua Alén (MBD). (2)

Xét tir dién AMBD c0 AB, AD va AM dbi mot vuong g, ta cd

12: 12+ 12+ 12=i2+%+i2 92 SuyraAK——.(3)
AK AB° AD° AM a (Za) a® 4a

Tur (1), (2) va (3) taco d(SC, BD):@.

Céu 12. Chgon D
Cach 1:

M,

Goi D la dinh thir tu cua hinh binh hanh ABDC .
Khi d6, AC//BD => AC//(MBD)=d(AC,BM )=d(AC,(MBD))=d(A,(MBD)).

Goi O 1a trong tim tam giac ABC . Suy ra SO L (ABC).
Goi H 1a trung diém AO. Suy ra MH //SO= MH L (ABC).

Vé HK L BD tai K. Suyra HK//BO. Suyragzﬁ 4:>HK:§BO.
HK HD 5 4
Ma BO = 220,93 2a\/_ suy ra H = 5 2833 _5a3.
3 2 4 3 6

V& HI L MK tai |.Suyra d(H,(MBD))=HI.

2 2
Ta c6, 502=5A2—A02=[@] _[Zaﬁ] =@:>so=5?a:> MH =5§_

3 9
Ma 12= 12+ 12 suy ra H'=5a\@:>d(H,(MBD))=H|=5a\@,
HI? MH? HK 1 >
d(H,(MBD
d(A,(MBD)) AD 6 2 >
Céch 2:
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M

Goi M 14 trung diém AC .
Suy ra d(AC,BM)=d(AC,(BMN))=d(A,(BMN))=d(S,(BMN)).

3
Ta co, d(s,(BMN))=3'VS-BMN _3Vsmee 406 VA =1.so.sABC _Ll%a 2\/—_5a *f
Semn 4.Sgun ' 3 33
2 2 2
Tacé BM — BN :\/BS +BC? SC :a«/109, MN —a suyra s, _sa
2 4 6
Viy d(AC,BM )= ‘2/_

Cau 13. Chon A

Goi G lagiaocuia AC va DM thi %=m 1:>£=1.

GC CD 2 AC 3

Ve GH //sC thi A _AG L s (HDwmyrsc
AS AC 3

Do d6 d (SC,DM)=d(SC,(HDM))=d(C,(HDM))

Xét ta dien H.ADM thi ta thdy day la t& dién vudng, nén goi h=d(A (HDM)) thi

1 1 1 1 1 1 1 1 4 1 2a+/21

Tz T anz Y Az T 2t anz t 2 - 2t 2t = N=

h AH® AD° AM (SAJ AD (Asj a® a° dJda 21
3 2

Viy d(SC,DM):d(C,(HDM))—g—Cd(A (HDM)) =2 2a£/1£: 4a2*/1£.

Cau 14. Chon B
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S

Goi N 14 trung diém ciia BC , khi @6 AB//MN ,vay AB//(SMN).
Khi d6 d (AB;SM )=d (AB;(SMN))=d(A;(SMN)).
Duyng AK L MN , dyng AH 1 SK . Khidoé d(A;(SMN))=AH .

Goc gitra mp(SBC) va mp(ABC) bang goc SBA, vy SBA =60°.

Taco SA= AB.tan SBA=2ay/3, AK = BN —a. Vay AH = R XAS _2aV39

AK? +AS? 13

Céu 15. Chgn A

B

Ap dung dinh 1i cosin trong tam giac HBC ta c6:

2
HC = VHB? + BC2 — 2HB.BC cos HBC = \/@j +a’ —2.a.%c05600 -

avr

3
Theo gia thiét ta c6 goc giita duong thang SC va mit phang (ABC) bang 60° nén suy ra
SCH =(SC;(ABC))=60°

av2l
3
Goi N va K 1an Iuot 1a hinh chiéu vudéng goc cia H trén Ax va SN .

.Ké Ax||BC .

Trong tam giac vudng SHC vudng tai H ta c6: SH =HCtan 60° =
Taco BC|[(SAN) va BA:gAH nén d(SA; BC):d(B,(SAN)):gd(H,(SAN)).
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Taciing c6 Ax L (SHN) nén Ax L HK . Do d6 HK L(SAN)=d(H,(SAN))=HK

2a aV3 SH.HN a/42

AH =22 HN = AH.sin60° = Y2 = HK = =
3 3 JSHZ+HN? 12
av42
.

Vay d(SA;BC)=

Céu 16. Chon D

Do hinh chiéu vudng goc cua diém A trén mat phang (A'B'C’) 14 trong tdm G’ cia tam gidc
A'B'C’, tam giac A'B'C’ 1a tam gidc déu canh a va canh AA'=a nén ta dién AA'B'C’ 1a tir
dién déu.

Goi H, I lan luot Ia trung diém cia B'C’' va AA’, ta ¢ cac tam giac AIB'C’,AHAA’ la cac tam
gidccannén IH L AA'IH 1L B'C'. Do d6 d(AA,B'C")=IH

2
Tacé AH _i Ne o238 _av8 L G =‘/a2—%=¥.

32 3
Ap dung cong thuc tinh dién tich tam giac AA'H ta co:
a6 av3
%AG’.A’H :%AA’.HI —Hi - ACAH 3 a 2 =a‘2/§,
\/_

Vay khoang cach giira hai duong thang AA’ va B'C' 1a ===

Céu 17. Chon D

Goi N, H lan luot I3 trung diém ciia AD va CD. Ta c6:
y A \ .2 ) a\/§
Tam giac SAD déu canh a, H la trung diém cia AD = SH 1 AD, SH =T.
M, N lan Iuot 13 trung diém AB,CD ma tir giac ABCD Ia hinh vuéng = AN //CM .
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= CM //(SAN) = d(SA,CM)=d(CM,(SAN))=d(C,(SAN)).
Goi | =AN NCH =1 1a trong tdm tam giac ADC = IC =2H]I .

(C.(5AN)) _c1 _

d
HCm(SAN):I:W_m_

2=>d(C,(SAN))=2d(H,(SAN)).

(SAD) L (ABCD)

C6 (SAD)(ABCD)= AD = SH 1 (ABCD).
SH L AD,SH < (SAD)

Trong (ABCD) ké HE L AN,E € AN .

Trong (SHE) k¢ HF L SE,F e SE = HF L (SAN)=h=d(H,(SAN))=HF .

AAEH o> AADN — HE _HA e HADN _aV5.
DN NA NA 10
ASHE vuodng tai H, HF la duong cao = > = 12+ 12:HF:£.
HF? HS? HE 8

NG

:d(C,(SAN))zaT.

Cau 18. Chgn D

Dyng BM //AC , khi d6 d(AC,SB)=d(AC,(SBM))=d(A,(SBM)).
Dyng AH L MB, AK L SH = AK L (SBM)=> d(A,(SBM))=AK.
Hinh chit nhat ABCD, AB=a, AD =2a=> AC =a+/5.

SA L (ABCD) = (SC,(ABCD)) = SCA=> SCA=30".

Tam giac SAC vuong tai A, AC =a+/5,SCA=30° = SAz%.
Tam gidc ABM vuong tai A, AH | BM = AH = AM-AB _ 238 _ 23
MB a5 5
Tam gidc SAH vuong tai A, AK LSH = ——_ = T px = 28V185
AKZ SA”  AH 37
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2a~185

37

Vay d(AC,SB) =

Cau 19. Chgon D

B ¥
M C

Dé dang chtmg minh duge AABC vuong tai A. Do BM =2MC nén MC = % BC=a.

Tr BC.MC =3aa=3a*>=AC? va AABC vudéng tai A ta suy ra dugc AM L BC hay
AM 1L AD.

Vi SAL(ABCD) nén AM L SA, kéthgp AM L AD suyra AM L (SAD).
Trén mat phing (SAD), k¢ AE vudng goc v6i SD tai E. Khi d6 ta c6 AM L AE . Do viy
d(AM,SD)=AE.

3av2

Tacd SA=AD=3a, SAL AD suyra AE:%SD: .

2

Cau 20. Chon D

Goi N 1a trung diém ctia HC , két hop véi gia thiét ta c6 MN// BC . Suy ra BC // (SMN).
Khi d6 d(SM;BC)=d(BC;(SMN))=d(C;(SMN))=d(H;(SMN)).
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Trong mit day, k¢ HE L MN,E € MN, suy ra MN L (SHE). Do d¢ hai mit phiang (SHE) va
(SMN)) vudng géc nhau va cét nhau theo giao tuyén SE . Trong mit phiang (SHE), ké HK
vuong goc voi SE tai K ta duge HK =d (H (SMN)).

Goi G 1a trung diém BC,suyra AG L BC va AG=a+/3.

Ta thdy HE kéo dai cit BC tai trung diém | cua CG va do d6 HE:%HI :%AG:a%‘r/g.

Xet tam giac vuong SHE , ta co 12= 12+ 12:>HK=a/E.
HK® HS® HE 67
Vay d(SM;BC)=a %

Cau2l. ChonB

A
Goi D 14 hinh chiéu ciia S 1én mat phang (ABC), suy ra SD L (ABC).
Taco SD L AB va SB L AB (gt),suyra AB L (SBD)= BALBD.
Tuong tw c6 AC L DC hay tam gidc ACD vuéng ¢ C.

DG& thdy ASBA = ASCA (canh huyén va canh goc vudng), suy ra SB = SC .
Ttr do6 ta chimg minh dugc ASBD = ASCD nén cling c6 DB =DC .

Vay DA la duong trung truc cua BC, nén cling la duong phan giac cua goc BAC .

Ta c6 DAC =30°, suy ra DC = - . Ngoai ra goc giia hai mat phing (SAB) va (ABC) Ia

NE

SBD = 60°, suy ra tanSBD:E-B:SD:BDtanSBD:i.Jé=a.

J3

Duyng hinh binh hanh ABEC , do tam gi4dc ABC 14 tam giic déu nén tam giac BEC déu.
Co6 CBD = ABD — ABC =90°-60°=30° nén BD la phan giac trong ctia goc CBE .
Goi | 1a trung diém ciia EC thi Bl L EC.
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' 11 1 1 1 13 a
K¢ DH LSl tai H , ta co: DHZZSD2+DI2:a_2+?\/§2:¥:>DH:ﬁ
)
= d (D;(SCE)) = —.
J13
o AB//(SEC):>d(AB,SC):d(AB;(SCE))=d(B;(SCD))=%d(D;(SCE)):%'

Cau 22. Chon B

X

Tacé SH vuéng goc véi (ABC )nén suy ra goc giita SC va day (ABC) la géc SCH =60°.

a3

CH = AC.sinHAC =T:> SH =CH.tan 60°:3?a_

Ké Bx song song v& AC suy ra AC ||(SBx) .

= d(AC,SB)=d(AC,(SBx))=d (A (SBx))=2d (H,(SBx)).
Tu H ké HK L Bx = Bx L (SHK)= (SHK) L (SBx) .

(SHK) L (SBx)
= {(SHK)(SBx)=SK = HI =d (H,(SBx)) .
HI 1 SK
. av3 1 1 1 4 16 52 3a
HK = HB.sin 60° = , = = = HI ==,
.l 4 ' HI? SH? HK? 92 3a 9 J52
3a 3a
=d(H,(SBx))=HlI =——=d(SB,AC)=2HI = —— .
(H.(3Bx)) = Hil =5 =d (SB,AC) = 2HI ==

Cau 23. ChonD
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B C

Goi | 1a trung diém AD, H 1a giao diém cua AC va Bl . Ta c6 CD // Bl nén H Ia trung
diém cua AC va d(CD,SB)=d(CD,(SBI))=d(C,(SBI)) =d(A,(SBI)).

. . [BIyCD
Ké AK LSH tai K (1). Khido, =Bl LAH.
CD L AC

Talai co, BI L SA nén Bl L (SAH)= BI L AK (2).
T (1),(2) suy ra AK L(SBI) nén d(A,(SBI))=AK.

a3

AC? = AB2+ BC? - 2AB.BC c0s120° =3a” = AC =a+/3 = AH = =

1 1 1 _ 1 4 5 nén AK =2

AK? SA?  AH? 3a® 3a° 3a?

15 a1
.Vay d(CD,5B) =22
5 V& d(CDSB)==

Céu24. Chon A

Goi M, N lan luot 14 trung diém ciia hai canh AB va BC. Goi H 14 hinh chiéu cta G 1én duong
thang di qua A va song song véi CG. GK 1a duong cao cuia tam gidc GHS.
Khi 46, d(GC,S4) =d(GC,(SAH))=GK .

Tac6 AHGM Ia hinh chit nhat va 4G = % :

SA,(ABC) = SAG = 60° = SG = AG.tan60° =a, GH = AM = g ,suyra

d(GC.S4) = GK — 956 _ a5

JGS*+GH? 5

Céu25. ChonB
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Goi | 1atrung diém AD. Tacd BCDI Ia hinh binh hanh nén BI /CD.
Suy ra CD//(SBI) nén d(CD,BI)=d(CD,(SBI))=d(D,(SBI)).

d D, SBI DI

Tacé: ADNSBl = | ==———M— = — =
d A, SBI Al

1<d D, SBI =d A, SBI

Vi ABCD la nira lyc giac noi tiép hinh tron tam | nén ACD =90° = AC L CD.
Suyra AM L BI,ma SALBI nén Bl L(SAM)=(SBI)_L(SAM).

Ta lai c6 (SBI)n(SAM )=SM néntrong (SAM ) k¢ AH L SM thi AH L (SBI).
Vi SAJ_(ABCD) nén hinh chiéu cua SC trén (ABCD) la AC.

= (SC,(ABCD))=(SC,AC)=SCA=45°= SA= AC =CD.tan60°=a~/3.

D& thdy AABI déu canh a nén AM :_a23 .
Trong ASAM vuodng tai A: == 12+ 1 2:>AH:a*/1_5,
AH® SA° AM 5

av15
-

Vay d(CD,BI)=d(D,(SBI))=d(A,(SBI))=AH =

Céu 26. Chon A.

(SAB) L (ABCD)
Taco: <(SAB)n(ABCD)=AB = SH L(ABCD).
Trong (SAB), SH L AB
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Theo gia thiét ta c6: AB = BC =4a va BAD =120° = ABD =30° = ABC =60° nén AABC la

tam giac déu, canh 4a.

4a)" 3
:>SABC:( a)4\/_:4\@a2 va SH:4a£/§:2J§a.

Tac6: AM? = AD? + DM?—2AD.DM.cos ADM =(4a)’ +a® —2.4a.a.cos 60° =13a° .
— AM =a+/13.
Trén tia d6i ctia tia CD lay diém E sao cho CE =a.
Khi do, tir gidc AMEB 14 hinh binh hanh= BE = AM =a+/13.
Mit khac, AADM = ABCE = S,,,cs = Specp = 2S pec = 2.44/327 =8+/3a2,
AM & (SBE)
Tacé: {AM//BE = AM//(SBE).
BE —(SBE)

Do d6 d(AM,SB)=d(AM,(SBE))=d(A,(SBE)).

Ta lai co: 3((:((SSEEE)))) = QE =2 =d(A(SBE))=2d(H,(SBE)).

Trong (ABCD), goi K va F lan luot 1 hinh chiéu cia H va A 1én BE.

SHK:EAFZE S avEB =1 8./3a’ _4@3_

2 2" EB 2 aJ13 13
BE L HK

BE L SH (Do SH L (ABCD)> BE)
HK, SH < (SHK)

HK "SH = H

(do HK 1a duong trung binh ciia AABF ).

Ta c6: = BE L (SHK).

Ma BE < (SBE)=(SBE) L (SHK). Ta lai c6: (SBE)(SHK)=SK
Trong (SHK), ké HI L SK (1 eSK) = HI L(SBE)=>d(H,(SBE))=HI.

Tam giac SHK vuong tai H , duong cao HI nén
1 1 1 1 1 17
2= 2t 2 2t z - 2
HI SH HK (2\/§a) 4\/@3_ 48a
13
Do do: Hi =41—\/75>1a . Vay d(AM,SB)zga.

Céau 27. Chon B
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Céau 28.

Ap dung dinh 1y Menelaus cho AABO véi cat tuyén DMN ta  co:

%.%.B—gzlj%=%:%=%:d(N,(SBC)):%d(A,(SBC))
Xét AABC 6 AB?’=CD’=5a* AC*+BC?*=4a’+a’=5a">=AABC vuong tai
C=AC LBC

SA L (ABCD)=>SA L BC.Suyra BC L (SAC)

Ké AH L SC, taco BC L(SAC)= BC L AH nén AH L (SBC)= AH =d(A,(SBC))

, . 1 1 SA.AC a.2a 2
Xét ASAC vudng tai A: = - - —
O A TS act T T A act Jairaa B
2 2 2 45
Vay d(N,(SBC))=—=d(A,(SBC))==—.—a=——

Chon D

Tir gia thiét ta c6 BM =3a, ta giai bang cach gin hé truc toa d6 nhu sau:
Chon hé truc toa do décac vudng goc Oxyz théa O =A, diém B nam trén OX, diém D nim

trén Oy, diém S nam trén Oz nhu hinh v&:
Tir gia thiét ta co toa do cac diém B(3a;0;0), D(0;44;0),S(0;0;5a) va M (3a;3a;0) suy ra toa

do céc vecto SB = (3a;0;-5a), MD = (-3a;a;0), BM = (0;3a;0)
Tich ¢6 huéng [ﬁi W} = (5a%;15a%;3a%)
Van dung cong thtrc tinh khoang cach
‘[SB, MD|BM| 4500 454
d(SB,MD) =" ——= = — = .
‘[SB, MD] a’y259 /259
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Cau 29.

Chon A

Goi O la tam cua tam gidc BCD.

Qua C ké dudng thang d song song vi BM .

Khi d6 d(AC, BM)=d(BM, (AC,d))=d(O, (AC,d)).

Do tir dién ABCD Ia tir dién déu = AO L (BCD).

Ké Ol Ld valed, OH LAl va HeAl =O0H L(AC,d).Suyra d(O, (AC,d))=0H

Tacé d //BM =d LCD. Tt giac IOMC la hinh chir nhat, suy ra 10 = MC = %.

BM 1a duong cao trong tam giac déu canh bang a :BMz#:BOz%.
. 2 2 2 a2 a\/E
Tacd AO=+AB°-BO* = AO=,[a’-= =22,
3 3
a2 a
Dodétace =t 1 op-_OROl _ oy 3 2 av2
OH® OA" Ol JOA? +0I? 2a’ a 1
V'3 "4

av22
11

Vay d(AC,BM )=

Cau 30 Chen C

Ké CK LAD.Tac6 CK=a, AK=BC=a= KD=a.
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AC =av2, CD=+/CK?+KD? =a+/2; AC?+CD? = AD? = AACD vudng tai C.
Dung hinh chir nhat ACDE , ké AH L SE tai H .
Taco DE L AE va DE L SA nén DE L (SAE) = DE L AH .

DE L AH va SE L AH nén AH L (SDE) tai H . Suyra d(A,(SDE))=AH .
Taco AC//(SDE)=>d(AC,SD)=d(AC,(SDE))=d(A,(SDE))=AH.

Trong tam gidc SAE vuong tai A, taco

1 1 1 1 1
3:>AH:ﬁ.

=t =—
a? 2a* 2a° 3

= +
AH? SA*  AE?
Céu 31.Chon B

M
B

Vi SA L (ABC) nén (SB,(ABC))=(SB, AB)=SBA = SBA=T75°.
SA= AB.tan SBA =a.tan 75°:a(2+\@). Dung hinh binh hanh ACBD, ta c6 AC//(SBD)
nén: d(AC,SB)=d(AC,(SBD))=d(A,(SBD)).

Goi M 1a trung diém BD, suy ra BD L AM .
Tu SAL(ABC) tacoé BD L SA,dod6 BD L(SAM).Ké AH L SM (H eSM)thi BD L AH

Tir BD L AH va AH L SM suy ra AH L (SBD) nén d(A,(SBD))=AH .

Tam giac ABD déu canh a nén AM :_a\2/§ . Trong tam giac SAM vuéng tai A, taco
12: 12+ 12: : 2 T 1 2:25_122\/§:>AH= Laz0.844a.
AH?  AM?  SA (a@J (a(2+J§)) 3a V25-1243
2

Vay d(AC,SB)=d(A,(SBD))=AH ~0.844a.
Céau 32.Chon A

Do AB=3AM =3a nén AM =a=AD=DC =AM =a.
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Céau 33.

Do AM //DC va AM =CD = AD =a nén AMCD I hinh thoi ¢é canh bang a.

Suy ra {CM .= AD//(SCM)=d(AD,SM)=d(AD,(SCM))=d(A,(SCM)).

AD//CM
Ké AH LCM ,(H eCM), AK L SH,(K eSH).
Tacd SA L (ABCD)=SALCM ma CM LAH suyra CM L (SAH)=CM L AK.
Do AK L AH,AK LCM nén AK L(SMC)=> AK =d(A,(SCM)).

Do AM = AD =a, MAD =60° nén AMAD 1a tam gidc déu canh bang a = AC =2Al = a3
v6i | latdm hinh thoi AMCD..

2 a3
Ta o Sy = =.MILAC == AH.MC = AH = ML-AC _ 2 _a3
2 2 MC a 2

Xét ASAH vudng tai A c6 AK L SH . Theo tinh chit dudng cao tam giac vudng,
1 1 4 1 5 av15
5

Taco ! = + = + = = AK =
AK? AH? SA* 3a® 3a* 3a°

a/15

Vay d(AD,SM)=d(AD,(SCM))=d(A,(SCM))= AK =

5

Chon D

Qua Aké dudng thang d song song véi BD. Goi O 1a giao diém AC va BD;1,M lan luot

1a trung diém AD va OD; N 1a giao diém d va IM . Nén BD//d = BD//(SA,d)

— d(SA,BD) =d(BD,(SA,d)) =d(M,(SA,d))

Trong mp(SMN) ké MH L SN (1), (H € SN) . Theo gia thiét :

SI L AD

(SAD) L (ABCD)
d//BD

Mat khac ta c6: BD L AO ; = d L MN (**)
AO//MN

Tu (*),(**)suyra d L (SMN)=d L MH (2). Tt (1),(2) suy ra MH L (SA,d).

}:SI 1 (ABCD)=SI Ld (*)
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Xét tam giac SMN c0: S g, =1MH.SN :ESI.MN = MH = SI.MN

2 2 SN
Véi SI =§ MN = Ao_g:m =%MN _ A2 oy JSIT L INE =
Do d6 MH = SIgNNM _ aiﬁ. Viy d(SA BD)= aJ?Z.

Céau 34.Chon A

ABDC la hinh thoi nén AD//BC . Suyra AD//(SBC).

Khi d6 d (SB, AD)=d(AD,(SBC))=d (A (SBC))

(Goi K 14 hinh chiéu vudng goc cia A 1én BC, H 14 hinh chiéu vudng goc ctia A 1én SK).
Khi d6 AH L(SBC), suy ra d(A,(SBC))=AH .

Tam giac ABC can tai B va ABC =60° nén tam giac ABC 1a tam giac déu. Suy ra

f a3 AKSA _ay39

a
AK =22 Tac6 sA=AD.tan30°= Y2 vay AH = =
3 JAK?+5A? 13

Céu 35. Chon B

Goi M I trung diém AB
Ta c6 BCDM Ia hinh binh hanh (vi CD song song va bang BM ) nén DM = BC :%AB suy

ratam giac ADB vudng tai D . Tuong tu tam giac ACB vuéng tai C .
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= EF//CB = EF// SBC

. {EF//DM
Vi

DM /ICB

=d EF,SB =d EF, SBC =d F, SBC :%d A, SBC

AC
BC L SA
Goi H 1a hinh chiéu vudéng goc cua A 1én SC thi AH L SBC =d A, BC = AH.

11 1 1 1—42:>AH:3?a

Trong tam giac vudng SAC taco = + = =
J J g AH? SA?  AC? 9a®* 3a® 9a

Taco = BC 1 SAC = SBC 1 SAC ,

Vay d SB,EF =-—.

Céau 36. Chgn D

Goi N 14 trung diém ctia AB. Suy ra MN 1a duong trung binh ctia AABC.
= d(AC, M) =d(AC,(SMN))=d(1,(SVMN)) (véi | =DNNAC)
Taco

d(1,(SVN)) _IN 1
d(D,(SMN)) DN 5

(doAN//CD:ﬁ:ﬂ:l:ﬂzl)
ID CD 4 DN 5

IDN(SVN)=N =

:>d(|,(SVIN))=%d(D,(S\/IN)). Xét AADN va ADCA ¢6: D= A=90°

AN _AD 1

AD DC 2
Taco
(SVIN) L (SDN)
(SVIN)N(DN)=N = d(D,(SVIN))=DH
Trong(SDN),DH L SN
1

R P 1 1
ADN vuong tai D: e + NE — DH :a:d(l,(S\AN)):E—Sd(D,(S\AN)):

= AADN” ADCA(c—g-c) = ADN = DCA = DN L AC= MN L(DN).

oo

Céau 37.Chon D
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Goi H la trung diém ctia AO . Theo gié thiét: SH L (ABCD).
Taco: CD//AB = CD//(SAB) = d(SA,CD)=d(CD,(SAB))=d(C,(SAB)).

d(C,(SAB)) _CA_

Mat khac: ;r (H ,(SAB)) _m =

4=d(C,(SAB))=4d(H,(SAB)).

Trong (ABCD), ké HI L ABtai | ; k¢ HK LSI tai K.
Khi dé: d(H,(SAB))=HK .

., ) N 1 1 1
Tam giac SHI vuong tai H nén: = + 1
9 gk HK? HS? HI? ( )

Hinh thoi c6 ABC =60° nén tam giac ABC déu = AC =a;BO = # .
a3 a
Tam gidc AIH dong dang tam giac AOB = H =ﬂ:> IH = OBAH 2 4_ a3 (2)
OB AB AB a 8

Tam giac SAB déunén SA=SB=AB=a.

2
Tam gidc SAH vuong tai H nén SH =/SAZ— AH? = [a —(%j _4 415 (3)

Thay (2) va (3) vao (1) taduge: — =+ 4 1 zzllszK:a\/%o,
HK® (aJ3) (a15) 5@ 112
8 4
a+/560 a+/560
Vay d(C,(SAB))=4d (H,(SAB))=4. _ |
4y d(C,(SAB))=4d(H,(SAB))=4.— = =

Cau 38.Chon A
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) 1 1 3a’®
Tacld Vg ppep = 3 SAS oo Spsep = E(a+ 2a).a= >

3\/S.ABCD — 3a3\/6 ) 2

Suy ra SA=
4 2 3a°

=aV6.
ABCD

Goi M 1a trung diém cia AB, O 1a giao diém cua AC va DM .

Ta c6 tir giac ADCM 1a hinh vuong canh a.

Tacé (DNM ) chira ON va ON//SC nén SC//(DNM ).

Suy ranén d(SC,DN)=d(SC,(DMN))=d(C,(DMN))=d(A,(DMN)).
Trong (SAC) k¢ AH L NO.Tacé DM L AC va DM L SA nén DM L (SAC).

AH L NO

Khi do6 ta co
AH 1 DM (DM L (SAC))

}:AH L (DMN)

= d(A,(DMN))=AH.

12: 12+ 12;AN:ﬁ;AOZ&3 12:iz+ 12:%3AH=—a\/6_
AH AN“  AO 2 2 AH® a® 3a° 3a 4
2 2

a\/6

Vay d(SC,DN)=="

Céau 39.Chon C

Taco HK//BD = HK//(SBD)=d (HK,SD)=d(HK,(SBD))=d(H,(SBD)).

BD L HM
BD L SH

HI L SM
Dung HI L SM . Taco
HI L BD

Dyng HM J_BD.Tacc'){ = BD L(SHM).
= HI 1 (SBD)=d(H,(SBD))=HI.

HM :£=¥,HD= AH? + AD? =¥,SH = /SD? —HD? =a\7.

2
Xét ASHM vuong tai H , taco
1 1 1 1 1 57 a+/399
2 - 2+ 2 2T ;=57 —Hl= :
HI HS® HM (aﬁ) [a\/zJ 7a 57
4

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 34



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

a+/'399

Vay khoang cach gitra hai duong thang SD va HK 13 T

Ciau 40.Chgn A

Do ABCD Ia hinh thang c6 AB=BC =a; AD=2a va M la trung diém cua AD nén ta co
BM //CD = CD//(SBM).

Do d6 d(SM,CD)=d(CD,(SBM ))=d(D,(SBM))=d(A,(SBM)).

Také Al LBM , laico SALBM =(SAl)L(SBM).

Taco (SAI)N(SBM)=SI.Ké AH LSI = AH L (SBM) hay d(A,(SBM))=AH .

1 2

Xéttam gide SAl 8 SA=2a; Al =2 BM :aT’ SAI =90°.

1 1 1 1 1 :>AH=2?a.

~ ARZ SAZ AIZ Z(Za)z

+

Viy d(SM,CD)=d(A,(SBM))=AH =.

Céu4l. ChonC

B £ S

S
C

Goi | 1a trung diém cua AC, H 1a trung diém cta SB, P 1a trung diém ctua BC.
Tacd ASAB, ASCB vuéng tai A vaC nén HS=HA=HB=HCva IA=1B=1IC.
Trdosuyra IH L(ABC)=IH L BCma IP LBC suyra BC L(IHP).
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Ké IK LHP = IK L(SBC)= IK:d(l,(SBC)):%d(A,(SBC)):a—f.
Taco — =L ;1 12:%:>IH:ﬂ:>PH: RN CH
IKZ IHZ IP2 IH? a 4 4
2
Suy ra SC = 2PH =¥ =S, :%.BC.SC :%.a.—af _a ;/E.

1a/3 a6 a2

R 1
Vay Vs pgc = éd (A'(SBC))'SASBC =3

33 4 12

Céau 42. Chon A.

»B

Goi H 1a hinh chiéu vuéng goc ciia $ 1én (ABC). Suy ra (SB,(ABC))=SBH =60°.

Do SCB=SMA=90° nén BC LCH,AM 1 MH .
Tacd AABM déu canh 2a va AMH =90° nén HMC =30°.

Tir d6 CH = CM. tan 30° :z—fa: HB = +/CH? + BC? =@a
— SH = HB.tan 60° = 2/13a. Vay V; ,.c =%.SH.SABC =@a3.

Céu 43. ChonD

Ta cO: | trung diém SA 13 tAm mit cau ngoai tiép hinh chép S.ABC = SBA=SCA=90°.
Dung hinh chit nhat ABDC .
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Ma AB L BD AC LCD
AB L SB AC L SC

(2). Tu (1) va (2) suyra SD L(ABCD).

= AB 1 (SBD)= AB LSD (1) va { = AC 1 (SCD)= AC 1 SD

(SAB)(ABC)= AB
Mit khac: {SB L AB,SB = (SAB) = ((SAB),(ABC))=(SB,BD)=SBD =30°.
BD L AB,BD c (ABC)

SD V3

Xét tam giac SBD c6: tan SBD = ;—B < tan30° = —— = SD =44/3a. 3

43

=4a.

d(B,(SACY)

{SAC)

bat AB=x.

Taco: IB :%SA:%\/DBZ +DC2 +SD? :%\/64a2 +x2 .

SD.DC _ 4a.X
JSD?+DC?  +/16a% + X2
d(B,(SAC)) _d(D,(SAC)) _DH

Mt khac: Sin(IB,(SAC))= B - IB IB

Goi H 14 hinh chiéu cua D 1én SC = DH =

4a.X

2 2
@ﬁa: v16a® +x N

X = 433 < AB =4/3a

7 ;m x:%qAB:%'
Vé6i AB = 8\/3§a, SB =8a, ta tinh dugc tan ASB=§=§:> ASB = 30° (Loai).
Véi AB=4+/3a, SB =8a, ta tinh dugc tan ASB = s_: = ? = ASB >30° (Nhan).
Ma: {2si§§:>d(AC,SB)=AB=4\/§a.

Cau 44. Chon A
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Trong mit phing (ABC) dung hinh chir nhat ABHC , khi d6 ta co

{ABJ_HB {ACLCH

= ABLSH (1) va = AC LSH (2).
AB 1 SB AC 1 SC

Tu (I)va(2)suyra SH L (ABC).
Nén ta c6 HA 1a hinh chiéu vuong goc ciia SA trén mit phang (ABC).
Do d6 goc giita SA va mit phang (ABC) bang goc giita hai duong thang SA, HA va bang goc
SAH nénsuy ra SAH =45°,
Theo cach dung trén ta c6 HA=BC = \/m =a~/5 vatam giac SAH vudng can tai H
nén SH = HA=a\5.

1

3
Tacling ¢6 S, 5 = > AB.AC = %a.Za =a’ . VAy Ve :%SH Spasc = %.a\/g.az _2 ;/g

Céu 45. Chen A.

B

Goi H 1a hinh chiéu vuéng géc ctia S 1én mét phing (ABC)= SH L (ABC)
SAB = SCB =90° = HAB = HCB =90 , (SB,(ABC)) =30° < (SB, HB) = SBH = 30°

Trong tam giac vudng SHB: SH = SB.sin30° = a+/3; HB = SB.cos30° = 3a,
= HA=+HB?-AB? =a

Tac6 ((SBC),(ABC)|=60° < (HC,SC) = SCH =60" = HC = SH.cot60° = a;,CB = 2av/2 .
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1 1 1 9

Goi O 1a giao diém cua AC, HB ; trong tam giac HAB: > = Tt —5 ==
AO AH AB° 8a
. 1 16+/6a°
= A0 = Zfa =O0B= 8?61 Vay thé tich V spc = §OA.OB.SH = \2/7_

Cau46. ChonD

D& thdy ASAB =ASAC = SB=SC. Goi | 1a trung diém cua BC .

. [A1LBC
Ta c6: {SI ae = BC L(SAI).Ké SH L Al = SH 1 (ABC) .

Vay (SA, (ABC))=SAH = SAI = 60°
Ké BM L SA , do BC L (SAl)=>BC LSA, vaynén SA L(MBC).

(

Tam giac IMA vuong tai M ¢O IA=—— a

fa

c0s60° = /:I\I/l AM = Al .cos60° =

sin 60° :%: IM = Al.sin60° =—

2
Tam giac SAB vuong tai B, BM 1a dudng cao. Ta c6: AB° = AM.SA= SA= AB :ﬂ.
AM 3
Xét ASAI c6: SH.AI = IM.SA=> SH = 'MAIS’A=2a
A 1 a’\3 _a’\3
Viy: VS.ABC=§.SH Spge = 32a 2 5

Cau47. ChonD

39 | Facebook tac gid: Phan Nhat Linh



Chd 38 02: Cuc tri ca ham sb

Goi H 1a hinh chiéu vuéng goc ciia S 1én mit phiang (ABC).

ABAC can tai Bva ABC =120" = ACB = BAC =30°

Theo bai HC || AB= HCA=CAB =30 = BCH =60" = AHC = ABCH Ia hinh thang can.
Do d6 AH =BC =a. Trong mp (ABCH) dung HK L AB = AB L (SHK).

Trong mp(SHK) k¢ HP L SK = AB L HP = HP L (SAB) (1).

Trong mp(SHB) ké HQ L SB. D& dang chitng minh dugc

HQ L SB

sc 1 o= HQ 1(SBC) (2).

BC L HB= BC L(SHB)= BC L HQ. Vi {

Tir (1) va (2) ta suy ra ((SAB),(SBC)) =(HP, HQ) =PHQ . bat SH =x

a3

Xét AAHK vuong tai K: HK = AH.sin HAK = AH.sin AHC =a.sin60" = —

1 1 . HP- av3.x

1
= + ——
HP? SH? HK? J3a? +4x2

HB = BC.tan BCH = a.tan 60° = +/3a.

Xét AAHK vuong tai K :

1 1 . HO=- a+/3.x

1
HQ? SH? HB? J3a2 1 %2
AHPQ vubng tai P nén: cos PHQ:g:E—g:x:\@a:SH :J§a.

A 1 1,,1 . a’
Vay VS.ABC :§SH'SAABC :§SH§ BA.BC.sin ABC = T

Xét ASHB vudng tai H :

Cau 48. Chon A.
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AT B

Tacé AC =~/AB2 + BC?—2.AB.BC.cos135° =+/5.a.
Goi H 14 hinh chiéu vuong goc cua S 1én (ABC), = SH 1 AB, SH 1 BC

Do SAB =SBC =90° nén AB L (SHA), BC L (SHB)= AB L AH,BC L BH .

Do ABC =135° = ABH =45° nén AABH vuéng cén tai A. Tir d6 HB =a~/2 suy ra AHBC

vudng can tai B. Suy ra BHC =45° = HC // AB..

Goi K 1a hinh chiéu vuéng géc cua H I1én SA , khi d6 HK L (SAB) nén

KH=d(H,(SAB))=d(C,(SAB)).

d(C,(SAB)) CHK 1
AC AC 5

Tam giac SAH  wvuéng tai A ¢6 duuong cao HK . Ta ¢6

NS U U DN Y

2 a2

Taco sina =

HSZ HK? HA? a

1 1a
Vs agc =§'SH'SABC =§E

N |- [
w

. a
a.a/2.sin135° = .
12

Cau 49. Chon C

A

Goi H 1a hinh chiéu vuéng goc ciia S 1&n (ABC) = SH L (ABC).

. [ABLSB
Ta 6 — AB 1 (SBH)= AB L BH .
AB L SH
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(SAB)(ABC)= AB
Taco {SBc(SAB),SBLAB = ((SAB),(ABC))=(SB,BH )= SBH =60°.
BH — (ABC),BH L AB

Theo gia thiét, AABC can tai A nén
AB = AC = ASAB = ASAC = SB = SC = ASHB = ASHC = HB = HC .

Suy ra HA 1a duong trung truc cia BC, suy ra HA 1a duong phan giac goc BAC
suy ra HAB =60°.

Xét AHAB vuong tai B suy ra tan HAB = % — BH = BA tan HAB = a.tan 60° = a+/3.
Xét ASHB vuéng tai H suy ra tan SBH = :—: = SH =BH.tanSBH = ax/g.tan 60°=3a.

Vay Vs ppe = %.SH Sampe = %.Sa.%.AB.AC.sin BAC = %.a.a.sin120° =

a’\3
-

Cau 50. Chgon D

Goi H 1a hinh chiéu vuong goc ciia S 1én (ABC).

. . |AC L SC
Theo bai ra, ta co { = AC L (SHC)= AC L HC (1).

AC L SH

AB 1 SB

= AB L (SHB)= AB L HB (2).
AB L SH

Tuong tu {

Mit khac BAC =90°; AB=AC =a (3).
T (1),(2), (3) = ABHC la hinh vuéng canh a.
Goi O=HANBC, E 14 hinh chiéu vudng goc ciia O 1én SA = OE L SA (4).

. [BC L AH
{ = BC L (SAH)=BC L SA(5).

Tacd
BC L SH

SA 1 EB
SALEC

Tur do, ta duoc: goc gitra (SAC) va (SAB) 1a goc gitta EB va EC.
Xét hai tam gidc ABEC, ABACtac6: BE=CE <BA=AC

Tur (4), (5):>SAJ_(BEC):>{
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= BEC > BAC .Vi CAB =90° nén BEC >90° = BEC =120°.

Ta dé dang chi ra dugc OEB = OEC =60°.
AOSH  av2.x

SA  Jx*+8a®

Xét tam gic vuong AOCE ta c6: tan 60° = OC a2 32X _ Bex=2a.
OE Vx? +8a’

bit SH =x= SA=+x*+8a*> = OE =

3
2 _4a

.E.Za.4a
3 3

N~

. 1
Vay Vg ppc = EVS.HBAC =

43 | Facebook tac gid: Phan Nhét Linh



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

DANG 10 Curc tri khoi da dién

Céu 1:

Céu 2:

Céu 3:

Cau 4:

Céau b5:

Céau 6;

Cho hinh hép chir nhat ABCD.A'B'C'D’ ¢c6 AB=x, AD=1. Biét ring goc giita dudng thing
A'C va mit phang (ABB’A') bang 30° . Tim gia tri 16n nhit V. cua thé tich khéi hop
ABCD.A'B'C'D'.

33 1 3 V3

AV = . B.V =—. CVv =—. DV =—.
max 4 max 2 max 2 max 4

Cho hinh chép S.ABCD déu, c6 canh bén bing 1. Thé tich 16n nhat caa khéi chop S.ABCD
bing

4 8 L c 43 o V3
27 6 27 12

Cho hinh chép S.ABCD ¢4 SA = x, cac canh con lai caa hinh chép déu bang 2. Gia trj cia x
dé thé tich khéi chop d6 16n nhit 1a

A 242 B. V2. C.\7. D. V6.
Cho hinh chép S.ABCD c6 day ABCD Ia hinh thoi. Biét SA = x V6i (0<x<2J§) va tat ca

cac canh con lai déu bang 2. Tim x dé thé tich cua khéi chop S.ABCD dat gia tri Ion nhat?

76

A 2. B. 242 . C. D. V6.

Cho hinh try ¢6 hai duong tron déy 1a (O;R) va (O';R), chiéu cao cua hinh try I3 R/3. Giasir
AB la mot duong kinh ¢6 dinh trén dudng tron (O) va M 1a diém di dong trén duong tron
(O'). Hai dién tich tam gidc MAB dat gi4 tri I6n nhét bang bao nhiéu?

A. 2R?. B. 4R, C. R*%f3. D. 2R*\2.

Nguoi ta mudn thiét ké mot bé ca bang kinh khong c6 nip véi thé tich 72dm?, chiéu cao 1a
3dm . M6t vach ngan & gitra, chia bé ca thanh hai ngan, vdi cac kich thudc a,b nhu hinh vé.

Tinh a,b dé bé ca ton it nguyén liéu nhat, coi bé day cac tam kinh nhu nhau va khong anh huéng

dén thé tich ctia bé.
3 dm !
/
adm

A. a=+24dm: b=+24dm . B.a=6dm: b=4dm.
C.a=3Y2dm: b=4/2dm. D. a=4dm: b=6dm.
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau7:

Céu 8:

Cau 9:

Céu 10:

Cau 11:

Céau 12:

Cau 13:

Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh tdm O . M6t mat phang khéng qua S
va cit cac canh SA, SB, SC, SD lan luottai M, N, P, Q thoa min SA =2SM, SC =3SP.

2 2
Tinhti sé 25 khi bidu thire T = 2B | +a[ 52 dat gia tri nho nhét,
SN sN) 50

LR B. 2B _5. c.B_y p.28_2
SN 2 SN SN SN 2
Mot kim tu thap Ai Cap c6 hinh dang 1a mét khéi chdp tir giac déu co do dai canh bén 1a mot sé
thuc duong khong déi. Goi « 1a goc giira canh bén cua kim tu thap va mat day. Khi thé tich cua

kim tu thap 16n nhét, tinh sine .
V3 J5 V3

A. sina:—6. B. sinag=— C. sina:?. D. sina=7.

Cho hinh chép S.ABC ¢6 SA=SB=SC=AB=AC=a vd BC =2x. Tinh thé tich 16n nhit
Vv cuaahinh chop S.ABC

3 3 3 3
AL B.‘“/E. c.”ﬁ. D. L.
8 4 12 6

Cho hinh chop tir giac déu S.ABCD c6 canh day bang a, canh bén hop véi day mot goc 60°
goi M la diém déi xtng véi Cqua D; N 1a trung diém cua SC, mat phang (BMN) chia khéi

chop S.ABCD thanh hai phan. Goi (H, ) la phan da dién chua diém S ¢6 the tich V,; (H,) la

A . \ - e - . K R ar V
phan da di¢n con lai co thé tich V,. Tinh ti so the tich — .
2

A.ﬂ. B.Z. C.Z. D.l.
5 3 5 5
Leoir 1en f A 1 . AC Y e s
Cho khoi tor dién ABCD c6 thé tich V =g, géc ACB =45° va AD+BC+T=3. Hoi do dai
2
canh CD?
A 243, B. /3. C.\2. D. 2.

Trong khong gian véi hé toa d6 Oxyz cho mat phang (P) di qua diem M(9;1;1) cét cac tia
Ox, Oy,0z tai A,B,C (A,B,Ckhong tring véi goc toa do). Thé tich tir din OABC dat gia tri
nho nhat la bao nhiéu?

A 8l B, 243 c. 8 D. 243

2 2 6
Cho tam gidc déu ABC c6 canh bang 2. Trén dudng thing d di qua A va vudng goc v6i mat
phing (ABC) lay diém M saocho AM =x. Goi E, F lan lugt 1 hinh chiéu vudng géc ctia C
lén AB, MB. Pudng thiang qua E, F cat d tai N . Xac dinh x dé thé tich khéi tir dién BCMN

nho nhét.

A x=Y2 B. x=1. C.x=2. D. x=+2.
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Céu 14:

Céu 15:

Cau 16:

Cau 17:

Céau 18:

Céau 19:

Céau 20:

Cho lang tru dting ABC.A'B'C’ c6 day la tam gidc déu. Tam giac ABC' c6 dién tich bing 3v/3
va nam trong mit phang tao véi day mot goc bang «, o e[o;%j. Tim o dé thé tich khoi lang

tru ABC.A'B'C’ dat gid tri [6n nhét.
A. tarwc=i B. tanazx/g. C. tanazx/a. D. tana=i.

Jo V2

Cho hinh chép S.ABC, trong d6 SA 1 (ABC), SC =a va day ABC la tam giac vudng can tai
dinh C. Goi « 14 gbc giira hai mit phing (SBC) va (ABC). Khi thé tich khdi chop S.ABC dat
gi4 tri 16n nhat thi sin2a baing
R g 3. c. 2B p. 22

3 2 5 3
Cho hinh chép S.ABC ¢ SA = x, cac canh con lai ctia hinh chop déu bang a. Dé thé tich khbi
chop 16n nhat thi gid tri x bang
N B L. c. 3, . 4.

2 2 2
Cho hinh chdp S.ABCD c6 ddy ABCD 1a hinh vudng canh bang 2, SA =2 va SA vudng goc
v6i mit phang day (ABCD). Goi M, N 1a hai diém thay ddi trén hai canh AB, AD sao cho

mit phang (SMC ) vudng goc v6i mit phang (SNC ) . Tinh tong T = +ﬁ khi thé tich

2
khéi chop S.AMCN dat gia tri 1on nhat.

AT=1 B.T=2. c.T=2. D.T:2+\/§.
9 4 4

Cho tir dién ABCD ¢6 AB=x, CD =y, tit ca cac canh con lai bang 2 . Khi thé tich tr dién
ABCD 1a 16n nhét tinh xy .
16 1

A.z. B.é. C. —. D. —.
3 3 3 3

Cho hinh chép S.ABCD c¢o6 d¢ay ABCD 1a hinh vudng canh bang 2, SA=2 va SA vudng géc
v6i mit phiang ddy. Goi M, N 13 hai diém thay doi trén hai canh AB, AD (AN < AM) sao
cho mit phing (SMC) vudng géc véi mit phing (SNC). Khi thé tich khéi chép S.AMCN  dat

4 11 16n nhit. eid tri of 1 N 16 bi

1a 1r1 nnat, gia trr cua ——— ~——— ban

glatn g ANZ  AMZ D008
17 5

A =L B. 5. c.2. D. 2.
4 4

Cho khéi chop S.ABCD c6 day 1a hinh binh hanh. Goi M,N 1a hai diém nim trén hai canh

SC,SD sao cho % =% va If]_ND =2, biét G 1a trong tAm cua tam giac SAB. Ti sb thé tich

\% . L :
Zawp M (m, n 1a cac so nguyén duong va (m,n) =1). Gia tri cha m+n bang
VS.ABCD n
A. 17. B. 19. C. 21. D.7.
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 21:

Cau 22:

Cho tr dién ABCD ¢60 DAB=CBD =90°, AB=a, AC =a~/5 va ABC =135°; Goc gilra hai
mit phang (ABD) va (BCD) bang 30°. Thé tich cta tir dién ABCD la

3 3 3
a

a B a C a
243 2 3\2
Cho moét céi hop hinh chir nhat c¢6 kich thudc ba canh lan luot 12 4cm, 6cm, 9em nhu hinh vé.
Mot con Kién & vi tri A muén di dén vi tri B. Biét rang con kién chi c6 thé bo trén canh hay
trén bé mat caa hinh hop di cho. Goi xcm 13 quing dudng ngan nhit con kién di tir A dén B.

A.

3
D. L.
6

Khang dinh nao sau ddy ding?
A. xe(15;16). B. xe(13;14). C. xe(12;13). D. x(14;15).
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BANG DAP AN

1.C 2.C 3.C 4.D 5.A 6.D 7.C 8.B 9.A 10.C

11.B 12.D | 13.DC 14. 15.D | 16.A | 17.C 18.C 19.B 20.B

21.D | 22.B

HUONG DAN GIAI CHI TIET

Caul: ChonC

-Ir Dr
[ r
By 1, ¢
= mah
[ |."':- LY
I | N
I | A}
o b
!
rr ! *
I 4 5
i E
N
i )'______T___ 'D
f(_,/ %
V.- % x
B 1 c

Vi ABCD.A’B'C'D’ 13 hinh hop chit nhat nén BC L (ABB'A’).
Suy ra: (A'C;(ABB’A')) = (A’C;A'B) =BA'C=30°

AA'BC vuong tai B nén A'B= BC =3.
tan 30°
AA’AB vudng tai A nén AA'=VA'B*— AB? =~/3-x* .

Thé tich khdi hop: V(x) = ABBC.A'A = x\3-x* véi x<(0;43).

2 2
Cé: V’(x)zx/3—x2 —\/ X - =j_2x2 .Cho V'(x)=0 < 3-2x*=0 :x:%,(x>0).
3—x 3—x
C6 bang bién thién:
S % Ng
V'( x) + 0 -
3
7 (x) / 2 T
0 = 0
Vay V, _=— khi x:%.
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 3:

Goi O la giao diém ciia AC va BD = SO L (ABCD) =V, SO.S

S.ABCD 25' 2 ABCD *
Pit AB=x (x>0):>BD:x\/5:>OD=$.

a2
Tam gidc SOD vudng tai O = SO =+/SD* -OD? =\/1—% =\/2 ad :>xe(0;\/§)

Chon D

Vi SB=SC =SD =2 nénhinh chiéu H ciia S 1én ABCD la tim dudng tron ngoai tiép tam giac
BCD . Ma tir gidc ABCD c¢6 céc canh bang nhau nén t giac ABCD 1a hinh thoi, do 6 H € AC
; ASBD ; ACBD ; AABD c6 céac canh tuong Ung bﬁ“mg nhau nén SO=A0=CO = ASAC

vuong tai S = AC =+/SA2 +SC? =+/x> +4.

ASAC vuong tai S, c6 duong cao SH nén 12: 12+ 12:>SH= 2x .

SH? SA’ SC )

2 2 2 2
Lai c6 OB +OC? = BC? = OB* = BC* ~ AC =4—4+4x =124x :OBz%.

— _1 2 2
S et —AC.OB—E\/(x +4)(12-2%).
2 .2

Taco V, ,ep =%.SH.SABCD =%.x. 12— s%.%:z.
Déu bing xay ra khi va chi khi ¥ =12-x> & 2> =6 < x=+/6 .
Cach 2.
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Theo gia thiét ta c6 hai tam gidc SBC, SCD 1a hai tam giac déu bang nhau.

) . .2 , BM 1 MC
Goi M 1a trung diém cua SC suy ra =>MCL (MBD) .
DM 1 MC
Ta CO VS ABCD 2 VS.BCD 4 VC MBD *
) , 1 11 1
Ta lai co Ve = E'MC'SAMBD = 5 EMB .MD.sin BMD = Esm BMD ,

(MC=1,MB=MD=\/§).

Do dé dé V. 16n nhit < sin BMD =1 < BMD =90°.

s apcp 0N nhit & V

C.MBD
Xét AMBD vudng tai M, khi d6 x =SA =2.MO = BD = MD? + MB* =6 .
Céu4: ChonD

Goi O la tam hinh thoi ABCD va H 1a hinh chiéu vuéng gdc cua S l1én AC
Tacd AABD = ACBD = ASBD (c—c—c):SO=OA=OC=%AC

Ma SO la trung tuyén cia ASAC nén ASAC vubng tai S

. BDLAC
Laico  ° } — BD 1 (SAC) = (ABCD) L (SAC), (1)

Va (SAC)N(ABCD)= AC; SH 1 AC, (2).
Tu (1) va (2) taco SH L (ABCD).

Trong ASAC vudngtai S c6 AC =~/x* +4; L=l l:>5H_ JZZL
x“+4

Trong AOAB vuong tai O c6 OB = fAB2 4/
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Thé tich khdi da dién — Hinh hoc khdng gian

1 1 1

Thé tich hinh chop 1a V, 3.SH.SABCD = g'SH‘z‘SAABC = E.SH.AC.OB

S ABCD

/_x+ 3__: /7 1x+12x 5
\/x+

I6n nhat bang 2 khi va chi khi x> =12-x* < x = J6.

ool»-—\

S ABCD

Caub5: ChonA

Goi N Iahinh chiéu cua M trén (O) = MN =Ry/3 .

Goi P lahinh chiéu ciia N trén AB, khi M di chuyén trén (O) thi 0OSNP<R.
= AB L (MNP)= AB L MP.

NP L AB NP 1 AB

;ABMP—%ZRMP R.MP.

Ta o6 {MN L(ABN) _ {MN L AB

= SAMAB

Mit khac, tam giac MNP vudng tai N = MP = MN? + NP? <+/3R* + R* = 2R.
—S, =RMP<R2R=2R>., Diu“="xay rakhi NP =R hay khi MO’ L AB.

AMAB
Vay dién tich tam giadc MAB dat gia tri I6n nhat bang 2R .
Cau6: ChonD
UV s 72 24 .
Thé tichcuabé ca: V =3ab=72dm c>b=3—=—,vm a,b>0.
a a
Dién tich kinh dé 1am bé ca nhu hinh vé&:

§=33a+23b+ab= 9a+6%+ 24 =9a %+24>24f9a%+24<:>8>96.
a a a a

S=96<:>9a=%<:>a=4:>b=6.
a
Viy dé bé ca ton it nguyén liéu nhat thi a=4dm; b=6dm.

Cau7: ChonC
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Cau 8:

Goi O la tam cua hinh binh hanh ABCD, goi I = MP N AC. Lay diém N eSB, NINnSD=Q.
Do day ABcD la hinh binh hanh nén ta chirng minh duoc hé thuc sau:

5A ,5C_5SB 5D
SM SP SQ SN

SB SD

Pit x=—, y =22
; sQ' YT sN

voi x>0;1>0. Theo bai ta dugc x+y=2+3=5.

Theo bai, ta can tim gia tri nho nhat cta biéu thic T = x* +4y* v6i x>0,y >0 va x+y =5,
Ap dung bat dang thirc Bunhiacopxki, ta dugc:
1. ) 1Y
5% = (1.x+5.2yj < [12 +(§j J(x2 +4y2) suy ra x2 +4y? > 20 . Dau bang xay ra khi va chi khi
x_ 2y
1 1 x =4y x=4
— = = .
2 x+y=>5 y=1
xX+y=>5
Vay gia tri nho nhat cia T 1a 20 dat dugc khi x =4, y =1 hay % =4.

Chon B
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Thé tich khdi da dién — Hinh hoc khdng gian
SO L (ABCD)
SCN(ABCD)=C

bat SC=a vé’ia>0.Tac():{ suyra SCO=«a.

Mit khac: OC =a.cosa ; SO =a.sina.

AC
AC=20C=2a.cosa ; AB =$ =ay2.cosa ; S sep = AB? =2a%.cos’ a .
1 2 5. ) 2, . L,
Vs ascp =§.SO.SABCD =§a .sina.cos azga .sina.(1-sin’ )
t_
Xétham y = t(1—+?) véi sina
O<t<l1

«|&

Lap bang bién thién ta tim dugc t =—— thi ham s6 + dat gia tri Ion nhat.

Cau9: ChonA

B
Goi O la hinh chiéu vudng gdc cia s 1&n mat phang (ABC).

Vi SA =SB =5SC nén O latam duong tron ngoai tiép tam gidc ABC .

Tam giac ABC cantai A.Goi A’ 1atrung diém cua BC.Khidé AA’ 1a duong trung truc cua
tam gi4c ABC nén diém O nam trén duong thing AA’ .

Tacd: AA'=~AB> —BA"? =+/a® —x* nén S e =%BC.AA’=%2X\/a2—x2 =Nt

2 2
Laico: . = AB.AC.BC —~ OA-R-~ AB.AC.BC __ 4 2x _ a
ABC 4x.\/a2 —x’ 2\/a2 —x?

ABC 4R 45
4 2 2

Trong tam giac vudng SAO, ta cd: SO =+/SA%— AO? = |a® — a _a |3a” —4x .
Aa*-x*) 2\ (@®-x7)

Thétich V, .. = ;SO.SA la 3¢ -4 | [ —2x\/3a —4x

32 a* —x?

4x* +3a> —4x*  3a°

Mat khac: 2x+/3a> —4x* < = .
2 2
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Do do: v, <2

S.ABC — 12 .

3
£ vayv =2 khi2x= 3a2—4x2<:>x=a\/§.
8 e 8 8

N |
Q
1

Céu 10: ChenC

M D

Ap dung ti sé thé tich cho khéi chép M.CNB ta co
Viow, MD MI MH 1 MI
Vias MC MN MB 4 MN
Dinh ly menelaus cho tam gidc MNC Vi cat tuyén DIS ta co:
SNCD MI_, IN_1_ M _2 o Vi 1
SC DM'IN IM 2 MN 3 Views 4

Ma V. 1d S 1.%.SO.DC.BC=%V

MCNB — 3 (i mBC)) P amsC = 3 SABCD

2
- =V :EV
3 6

2 MCNB

v
v Sy v-"v viy 2

SABCDZE saBcp — V1 1 * SABCD” ay szg

V. =

2

NG,

1
2

Céu 11l: Chon B

I’
C

V=—=.5,,.4(D,(ABC))==.—.CACB.sin45°d(D,( ABC))

ABC*

W | =
N | =

A= W=

)

) <1 CACBAD

6T(1).

CACB4(D,(ABC

—~—

£+BC+ AD

. . AC AC
Ap dung BDT C6-si cho 3 s6 duong AD, BC, ——=,tac6 ——=.BC.AD < V2
N RRaN

3
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Thé tich khdi da dién — Hinh hoc khdng gian

Céu 12:

Cau 13:

Cau 14:

3

A—C+BC+ AD
Do do, Vﬁl. 2 1
6 3 6

Mat khactaco V = %, do d6 dé thda man yéu cau bai toan thi tir va, dang thirc phai xay ra, tic

DA 1(ABC) - -
la | AC CO=NACHDA _ cp_3.
“==BC=AD=1 " |pc _1,aD1, AC=\2
N
Chon D
Taco: A(a;0;0),B(0;b;0),C(0;0;¢c) (a,b,c>0)
XY 20 M(91; LAY
(P): a+b+c 1,M(9,1,1)e(P):>a+b+c 1

1234.% %>33f% %%:VOABC =abc > 243.

Ding thirc xay ra khi a=27,b=c=3.
Chon D

N

MB 1 FC
0

}: MB 1 (EFC) — FB | EF . Xét c&c tam giac vuong: ANAE, ABFE, ABAM.
MB 1 EC

TacO ANAE ~ ABFE ~ ABAM = NA _ AE = AM.AN = AE.BA=2.
BA AM

1

VBCMN :E'SAABC (AM AN):; 2 f (AM AN)>£J M.AN _i
216

Vay minV,, . = 3 khi AM = AN =+/2 hay x=+/2.

Chon C
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Goi M la trung diém cua AB. Khi d6 AB L(MCC)

= GOc gitra (ABC’) va (ABC) la CMC'=a . pat AB=x,x>0

=5,5c= 1 ,CC':CM.tana:Ttana =V e e = L tana =

23 3 23 w3 3x°
2

2
Talaico S, =S ,50 cosar=33cosa = = f:3x/§.cosa<:>x:2\/3cosa

3 .
=V e ame =§.24(:05a\/3cosa.tana=9\/§.sma coso

=V e ame =9\/§\/cosa(1 —cos® a)

Xétham so f()=t(1-t*)=t—+*, te(0;1). Tacd f'(t)=1-3¢"

e o S S 2
= Ham so dat gid tri 16n nhat khi t:ﬁ va max f(t)=—=

33

1
=6 <:>cosa=—:>tana=\/5.

J3

Khi d6 maxV

ABC.A'B'C’

Céu 15: Chon D

bat AC=BC=x, SA=+a*>—-x>.
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Thé tich khdi da dién — Hinh hoc khdng gian

Ta c6 thé tich khdi chop s.ABC 1a V =%SA.SAABC =%. a’ —XZ.%.XZ =%\/a2x4 -x°.
x=0
Xéthamsé f(x)=a’x* —x° v6i 0<x<a. f'(x)=4a’x’-6x"=0=| . [g.

3

T 0 T a
/@) - 0 -

f@) /’ \

Dua vao bang bién thién, ta c6 thé tich khdi chop S.ABC dat gia tri 1on nhat khi va chi khi

_mlo SA\/_ Acafﬁ

=— . Khi @6 sina =— cosqg=——=—2—=

SC a SC a 3
Vay sin2a =2sina.cosa = 2. ﬁﬁ = & .
3 3 3
Céu 16: Chon A
Cach 1:
B
A S

Dat a = ABS; 3= ABC =60°;y = CBS = 60°.
Taco

3

Vo :@Jl—cosz a —cos® B—cos’ y +2cosacos fcosy I%\/%—COSZOH-%COS(Z

Visac dat GTLN khi E_COS a+;cosa dat GTLN < cosa =

a6

Véi cosa = % ta duoc x = BA? + BS? —2BA.BS.cosa = =

Céch 2:
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Cau 17:

Goi E, F lan luot 1a trung diém sA va BC.

BE 1L SA

= SA 1 (BEC)
LSA

Vi ABAS VA ACAS lan lugt can tai B va C nén {

Ji

Taco: BE=CE= _Z ;EF = ———

1 3 2 .2
Suyra S, :EBC.EF AL Bl

Vay Ve = 3SA Sasec :gx 1 SE > :E.
. a6

Dau "=" xdyrakhi x = 30> —x <:>sz\/_.

Chon C

Chon hé truc toa 40 Axyz véi:

A(0;0;0), 5(0;0;2), B(2;0;0), C(2;2;0), D(0;2;0), M(a;0;0), N(0;b;0) (a,bE[O;ZJ)
AC=(2;2;0), AM =(;0;0), AN =(0;;0)

SC=(2,2;-2), SM=(;0,-2), SN =(0;5;-2)

[SM,SC |=(4;2a-4;20) = n, =(2;a-2;a)1a VTPT cia mp(scMm)
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Thé tich khdi da dién — Hinh hoc khdng gian

[STI,%} — (4—2b;—4;—2b) — nj = (2—b;—2;—b) la VTPT cua mp(SCN))

(SCM) L(SCN) & n, Ln, < mn, =0 2(2-b)-2(a~2)-ab =0 8-2b-2a—ab=0

<:>8—2u—b(2+a)=0<:>b=8_2a
a+2
_— 8_22“20 qe(-2;4]
Ma:0<hb="—"<2&4 7 o4 saell4
a+2 8—2a 4 4a£0<:>ae(—oo;—2)u|:1;+oo) [ ]
a+2 =2 a+2

Do do: a e [1;2:'

. 1

S e = Some +Suncn = %‘[AM,AC] ¥ E‘[E,A—c]

_ 2
=1.2a+1.2b=a+b=a+8 2a_a +8
2 2 a+2 a+2

a’+8
a+?2

Xét ham s f(a)=

trén [1;2]

, a*+4a-8 =2-2J3¢[1;2
fla)=———; ! e[12]
(a+2) a=-2+2+3

Taco: f(1)=3 khia=1,b=2; f(2)=3 khia=2,b=1

f(—2+J§)=—4+4J§ khi a=-2+23,b=-2+23

f'(a)=0<:>a2+4a—8=0<:>{

e =2,b=1
Khi d6: Max f(a)=3 < ‘ :
ae 0:2] a=1,b=2
1 Y 4 s e, X a:2,b=1
Vs avien :E.SA.SAMCN datgiatri lén nhat < S, dat gia tri lon nhat < Lpe2
’ a= , =

a=2,b=1. AM=(2,0,0)= AM =2, AN =(0;1,0)= AN =1

vay: T=— L 1,45
AN?  AM* 4 4
a=1b=2. AM=(1,0;0)= AM =1, AN =(0;2,0)= AN =2
Vay: T = +L=1+1=§.Ké’tlu@n:T= 1 +L=§.
AN*  AM? 4 4 AN?  AM® 4

Cau 18: Chon C
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Céu 19:

Goi M,N lan luot 1a trung diém caa AB,CD .

Tam giac ADB,CAB 1a hai tam giac cn canh ddy AB nén DM L AB Va CM L AB. Suy ra
AB 1 (MCD).

1 1 X
Vv +V, ven 3.BM.SMCD +§.AM.SMCD = 5.5

ABCD

= VB MCD MCD "

Tam giac AABC = AABD(c.c.c) Nén CM =DM = MN L CD.

5, =%.CD.MN=%y.x/MC2—CN2 =%y.\/(BC2 BM?)—CN? =2y fa- L
=iy,/16—(x2+y2).
V isep =%1[16—(x2+y2) 1/ \/xy xy 16 ny)

Si xy+xy+(16 2xy
12 3

Dau bang xay ra khi {

xy =16 — 2xy
Viy thé tich ABCD dat gia tri 16n nhat khi Xy = ? .

Chon B

Céch 1: Chon hé truc toa dd Oxyz sao cho A(0;0;0), B(2;0;0), D(0;2;0), S(0;0;2).
Suyra C(2;2;0). bat AM =x, AN =y, x,ye[0;2], x>y; suyra M(x;0;0), N(0;y;0).
SM =(x;0;-2), SC =(2;2;-2), SN =(0; y;-2).

:E:[W,ﬁ]:(4;2x—4;2x), E:[Sﬂ,ﬁ]:(4—2y;—4;—2y).

Do (SMC)L(SNC) nén n.n, =0 <> 4(4—4y)—4(2x-4)—4xy =0 < xy+2(x+Yy)=8.

8-2X 4o y<2nen 822 <o x>l
+2 X+2

X
Samen = Sagep ~ Seme ~ Sone :4_(2_X)_(2—Y):X+Y-

Sy=
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Thé tich khdi da dién — Hinh hoc khdng gian

1 2 2 8—-2x 2x°+8
Do do VSAMCD BSA'SAMCN =§(X+ y) =§[X+ D j :§ T
2 —
Xét f(x):2 X" +8 voi xe(1;2], f’(x):gw.
3 Xx+2 3 (X+2)

f'(x)=0e x* +4x-8=0 < x=-2+23; x=-2-23.
Lap BBT tasuy ra max f(x)=f(1)=1(2)=

{x 1

=2 X=2

y :>{ (do x>y)=>—— 16 L:$+i2:5.
X=2 y=1

b

AM?  AN? x* vy
Cach 2: Pat AM =x, AN =y x,ye[0;2], x>y.
Goi O=ACnDB; E=BDNCM; F=BDNCN,

Vay maxV yyey =2 <

. 2
H Ia hinh chiéu vuéng géc cua O trén SC | khi d6: HO = \/g .

. (SC LOH SC L HE

Ta co: = SC L (HBD)= .
SC 1 BD SC L HF
Do d6 goc giita (SCM ) va (SCN) bang goc gitra HE va HF . Suy ra HE L HF .
1 2

Mé’[ khéc VS.AMCN = §SA'SAMCN = E(X'f‘ y) .
Tinh OE, OF :
Taco: x>0, y>0vanéu Xx#2, y=2 thigoi K 1a trung diém caa AM , khi d¢:
OE KM X OE EB OB x+/2
— =" === —OE =2
EB MB 4-2x X 4—2x 4-x 4—X
Tuong ty: OF = y*f .Ma OE.OF =OH? < (x+2)(y+2)=12.

Néu x=2 hoic y=2 thi ta ciing c6 OE.OF =OH? < (x+2)(y+2)=12.
Tom lai: (x+2)(y+2)=12.
1

2 2 12
Suy ra: Ve aen :ESA.SAMCN = 3(x+y _—[ X+2)+ (y+2)—4]:§{(x+2)+m—4]

. 2
Khao sat ham so ta dugc: maxVg ey =2 < 1 (do x>vy)

{x:l
=
X=2 y=
y=1
= +——=—=+—=5.
AM?  AN?  x* y?

Céach 3. bit AM =m,AN=n (0<n<m<2)
Dung AP LCM,AQ LCN(PeCM,QeCN).

16 1 16 1
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Tacs AP _AM b_ 2m
CM Ja+(2-m)?
Tuong ty AQ = 2N

Ja+(@-n?

Trong mat phiang (SAP) dung AL L SP(L e SP),AV 1 SQ(V €SQ). Mt phing (ALV) cit

SC tai H.
Duya vao diéu kién bai toan d& dang chimg minh duoc tt giac ALHV 14 hinh chit nhat va
AH 1 SC.
1 1 1
Taco —=——+ 2:§:>AH2:§.
AH® SA° AC° 8 3
2 2 2

12= 12+ 12:m 2T+4 2AL2=2LV3 AV2=2L.
AL SA® SP 2m m°—-2m+4 n“—2n+4
Do hinh chit nhat nén

2n? 2m?

n2—2n+4+m2—2m+4:g@(mn_m_n+4)(mn+2(m+n)_8):0

Do mn-m-n+4=mm+2-m+2-n>0 nén mn+2(m+n)=8,
DoO0<n<m<2=(mM-2)(n-2)>0< mn-2(m+n)+4>0=12-4(m+n)>0=>m+n<3.

AV? + AL* = AH® =

1 1
Taco: Syvem = Sasco — Seme — Spne =4—§.2.(2—m)—§.2.(2—n)=m+n.

1 2
Suy ra Voaen = §SA.SAMCN = g(m +n)<2.

Déu bang xay ra khi va chi khi m=2,n=1,
1 16

+
AN?  AM?

Khi do =5.

Céu 20: Chon B
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Thé tich khdi da dién — Hinh hoc khdng gian

VSGMN_g 2 1

=V ==V, .

Vs o SD 3 GMND ~ 37 S.GMD
VS GMD SM 1 1
2 = =V, ==V
Vs o SC 2 SGMD ~ 5 V'S.6CD
Vs GCD _ & 2
VS.ECD SE 3

1 112 1 11 1
Suyra V, omnp =5 Veomp = 55 EVS ECD — E'VS.ECD = §'EVS.ABCD = EVS.ABCD :

1% 1
VSGMND =—.Dod6 m=1n=18=>m=n=19.

S.ABCD 18

Suy ra

Céau 21: ChonD

Trong tam giac ABC c¢6 AC* = AB* + BC? —=2AB.BC.c0s135° < BC? + BC.aN2 —4a®> =0

= BC = a\/E.
Goi K 14 hinh chiéu ctia A Ién BC tacd ABC =135° nén ABK =45°. Suy ra tam giac AKB
vuéng can tai K . Do d6 AK:BK=£=&.

22

Goi I, H 1an luot 1a hinh chiéu cia A lén BD va (ABCD), tacé KBIH 1a hinh chit nhat.

(

Khi d6 ((ABD);(BCD))= AIH =30°. Suy ra AH = HI.tan30° = ——

Tir d6 ta tinh duge BI = KH =+ AK* — AH? zé.

Tam gidc ABD vuong tai A, duong cao AI nén AB®=BI.BD = BD = = a3 .

3

Viy thé tich khéi chép ABCD 13 v = %AH.BD.BC -=
Céu22: ChonB

Vi con kién bo theo mit cua hinh hop tir A dén B nén khi ta vé& hinh khai trién caa hinh hop
chir nhat va trai phang nhu hinh v& thi xem nhu con kién bo trén mot mat phang.
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A 9 M 6 N
4
T R Bl
A 6 P 4 S
9
T R B2
P 9 N 4 B3
6
A M R

Khi d6 B s& dwoc tach thanh 3 vi tri 1a B,; B,va B,. Quing dudng ngan nhat s& 1a mot trong ba
doan thang AB,; AB, hay AB,.Taco:

AB =+15" +4* =\[241.
AB, =\/9? +10% =181 ~ 13,45
AB, =6* +13* =205 .

Do d6 quang dudng ngan nhat 1a AB, ~ 13,45 < (13;14).
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DANG 11 Khoi da dién trong deé thi cua BGD&DT
Caul: Chohinhchdp S.ABC c6 diay ABC la tam giac déu canh a, canh bén SA vudng goc v6i mat

Cau 2:

Céau 3:

Cau 4:

Cau 5:

phing day, goc giita SAva mit phang (SBC) bang 45° (tham khao hinh bén). Thé tich khi
chép S.ABC bang

S
4 - C
B
Aa_3 33_33 C\/§a3 Da_3
8 -8 C12 4

Cho khéi chop S.ABCD c6 day ABCD Ia hinh chit nhat, AB=a, AD =a+/3, SA vudng goc
Vi mit phang ddy va mat phang (SBC) tao véi ddy mot géc 60°. Tinh thé tich V. ciia khdi chdp
S.ABCD.

3 3
A.Vz% B.V=€a C.V =a° D.V =33°

Cho khdi chép S. ABCD c6 day 1a hinh vudng canh a, SA vudng goc véi day va SC tao voi mat
phang mot goc 30°. Tinh thé tich V ctia khdi chop di cho.

3 3 3
A.V:Jia B.Vz\/éa C.V=2% D.V =+/28°

Cho hinh chép déu S.ABCD c6 canh day bang 4a, canh bén bang 2/3a va O 1a tm cuia day.
Goi M,N,P va Q lan luot 1a hinh chiéu vudéng géc cia O trén cic miat phang
(SAB), (SBC), (SCD) va (SDA) . Thé tich cia khdi chop O.MNPQ bing

3 3 3 3
A% B, %4 c. 1% p. 22
3 81 81 3
. r o2 , ;13 A 1.3 3\/§a N A " ar
Cho hinh chép déu S.ABCD c¢6 canh day bang 3a, canh bén bang 5 va O la tam cua day.

Goi M,N,P va Q 1an luot 1 hinh chiéu vudng géc ctia O trén cac mit phang (SAB), (SBC),
(SCD) va (SDA). Thé tich cta khdi chép O.MNPQ bang
9a’ 2a’ 9a’

a3
L= B. —. C. —. D. —.
16 3 32 3
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 6: Cho hinh chép déu ABCD c0 canh ddy bang a, canh bén bang a_23 va O latam cua day. Goi

Cau7:

Cau 8:

Céau 9:

Cau 10:

Cau 11:

Cau 12:;

Cau 13:

M,N,P va Q lan luot la hinh chiéu vubng géc cua O trén cac mit phing
(SAB),(SBC),(SCD),(SDA). Thé tich ctia khdi chop O.-MNPQ bang

a B 22 c D. &,

48 81 81 96
Cho hinh chép déu S.ABCD c6 tit ca cac canh bang @ va O latam day. Goi M, N, P, Q lan
luot 1a cac diém ddi xung v6i O qua trong tAm cia cac tam giac SAB, SBC, SCD, SDAva S’
1a diém ddi ximg voi S quaO . Thé tich ctia khdi chop S'.MNPQ bing
2ﬁa3_ B zoﬁasl c 40@&3' > 1oﬁa3_

9 81 81 81

3

A.

Cho hinh chop déu S.ABCD c¢6 canh ddy bang a, canh bén bang av/2 va O 1a tdm cua day.
GoiM,N,P,Q lan luot 1a cac diém dbi xung voi O qua trong tam cua cac tam giac SAB,
SBC, SCD, SDA va S’ 1a diém dbi xtmg v6i S qua O . Thé tich ctia khdi chop S'.MNPQ.

2./6a° 404/6a° 10+/6a° 20+/6a°
:

B. . C. . D. .

A.
81 81 81

Cho hinh chép déu S.ABCD c6 canh day bang @, canh bén bang a/3 va O 1a thm cua day.
Goi M,N,P,Q lan luot 1a cac diém dbi xtmg voi O qua trong tdm cua cic tam gidc
SAB,SBC,SCD,SDA va S’ 1a diém dbi xing voi S qua O. Thé tich khbi chop SMNPQ
bang

A 40:/10a° 5 104/10a° c 20./10a° 5 2./10a°
T T TR S

Cho hinh chép déu S.ABCD c¢6 canh day bang a, canh bén bang 2a va O 1a tim cua day. Goi
M ,N, P, Q lan luot 1a cac diém ddi xtmng v6i O qua trong tAm ciia cac tam giac SAB, SBC
, SCD, SDA va S' la diém d6i xing voi S qua O . Thé tich ciia khdi chop S'.MNPQ bang

A 20 /14a° B 401433 c 104/14a° 5 21483
T T el =5

Cho hinh chép déu S.ABCD c6 canh ddy bing 2a, canh bén bing av/3 va O 1a tim day. Goi
M,N,P va Q lan luot 13 hinh chiéu vudng goéc cua O trén cac mit phiang (SAB), (SBC),
(SCD)va (SDA). Thé tich khdi chép O.MNPQ bing

3 3
a D. 16a .

3
A 82 a
12 81

.H.

B &
e
Cho khéi chop S.ABC c6 diy ABC la tam gidc vudng can tai A, AB=a,SBA= SCA=90°,
géc gifra hai mat phang (SAB) va (SAC) bang 60°. Thé tich khéi chop di cho bang
a a’ a
A. a’. B. —. C. —. D. —.
3 2 6

Cho hinh vudng ABCD va ABEF c6 canh bang 1, lan lugt nam trén hai mit phang vudng goc
v6i nhau. Goi S 1a diém d6i xing cta B qua dudng thang DE . Thé tich cua khéi da dién
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Céu 14:

Cau 15:

Céu 16:

Cau 17:

Céu 18:

Cau 19:

Cau 20:

Cau 21:

ABCDSEF bang

A. ’ B. 1 C. 2 D. >
6 12 3 6
Cho khéi tir dién c6 thé tich bang V . Goi V' 14 thé tich cua khdi da dién c6 cac dinh 1a cac trung
diém cua céc canh cta khéi tir dién d3 cho, tinh ti sd % .
A1 BV _1 cV_2 pY_>
vV 2 vV 4 vV 3 vV 8

Cho tix dien ABCD ¢4 thé tich bing 12 va G I trong tam cua tam giac BCD . Tinh thé tich V
cua khéi chop AGBC

A V=3 B.V=4 C.V =6 D.V=5

Cho khdi hop chir nhat ABCD.A'B'C'D’ ¢6 day 1 hinh vuéng BD = 4a, goc giita hai mit phing
(A'BD) va (ABCD) bang 60°. Thé tich ciia khéi hop chir nhat da cho bang

A. 484/3a°. B. %aﬁ . #a? D. 16+/3a°.

Cho khéi hop chirnhat ABCD.A'B'C'D’ c6 day 1a hinh vudng, BD = 2a, géc giita hai mit phang
(A'BD) va (ABCD) bang 60°. The tich ctia khdi hp chit nhat da cho bang

A, %aﬁ B. 6+/3a°. C. %aﬁ D. 2:/3a°.

Cho khéi hop chit nhat ABCD.A'B'C'D" ¢6 day 1a hinh vuong, BD = 4a, goc giita hai mat
phing (A'BD) va (ABCD)=30°. Thé tich cuia khéi hop chit nhat da cho bang

A. %a"‘ B. 48./3a° C. %aﬁ D. 16+/3a°

Cho khdi hop chir nhat ABCD.A'B'C'D"' ¢6 day la hinh vuong, BD =2a, gboc gitra hai mat
phiang (A'BD) va (ABCD) bang 30°. Thé tich ciia khdi hop chit nhat da cho bang

A. 6+/333. B. %a@ C. 24/3a3. D. ¥a3.

Cho khéi lang try ding ABC.A'B'C' c¢6 day ABC la tam giac can véi AB=AC=a,
BAC =120°. Mt phang (AB'C’) tao véi ddy mot goc 60°. Tinh thé tich V' cua khéi lang tru
da cho.
3 3 3 3

Av =2 B.v =22 cv=2. p.v-=32

8 8 8 4
Cho khdi lang try ABC.A'B'C’, khoang cach tir C dén dudng thing BB’ bing 5, khoang
cach tir A dén cac duong thing BB’ va CC’ 1an luot bang 1 va 2, hinh chiéu vudéng goc cua
A 1én mit phing (A'B'C’) latrung diém M cua B'C' va A'M =+/5. Thé tich cua khdi lang tru

da cho bang
A. % B. @ C. 5 D. g
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 22:

Cau 23:

Cau 24:

Céu 25:

Cau 26:

Cau 27:

Cau 28:

Cho khoi lang tru ABC.A'B'C", khoang cach tir C dén duong thang BB' bang 2, khoang cach
tr A dén cac duong thang BB' va CC' lan luot bang 1 va NE) , hinh chiéu vudng goc cia A
1én mat phiang (A'B'C") 1a trung diém M cia B'C' v A'M =2. Thé tich cua khdi ling try
da cho bang

c. 2B

A. 3. B.2. -

D.1

Cho khéi ling tru ABC.A'B'C', khoang cach tr C dén BB' 1a /5, khoang cach tir A dén BB'
va CC' lan luot 1a 1; 2. Hinh chiéu vudng goéc cua A 1én mit phang A'B'C' 13 trung diém M

1 2 7 )
cua B'C', A'M :g. Thé tich cua khoi lang tru da cho bang
A.@. B.%. C. 5. D.%

Cho khéi lang tru ABC.A'B'C’, khoang cach tir C dén duong thang BB’ bang 2, khoang cach
tr A dén cac duong thang BB’ va CC’' lan luot bang 1 va 3, hinh chiéu vudng goc cua A

2\3

1én mit phang (A'B'C’) 1a trung diém M cua B'C' va A'M = —~ Thé tich cta khéi lang tru
d3 cho bang

A. 2 B.1 C.\3 D. ¥
Cho lang tru tam giac ABC.A'B'C’ ¢6 day ABC la tam giac vudng cén tai A, canh AC = 242
Biét AC' tao v6i mat phiang (ABC) mot goc 60° va AC'=4. Tinhthétich V cuakhéi da dién
ABCB'C’.

8 16 83

AV =— B.V=— C.Vv D.Vzﬁ
3 3 3 3

Cho hinh hop ABCD.A'B'C'D'¢6 chiéu cao bang 8 va dién tich day bang 9. Goi M,N,P va
Q lan luot 13 tAm ctia cac mit bén ABB'A',BCC'B',CDD'C'va DAA'D'. Thé tich cua khéi da
dién 16i 6 cac dinh 1a cac diém A, B,C,D,M,N, P va Q bang
A. 27. B. 30. C. 18. D. 36
Cho hinh ling tru ABC.A'B'C’ ¢6 chiéu cao bang 4 va day 1a tam giac déu canh bang 4 . Goi
M,N va P 1an luot 1a tim cua cac mat bén ABB’A’, ACC’A’ va BCC'B’. Thé tich cua khoi
da dién 16i c6 cac dinh 1a cac diém A,B,C,M,N,P bang

1443
NEE B. 83. C. 643 2043

3 3

Cho lang try ABC.A'B'C" ¢6 chiéu cao bang 6 va day la tam gidc déu canh bang 4. Goi M, N,
P 1an luot 13 tAm cta cac mat bén ABB'A', ACC'A’, BCC'B'. Thé tich cua khi da dién 16i c6
céc dinh 1a cac diém A,B,C,M,N,P bang

A. 93. B. 104/3. C. 74/3. D. 12./3.
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Cau 29:

Cau 30:

Cau 31:

Céu 32:

Céu 33:

Céau 34:

Céu 35:

Cau 36:

Cau 37:

Cho ling tru ABC.A'B'C’ ¢6 chiéu cao 1a 8 va day la tam giac déu canh bang 4. Goi M, N va
P 14n luot 14 tAm cua cac mit bén ABB'A’, ACC’A’ va BCC'B’. Thé tich cta khéi da dién 16i
¢6 cac dinh 1a cac diém A, B, C, M, N, P bing

A 1243 B. 1643 . C. % D. #.

Cho ling tru ABC.A'B'C" ¢6 chiéu cao bang 8 va day 1a tam gidc déu canh bang 6. Goi M, N

va P 14n luot 1a tAm cua cac mat bén ABB'A', ACC'A' va BCC'B'. Thé tich cua khéi da dién
161 ¢6 céc dinh 1a cac diém A, B,C,M,N,P béng:

A 2743, B. 21./3. C. 3043 . D. 3613

Cho khéi lang tru ABC.A'B'C’ ¢co thé tich bé“lng 1. Goi M,N 1an luot 1a trung diém cac doan
thang AA’ va BB'. Puong thang CM cit duong thang C'A’ tai P, duong thang CN cat dudng
thang C'B’ tai Q. Thé tich cua khdi da dién 16i AMPB'NQ bang

Al B L c.t D.

3 2

Cho tir dién déu ABCD c6 canh bang a. Goi M, N 1an luot 1a trung diém cua cac canh AB, BC va
E 1a diém d6i xing voi B qua D. Mit phang chia khdi tir dién ABCD thanh hai khéi da dién,
trong d6 khdi da dién chira dinh A c6 thé tich V. Tinh V.

wlN

Cho khdi chép S.ABCD c¢é day 1a hinh vuoéng canh a, SA vudng goc véi day va khoang cach
. , . av2 ) .
tir A dén mat phang (SBC) bang Tf Tinh thé tich V cuta khoi chop da cho.

3 3 3
Av=2 B.V=a. C.V:a\/g. Dv=2,
2 9 3

Cho hinh chép tir gidc S.ABCD c6 day 1a hinh vudng canh bing~/2a. Tam gi4c SAD cén tai
S vamatbén (SAD) vudng goc véi mat phang day. Biét thé tich khoi chép S.ABCD bang gaS

. Tinh khoang cach h tir B dén mit phang (SCD)
A.h:ga B.hzﬂa C.h:§a D.h:§a

3 3 3 4
Trong khong gian Oxyz, cho mit cau (S) c6 tim 1(-2;1;2) va di qua diem A(L-2;-1). Xét
cac diém B, C, D thudc (S) sao cho AB, AC, AD ddi mot vudng goc véi nhau. Thé tich khoi
tir dién ABCD c¢6 gié tri 16n nhét bang
A. 72 B. 216 C. 108 D. 36
Xét khéi chop S.ABC c6 day 1a tam giac vudng can tai A, SA vudng goc voi day, khoang cach
tr A dén mat phang (SBC)bang 3. Goi « la goc gitta mét phing (SBC) va (ABC), tinh
cosa khi thé tich khéi chép S.ABC nho nhat.

V3 V2

A. COSazl. B. cosa =—. C. cosa =—. D. cosazz.
3 3 2 3

Xét khdi t dien ABCD c6 canh AB = X va cac canh con lai déu bang 2+/3. Tim x dé thé tich
khéi tir dien ABCD dat gia tri 16n nhét.
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Thé tich khdi da dién — Hinh hoc khdng gian
A x=+/6 B. x=+/14 C.x=32 D. x=2/3

Cau 38: Cho khdi lang try dimg ABC.A'B'C’ c6 day ABC la tam giac vudng can tai A, AB =a. Goc
gitta dudng thang BC' va mit phang (ACC'A’) bang 30°. Thé tich cua khdi lang tru da cho

bang
A. 1a3. B. §ag’. C. ﬂa? D. Qas.
8 8 2 2
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HUONG DAN GIAI CHI TIET
Cau 1: Cho hinh chép S.ABC c6 ddy ABC la tam giac déu canh a, canh bén SA vudng goc v6i mat
phing day, goc giita SAva mit phang (SBC) bang 45° (tham khao hinh bén). Thé tich khdi
chép S.ABC bang

S
4 - C
B
AL B 3 c*@as D &
= = o T
Loi gidi
Chon A

Goi M 1a trung diém BC thi AM L BC va SA_L BC nén BC L (SAM).
Ké AH LSM tai H thi AH L(SBC). Suy ra géc gitta SA va mit phing (SBC) bang

ASH = ASM =45°. Do d6, ASAM vubng can ¢ A va SA= AM =¥.
2 3
SuyraVSABczl.a_\/é.ﬂ:a_.
' 3 2 4 8

7 | Facebook téc gid: Phan Nhat Linh



Thé tich khdi da dién — Hinh hoc khdng gian

Cau2: Cho khéi chop S.ABCD c6 day ABCD Ia hinh chit nhat, AB=a, AD =a+/3, SA vudng goc
véi mat phang d4y va mat phang (SBC) tao véi ddy mot goc 60°. Tinh thé tich V' ciia khdi chdp

S.ABCD .
3 3
Av=2 B.V:*/§a C.V =2 D. V =33°
3 3
Loi gidi
Chon.C

Taco S,gep = V327
(SBC)(ABCD)=BC

Vi {BC LSBc(SBC) = ((SBC),(ABCD))=(SB;AB)=SBA.
BC L AB — (ABCD)

Vay SBA=60°

Xét tam giac vubng SAB cd: tan 60° = % — SA= AB.tan 60° = a+/3

. 1 1
Vay Vs pgep = é Spscp-SA= é a’ \/éa\/é =a’.

Cau 3: Cho khéi chop S. ABCD c6 day 1a hinh vudng canh a, SA vudng goc voi day va SC tao véi mit
phang mot goc 30°. Tinh thé tich V ctia khdi chop di cho.

3 3 3
Jia B.V:‘/ia C.V:% D.V =+/2a°

AV =

Loi giai
Chon B
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Céu 4:

BC L BA (ABCD lphinhvu«ng)
BCLSA (SAL(ABCD))

= BC L (SAB) = C,($AB)) - BL =30

ASBC vudng tai B: tan30°=%:>83= BC __ 3a

tan30°
ASAB vudng tai A: SA= JB? - AB? =+/3a2—a% =/2a
V= % ASep = %.\/Ea_az = %é

Cho hinh chép déu S.ABCD ¢6 canh day bang 4a, canh bén bang 2+/3a va O 1a tAm cta day.
Goi M,N,P va Q lan luot 1a hinh chiéu vuong goc cua O trén cac mat phfmg
(SAB), (SBC), (SCD) va (SDA) . Thé tich ctia khdi chop O.MNPQ bing

3 3 3
A 4i. B. 64a . C. 128a .
3 81 81
Loi giai
Chon D
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 5:

Goi E,F,K,H lan luot la trung diém cia AB,BC,CD,DA va M,N,P,Q lan lugt Ia hinh chiéu
vuong goc cua O trén SE,SF,SK,SH = M,N,P,Q lan Iuot 1a hinh chiéu vudng goc cua O
trén cac mit phang (SAB), (SBC), (SCD), (SDA).

Taco SO =+/SD*—0D? =+/(2+/3a)’ — (2+/2a)* =2a = OE = OF =OK =OH

= c4c tam giac SOE,SOF, SOK,SOH vudng can tai O va bang nhaunén M,N,P va Q lan
luot 14 trung diém ciia ciia SE, SF,SK,SH = MNPQ 1 hinh vudng canh a/2

Mit khéc ta c6 OM =ON =OP =0Q =a+/2 = O.MNPQ 14 hinh chdp déu c6 tat ca cac canh

2
bang av2 nén ¢6 dudng cao bang \/(a\@)z —(%.a«/ﬁ.ﬁ) =a.

3
Khi d6 thé tich ctia khdi chop O.MNPQ bing %.a.(a\/z)2 = 2%

Cho hinh chép déu S.ABCD c¢6 canh day bang 3a, canh bén bing va O latam cua day.

3J§a
2

Goi M,N,P va Q 1an luot 1 hinh chiéu vudng géc cta O trén cac mit phang (SAB), (SBC),
(SCD) va (SDA). Thé tich cta khdi chép O.MNPQ bang

3 3 3 3
92 B, 2& c. & D. &
16 3 32 3
Loi gidi
Chgn C

Goi E,F,G,H theo th tu 1a trung diém caa AB, BC,CD, DA.

AB 1 SO
Tacé:{ = AB L (SOE)=>(SAB) L (SOE).
AB 1 OE

Mat khéc: (SAB)(SOE)=SE dong thoi M 1a hinh chiéu vudng goc ciia O 1én mit phing
(SAB) nén OM L SE tai M.
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2 2
Taco: S0 =+SA2— OA \/[3"2/5} _(36“/5] _32_ o

2 2

Khi d6 tam giac SOE vudng cantai O = M 1a trung diém SE .
Chiing minh tuong tu ta cling c6 N,P,Q lan luot 1a trung diém cua cac canh SF,SG,SH .

1 3a 1 1 932
Khidé d(O,(MNPQ))=d(S,(MNPQ))==SO =", S,o0 == Sgren == Spaco = —— -
1 13a 9a> 9a°
Suy ra O.MNPQ é'SMNde (O,(MNPQ)) _5 ?~?=_32
9a’
Vay V, ==
ay Vo mnpg 3

Cau6: Cho hinh chop ddu ABCD c6 canh day bing @, canh bén bang 2Y° f va O latam cua day. Goi

M,N,P va Q lan luwot lad hinh chiéu vuéng gbc cia O trén cac mat phang

(SAB),(SBC),(SCD),(SDA). Thé tich cuia khdi chop O-MNPQ bing

2

Tir gia thiét ta c6 OA_— SO =+/SA? —OA? = __T 2
Goi E la trung diém cua AB, ké OM L SE (M eSE)=0OM L (SAB).
a2
SM SO 71 g
Va = = =— la trung di€ém cua .
SE SO+0E2 & & 2 M 8 SE
4 4
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau7:

Chitrng minh tuong tu véi cac diém N,P,Q.

2
— Dién tich tir giic MNPQ |a (a\/_J :% va d(O;(MNPQ))Z%SO=%-

%"
Cho hinh chép déu S.ABCD c6 tit ca cac canh bang @ va O latam day. Goi M, N, P, Q lan
luot 13 cac diém ddi xtmg voi O qua trong tAm cla cac tam giac SAB, SBC, SCD, SDAva S’
1a diém d6i xtng v6i S quaO . Thé tich cua khéi chop S'.MNPQ bing

3 3 3 3
A 2«/§a . B. 20x/§a _ C. 40x/§a . D 10x/§a .
9 81 81 81
Loi giai
Chon B

Tacé S.ABCD Ia hinh chop déu c6 tht ca cac canh déu bing @ = SO = ¥ .
Goi G, lan luot 1a trong tam cac tam giac SDA, SDC .
Goi E,F lan luot 1a trung diém DA, DC.
Taco Gl =2EF, EF = £ AC = af Lo =2
3 2 3

Ma G, 1 lan luot 14 trung diém cia OQ,0P = QP = 2GI = Z*fa .

. N 8a’
T gia thict cho d¢ dang suy ra dugc MNPQ 1a hinh vuéng canh PQ = Zfa = Synpo = o

Goi O' Ia tm hinh vudng MNPQ ké GH //QO’(H €00’) = H Ia trung diém OO’ (vi G la
trung diém OQ).

2J2a 2 2a 1 aV2

—=—Vva00'=20H =2.=.S0 =

Tacd QO' =
Q 3 2 3 3 3
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aﬁJr av2 B 5\2a
2

3 6

Phan Nhat Uinh

Theo  gia  thibt os'=03=¥ —S'0'=S'0+00' =

1 5v2a 8a’ 20422’

V, =
SMNPQ 3T 5 T 9 81

Cho hinh chép déu S.ABCD c6 canh day bang a, canh bén bang av/2 va O 13 tim cua day.
GoiM,N,P,Q lan luot 1a cac diém dbi xung voi O qua trong tam cua cac tam giac SAB,
SBC, SCD, SDA va S’ 1a diém dbi xtmg véi S qua O . Thé tich ctia khéi chop S'.MNPQ .

Cau 8:

3 3 3 3
A 2./6a | 8. 40+/6a | c 10/6a | > 20+/6a |
9 81 81 81
Loi gidi
Chon D

Jof
A

Goi G,, G,, G,, G, lan luot la trong tdm cac tam giac SAB, SBC, SCD, SDA.

E,F, I 6 K Iénluqtléltrungdiém AB, BC, CD, DA.

.. 4 16 1 8
Taco: SMNPQ =4861G2G3G4 :4l§SEF|K =3‘§SABCD =§ 2

2 2
s0-,(av2) - a2} _ oy @ a8 sy 50,04 =504+ 250-58Y6
2 2 2 3 6
3
1 5a6 8 20a°/6 (@vio.

=V ympo = = ———a° =
SMPQ T3 69 81
Cho hinh chép déu S.ABCD c6 canh day bang @, canh bén bang a+/3 va O la tam cua day.
Goi M,N,P,Q lan luot 1a cac diém d6i xing véi O qua trong tAm cia cic tam gidc
SAB,SBC,SCD,SDA va S’ 1a diém dbi xing voi S qua O. Thé tich khbi chop SMNPQ

Cau 9:

bang
A 40.10a° 5 10+/10a° c 204/10a° 5 210a°
81 81 81 9
Loi giai
Chon C

13 | Facebook tac gid: Phan Nhét Linh



Thé tich khdi da dién — Hinh hoc khdng gian

Céu 10:

B
.

Goi G,,G,,G,,G, lan lugt la trong tim ciia ASAB,ASBC,ASCD,ASAD.

Do G,G,//G,G,/[EF;G,G, =G,G, = % EF = Ti gidc G,G,G,G, 14 hinh binh hanh,

— MN//PQ//G,G,,MN = PQ = 2G,G, = Tit gisc MNPQ I hinh binh hanh.

Goi H=QN nMP . Ta c6: S—Hz1
SO

Tacé: SO = \/(\/§a)2 _(%alz _a10
80

, 2’
Ta co: VS’.MNPQ :5'\/S.MNPQ :5-2\/5.61@2@3@4 :5-2'(§J Vs ere =55 Vs eric

27
80 1 ay/10 Laﬁ]z ~ 20410a°

27’3 2 2 81

Cho hinh chép déu S.ABCD c¢6 canh day bang a, canh bén bang 2a va O 1a tim cua day. Goi
M,N,P,Q lan luot 1a cac diém dbi xtng voi O qua trong tam cua céac tam gidc SAB, SBC
, SCD, SDA va S' la diém d6i xing véi S qua O . Thé tich ctia khdi chép S'.MNPQ bang

A 20+/142° 5 401438 c 10V142° 5 2143
81 81 81 9
Loi giai
Chon A
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Sl
Goi G,,G,,G;,G, lan luot 12 trong tim ASAB, ASBC,ASCD, ASDA..
E,F,G,H lan luot 13 trung diém cuia cac canh AB,BC,CD, DA.

. 4 41 8a’
Tacd Synpg =4Ss6,6,6, :4-5 Seren =4.§.§ EG.HF ZT'

d(S",(MNPQ))=d(S',(ABCD))+d (O,(MNPQ))
(S,(ABCD))+2d (0,(GG,GG,))

d
d

S,(ABCD)
(S,(ABCD))+§d(S,(ABCD))

5a\/1_4
6

=§d(s,(ABCD))=

R 1 5a14 8a? 20a°\14
Vay VS'.MNPQ =—. . = .

3 6 9 81

Cau 11: Cho hinh chép déu S.ABCD c¢6 canh day bang 2a, canh bén bang a3 va O 1a tim day. Goi
M,N,P va Q lan luot 1a hinh chiéu vuong géc cta O trén cac mit phang (SAB), (SBC),
(SCD)va (SDA). Thé tich khdi chép O.MNPQ bang

8a’

3 3
8a’ a D. 16a
81

. E . 81 .
Léi giai

3
B. & .
6
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Thé tich khdi da dién — Hinh hoc khdng gian

Chon C
Do S.ABCD 14 hinh chép déu nén c6 SO L (ABCD).

Xét tam gidc SOA vudng tai O c6 SO =+/SA” —OA? :\/(aﬁ)z—(a\/f)z =a.
Goi G,H,1,J lan luot 1a trung diém cua AB, BC,CD, DA.
Ta c6 AB 1 GO, AB L SO = AB L (SOG) ma AB L (SAB) nén (SGO) L (SAB)do d6 M la

hinh chiéu vuéng géc ctia O trén cac mit phang (SAB)suy ra M € SG va OM L SG.

Xét aSOG vudng tai O ¢c6 SO=0G =a, OM L SG nén M la trung diém cua SG .

Hoan toan tuwong tw ¢cO0 N,P,Q lan luot 1a trung diém cua SH,SI,SJ .

Do d6 d& thdy O.MNPQ la chop ti giac déu c6 duong cao ooe%soz% va canh day

1 1 2a\2 a2

MN ==GH == AC =
2 4 4 2

12°

1 1a[ﬂ}2:a3

Vay thé tich khéi chop O.MNPQ bang Vo.MNPQ =§OO'.SMNPQ =321

Cau 12: Cho khdi chép S.ABC co day ABC la tam giac vudng can tai A, AB =a, SBA= SCA=090°,
goc giita hai mat phang (SAB) va (SAC) bang 60°. Thé tich khdi chép da cho bang

A & 5. & c.x p. &
3 2 6
Loi giai
Chon D
Céach 1:

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 16



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Taco Sy = % AB.AC = %

Goi D 14 hinh chiéu vudng goc cia S 1én mat phang (ABC).
) {AB 1 SB

a.co — AB 1 (SBD)=> AB L BD.
AB 1 SD

Tuong ty, taco AC L CD
— ABDC 1a hinh vuong canh a.
bat SD=x,x>0.

DB.DS ax

Goi H la hinh chiéu vudng géc cua D lén SB = DH = = .
JDB?+DS?  Ja?+ X’

ax

a’ +x2

Lai c6 CD// AB=CD//(SAB)=>d(C,(SAB))=d(D,(SAB))=DH .

DH 1 SB
Taco { ‘ZB: DH 1 (SAB)=d(D,(SAB))=DH =

ASCA vudng tai C, c6 AC=a,SC=+x*+a?.

CACS  _ a/x? +a?
JCAZ+CS2 /X2 +2a2
d (C,(SAB)) _ DH

Vi (SAB) N (SAC)=SA=>sin((SAB),(SAC)) = dCsA) oK

Ké CK LSA=CK =

ax
/2 2 /2 2
& sing0e =N X @ﬁ_—x X“+2a

<:>3(x2+a2)2:4x2(x2+2a2):>x:a.

avx? +a’ 2 X+a’
x* +2a°
= DH =a.
. 1 a’
Vay Vs asc :gsAABC'SDZE'

Cach 2:
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Thé tich khdi da dién — Hinh hoc khdng gian

Dung hinh vuéng ABCD = SD L (ABCD).

bat SD =x,x>0.
ax
Ké DH L SB,(H eSB)= DH 1 (SAB) va DH = —2>%
eI D) e o e
Ké DK 1 SC,(K €SC)=> DK L (SAC) va DK =2
X% +a’
2 2 2
Taco 20 _SK_SD°_ X* i BD=HK=—""_BD-
SB SC SB? x%+a? x% +a’
2 2 2
Taco cos((SAB),(SAC)):‘cosHDK‘:|DH + DK?— HK®
| 2DH.DK |
2x2a2_ 2a°x*
2 2 2
<:>1_X+a (X2+a2) l_ a2 s
2 2x%a’® 2 [x%+a? B
X% +a’
= SD =a.

Lai ¢o Syupc = % AB.AC =

32
2
Vay Vs agc = 1SAAB(:-SD = a_3.

' 3 6
Céch trinh bay khac

Hai tam gi4c vudng SAB va SAC bang nhau chung canh huyén SA.

K¢ Bl vuong goc véi SA suy ra Cl ciling vuong goc vaoi SA va IB=1C.
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SALIC,SALIB:SAL(IBC) tai | .

1 1 1 1
VS.ABC =VA.IBC +V5.IBC ZESAIBCAI +§SAIBCSI = §SA|BC (AI + 3l ) :§SAIBCSA'

((SAB),(SAC))=(IB,IC)=(IB,1C)=60° = BIC =60° hogc BIC =120°.
Taco IC=1B<AB=a ma BC =a+/2 nén tam giac IBC khong thé déu suy ra BIC =120°.

Trong tam giac IBC dat IB=1C =x(x>0) co:
2
2 2 pe? 2x2 — (a2
cos120°:|B +1C°-BC :_E:#:X:ﬂjmzmzﬁ_
21B.IC 2 2X 3 3
2
Trong tam gidc ABI vuong tai | cé: Al =+ AB? —IB? = |a® —(#J :ﬁ.

2 2
Trong tam gidc SAB vuong tai B dudng cao Bl c6: AB? = IASA=> SA= A;i -2 =a+/3.

2
3
Viy V, e ::%SA,BCSA:%% IB.IC SAsin BIC :%(%J a+/3sin120° :%.

Céch trinh bay khac

S PN

Goi H 1a hinh chiéu ctia S 1én (ABC).

Theo bai ra, tac6 HC L CA, HB L BA= ABHC la hinh vuéng canh a.
Goi O=HANBC, E la hinh chiéu ciia O I&n SA.

Ta dé dang chirng minh dugc EC L SA, EB L SA.

Tur d6, ta duge: goc giita (SAC) va (SAB) la goc gitra EB va EC.

Vi CAB =90° nén BEC >90° = BEC =120°.

Ta dé dang chi ra dugc OEB = OEC =60°.

AOSH  xa\2

bat SH =x= SA= x?+2a? = OE = .
SA 24x? + 23

OC:a\/E_ xa~/2
OE = 2 "2Jx*+2a

tan 60° =
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Thé tich khdi da dién — Hinh hoc khdng gian

Vay Vs ppc = EVS.HBAC =

1 11, a°
—.—.aad =—.
2°3 6

Céch trinh bay khac

Cau 13:

TacO A L SAB=A L SAC va chung canh huyén SA. K¢ BI J_(SA) =CIl L (SA) va goc gilra
hai mit phang (SAB) va (SAC) la géc giita hai duong thang Bl va Cl = (BI;Cl)=60°.
Co BC=a2 , ABIC can tai |. Do Bl =ClI < AC =a<a+/2 =BC nén ABIC khong déu

a a3

= BIC =120°=- Bl =CI :TG' Tu do Al :T3; AB? = Al.SA= SA=a+/3.
Dung hinh vuéng ABDC = SD L (ABDC) :

3

C0:SD =+/SA* — AD* = ;S e =a> =V, pac :%SAABC SD :%.
HOAC CACH KHAC PPTHE TIiCH
1 1
VS.ABC ngAch.(Sl +AI):§SAIBC'SA'
. 1 o ak3 1 a3 a’
Vb1 SAIBC :EIBICS”']].ZO :TjVS.ABC :g. 6 .a 323

Cho hinh vudng ABCD va ABEF c6 canh bang 1, lan lugt nam trén hai mit phang vudng goc
v6i nhau. Goi S 1a diém d6i xung ctia B qua dudng thang DE . Thé tich cua khéi da dién
ABCDSEF bang

AL g. 11 c.2 D.2
6 12 3 6
Loi giai
Chon D
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Cau 14:

F ’
.
71
1
1
1
|
|
E ‘
1
S NS -~ I ,
-~ | 7
= I ’
.
g
7
A 7 ~
A -
[ ~~4_
s
/
P ) D
VO o ==
A
; -
1,
-

Ta c6:ADF.BCE la hinh lang tru dung c6 day la tam giac vuong can
Dua vao hinh v€ ta co:

VABCDSEF :VADF.BCE +VS.CDFE :VADF.BCE +VB.CDFE = 2\/ADF.BCE _VBADE

1 1 1 1 1 5
Vaor.ace = AB.S pce = E Veaoe = 5 AD.S e = g = Vagcoser = 2-5 - g = E
Cho khéi tir dién c6 thé tich bang V . Goi V' 1a thé tich ctia khdi da dién c6 cac dinh 1a céc trung

diém cua cac canh cua khoi tir dién da cho, tinh ti sO v

A1 B V_1 cV_2 DY _3

v 2 V 4 vV 3 vV 8
Loi giai

Chon A

Céch 1. Dic biét hoa tir dién cho 1a tir dién déu canh a. Hinh da dién can tinh c6 duogc bang

, z e dea X, sl 1A aA y o a
cach cat 4 goc cua tir dién, moi goc cling la mot tir dién déu cé canh bang >

Do d6 thé tich phan catbo 1a V" = 4.% = \é .
Vay V'=\LC>\L:1.
2 "V 2
Céch 2. Khoi da dién 1a hai khoi chép tir giac c¢6 cung day 1a hinh binh hanh up lai. Suy ra:
11, 1
V'=2V =4V, yep =4V e =4.=.5V =2V
N.MEPF N.MEP P.MNE 2 4 2
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Thé tich khdi da dién — Hinh hoc khdng gian

Céu 15:

V=V -V -V -V
Céch 3. Tacd \%: AQEP ~VB.QMF ~ VC.MNE ~ VD.NPF

\Y
_, Vacer VeBomE Vewmne Vowner _, 111 111 111 111 1
V V \ V 222 222 222 22 2

O mNlk

Cho tix dien ABCD ¢4 thé tich bing 12 va G I trong tam cua tam giac BCD . Tinh thé tich V
cua khéi chop AGBC

A V=3 B.V=4 C.V=6 D.V=5

Loi giai

Chon B
Céch 1:
Phan tich: te dién ABCD va khéi chép AGBC c6 cung duong cao la khoang cach tir A dén
mat phang (BCD). Do G Ia trong tdm tam giac BCD nén ta ¢ S,zec = Supep = Sacen

= S ,5ep = 35 sec (Xem phan ching minh).

Ap dung cong thtc thé tich hinh chop ta co:

1 1
Vageo = 5 NSugeo vV 3 h.S eeo S 1 1
— —ABCD 1 = 48D _3 :>VA.GBC = §VABCD = 512 =4,

\Y S
V, cac = g h.S, AGBC 3 h.S,cac AGBC

Chitng minh: bat DN =h;BC =a.

o MEIND=ME M L e lonsme=D
DN CD 2 2 2
N GENMF=CE _BC 2 gp_2yp 20 N
MF _ BM 3 3 32 3
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S 1DN.BC lha
+) 2aeco _ 2 _
1 1lh
aceC  —GE.BC =—-a
2 23

=3=> S,pep = 3S,c8c

+) Chirng minh twong tu €0 S,5cp = 35,650 = 3Ssccp = Sppec = Sasep = Saced

Cach 2:

d(G; 1
Tach ——=—===d(G;(ABC
206 i - =>d(Gi(ABC))

Nén VG.ABC = %d

3

(D;(ABC)).

Cau 16: Cho khéi hop chit nhat ABCD.A'B'C'D’ c¢6 day 1a hinh vuéng BD = 4a, goc giita hai mat phang
(A'BD) va (ABCD) bang 60°. Thé tich ciia khdi hop chir nhat da cho bang

A. 48V3°. : —16:5 a’. C. —16\/5 as. D. 16+/3a°.
Loi giai
Chon D
4’ '
r E lln, "-\-““
BF : ‘-\ C! ‘.hh
‘Lzlh:f'_fﬁ ------- _‘-1::::; D
g \'\"'. L L = 4
.rJ ,-:k;’ a
-":z _,..--"".'Fr I -\\_‘
B¥= 6

Ta c6 ddy ABCD Ia hinh vudng c6 BD =4a= AB =2+/2a.

Goi | trung diém BD. Vi BD =4a = Bl = Al =2a.

Tam gidc A'Al vuodng tai A c0: tan60° = % = AA=2/3a.

Thé tich ctia khdi hop chit nhat di cho bang:
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Thé tich khéi da dién — Hinh hoc khéng gian

Cau 17:

Cau 18:

V =S 000 AA=(2420) 2432 =16132".

Cho khdi hop chirnhat ABCD.A'B'C'D’ ¢6 déay 1a hinh vudng, BD = 2a, goc giita hai mit phang
(A'BD) va (ABCD) bing 60°. Thé tich ctia khbi hop chit nhat da cho bang
2 2
A. gaﬁ B. 6+/3a°. C. gas. D. 24/3a°.
Loi giai
Chon D
A D'
I l.ﬁ i‘\\ ‘\\ \C.ﬂ
,” Ai__\\ _______ -
”, /, ‘_Q":—/_,
B C
+) Taco BD=2a= AC =2a; AB=a+/2.
2
+) S,eco :(a\/i) =2a’.
+)  Géc gitta hai mit phing (ABD) va (ABCD) la géc AOA=

AA' = AOtan A'OA = a.tan60° = a+/3 .
Vay VABCD.A’B'C’D’ = AA"SABCD = a\/§,2a2 = 2\/§a3-

Cho khéi hop chit nhat ABCD.A'B'C'D" ¢6 day 1a hinh vuong, BD = 4a, goc giita hai mat
phing (A'BD) va (ABCD)=30°. Thé tich ciia khéi hop chit nhat da cho bang

A. %aS B. 484/3a° C. %a” D. 16+/3a°
Loi giai
Chon C
A D'
I 1’ i \‘\ \\ \C"r
I," AL__\‘\ _______ p
1/’ /, ‘Q""/’,,
OO CRRLN
B C

Goi O 1a trung diém cua BD.Tacd: AA'AB = AA'AD suyra A'B=A'D suyra AA'BD can.
(A'BD)n(ABCD)=BD

Ma {A'O 1 BD = ((A'BD),(ABCD))= AOA=30°.=30".
AO 1 BD
Xét AA'OA vudng tai A c6: tan30° = AA_AA_AA_ AA: A'A=2atan30°= 2a\/§.
A0 AC BD 2a 3

2 2
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Cau 19:

Céau 20:

95 | Facebook tac gid:

Xét hinh vuébng ABCD c6: BD = AB+2 = AB =2a+/2.

2a\/_

(2 \/—) 16\/_ .

Vay thé tich ciia khdi hinh hop chir nhat bang: V = A' A AB? =

Cho khdi hop chit nhat ABCD.A'B'C'D" ¢6 day 1a hinh vudng, BD =2a, goc giita hai mit
phang (A'BD) va (ABCD) bang 30°. Thé tich ciia khdi hop chit nhat da cho bang

243 243
A. 6/3a°. B. T*fa?’. C. 24/3a°. D. —a3
Loi giai
Chon D
A’ D
™
I\ N
11\ >
B’ ry\ N c’
[ \ AN
I \ N
/ | \ \\
! | \ ~
I Ap—3god — — —|- =3 p
[V -7
’//’—— /O\\
B &«Z =

Goi O latdm hinhvuéng ABCD. Vi BD L OA va BD L AA' nén BD L(A'OA):> BD L OA'
Lai c6 (A'BD)n(ABCD)=BD. Do d6 ((A'BD),(ABCD))= A'OA=30° (Hinh v& trén).
Vit giac ABCD la hinh vudng c6 BD =2a nén OA=a va AB=AD = a2 .

f

Xét tam giac A'AO vudng tai A cO OA=a va A'OA=30° nén AA'=0OAtan30° =

Vay thé tich khdi hop chit nhat V = AB.AD.AA'=a+/2 .aﬁ.% = % a®.

Cho khéi lang try ding ABC.A'B'C' c¢6 day ABC la tam giac can véi AB=AC=a,
BAC =120°. Mt phang (AB'C’) tao véi ddy mot goc 60°. Tinh thé tich V' cua khéi lang tru
da cho.

3 3 3 3
A,sti. Blvzgi_ C_V:a_ D,V:si
8 8 8 4
Loi giai
A o
o
\.\\
\
ve™
v
\ ~
LY ~
[ — —i_.—_\. -
I
B
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Céu 21:

Chon A

Goi | 1atrung diém cua B'C’.

Trong AAB'C':B'C'> = AB” + AC'*—2A'B".A'C".cos B'/A'C’ = 3a’
az\/§ S A = 23 e _ az\/g _a

S, xpc = %a.a.sinlzoo =

4 BC' 2ay3 2
(ABC')n(ABC')=B'C’
Tacé:< Al LBC’ = AIA'=60°
Al L B'C’
Trong tam giac vuéng AIA" c6 AA' = A'l.tan60° = ¥ .
2 3
Vay thé tich v = 2 3.a—f:3%.

Cho khéi ling tru ABC.A'B'C’, khoang céch tr C dén duong thing BB’ bing /5, khoéang
cach tir A dén cac duong thang BB’ va CC’ lan luot bang 1 va 2, hinh chiéu vudéng goc cia
A 1én mit phang (A'B'C’) la trung diém M cua B'C' va A'M =/5 . Thé tich ciia khdi ling tru

d3 cho bang
A 205 5. 215 C.\5 p, V15
3 3 3
Loi giai
Chon B

BF

Goi J, K 1an lugt 12 hinh chiéu vudng géc cia A 1én BB’ va CC’, H 1a hinh chiéu vudng goc
cua C |én BB’
Tacé AJ LBB' (1).

AK L CC'= AK L BB' (2).
Tir (1) va (2) suy ra BB’ L (AJK) = BB’ L JK = JK//CH = JK =CH =+5.
Xét AAJK c6 JK? = AJ?+ AK? =5 suy ra AAJK vudng tai A.

N3

Goi F 14 trung diém JK khi d6 ta co AF = JF = FK :7.

Goi N I trung diém BC, xét tam giac vudng ANF ta co:

V5
cosNAF =2F 2 1 NAF Z60°. (AN = AM =/ vi ANJAM va AN = AM ).
AN 5 2
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1 1 S 1

Véy ta co SAAJK :EA\]AK 2512 =1= SAAJK :SAABC.COSGOO = SAABC :ﬁZIZZ.
2

Xét tam gidc AMA’ vudng tai M ta c6 MAA'= AMF =30" hay AM = A'M.tan30 :T'

Vay thé tich khoi lang tru1a V = AM.S . :@.2:@.

CAau 22: Cho khdi lang tru ABC.A'B'C", khoang cach tir C dén duong thang BB' bang 2, khoang cach
tir A dén cac duong thing BB' va CC' lan luot bang 1 va /3, hinh chiéu vuong goc cua A
1én mit phang (A'B'C") 1a trung diém M cua B'C' va A'M = 2. Thé tich cta khéi ling tru

da cho bang
A 3. B. 2. C.?. D.1
Loi giai
Chon B
Al

Goi A, A, 1an lugt 1a hinh chiéu ciia A trén BB', CC'. Theo déra AA =1;AA, =~/3;AA, = 2.
Do AA’+AA? = AA’ néntam giac AAA, vudng tai A.
Goi H la trung diém AA, thi AH =%=1.

Laico MH || BB'= MH L (AAA)= MH L AH suyra MH =+AM?—AH? =4/3.

nén cos((ABC), (AAA,)) = cos(MH, AM ) = cos HMA:% _ g
Suyra S,g = S =1. Thé tich lang tru1a V = AM -S,,. =2
"™ cos(ABC), (AAA,)) | -

Nhan xét. Y tudng cau nay la dung dién tich hinh chiéu S'=Scose .
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CAau 23: Cho khéi lang tru ABC.A'B'C', khodng cach tir C dén BB' 1a +/5, khoang cach tir A dén BB'
va CC' lan luot 1a 1; 2. Hinh chiéu vudng géc cua A 1én mit phang A'B'C' 13 trung diém M

J15

cuia B'C', A'M = =3 Thé tich cua khdi lang tru d cho bang

A.@. B.&. C. 5. D.ﬁ
3 3 3
Loi giai
Chon D

Ké Al L BB', AK L CC' (hinh v&).
Khoéang cach tir A dén BB' va CC' lanluotla 1,2 = Al =1, AK =2,

V15 V15

Goi F 1a trung diém coa BC.A'M :T:AF:T

Taco = BB'L(AIK)=BB'LIK.
BB'L AK

Vi CC'[|BB' = d(C,BB") = d(K,BB) = IK =+/5 = AAIK vuéng tai A.
Goi E l1a trung diém cta IK = EF ||BB' = EF L (AIK)= EF L AE.
Laic6 AM L (ABC).Do dé géc giita hai mét phang (ABC) va (AIK) la goc gita EF va AM

V5
bing goc AME = FAE . Ta 6 cosFAE =6 =2 _ Y3 _ ap _gp0.
AF (15 2
3
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Hinh chiéu vudng géc cua tam gidc ABC 1én mit phang (AIK) la AAIK nén ta co:

32

S,k = Spac COSEAF =1=5,. = :>—\/§:SABC.
J15
, . AF 3
Xét AAMF vudne tai A: tan AME = —— = AM =—~ = AM =4[5 .
vuong tai M \/é
3
2 2415
Vay Vo roe =4B—= =232
Y Vasc.asc \/5 3

Cau 24: Cho khdi lang tru ABC.A'B'C’, khoang cach tir C dén duong thang BB’ bang 2, khoang cach
tir A dén cac duong thing BB’ va CC’ lan luot bing 1 va /3, hinh chiéu vuong goc cua A

243

1én mit phang (A'B'C’) 1a trung diém M ctia B'C' va A'M = 3 Thé tich cta khéi lang try

da cho bang
A 2 B.1 C.\3 D. ¥
Loi giai
Chon A
A Cs
M
H T

Cit lang try boi mot mat phang qua A’ va vudng goc véi AA’ ta duoc thiét dién 1a tam giac
A'B,C, c6 cac canh A'B, =1; A'C,=+/3; BC, =2.

Suy ra tam giac A'B,C, vudng tai A’ va trung tuyén A'H cua tam giac d6 bang 1.

Goi giao diém cia AM va AH 1aT.

Taco: A'M :ﬁ; AH=1 = MH :L.Suy ra MA'H =30°.
3 3
Do d6 MA'A=60° = AN =AM _ 4
cosMAA 3
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Céu 25:

Céau 26:

Thé tich khoi ling tru ABC.A'B'C’ bang thé tich khoi lang tru A'B,C,.AB,C, va bang

_4 B,
ABC, — ﬁ? -
Cho lang try tam gidc ABC.A'B'C’ ¢6 day ABC la tam giac vubng cén tai A, canh AC = 22
Biét AC' tao v6i mat phang (ABC) motgoc 60° va AC'=4. Tinhthétich V cuakhéi da dién
ABCB'C’.

V =AA'S

A.V:§ B.V:E C.V:% D,V:%
3 3 3 3
Loi giai
Chon D
__________________________ i
’I

Phan tich: Tinh thé tich cua khoi da dién ABCB'C’ bang thé tich khi caa lang try ABC.A'B'C’
trir di thé tich cia khéi chop A A'B'C’.

Gia sir duong cao cua ling try 1a C'H . Khi d6 goéc gitra AC’ mit phang (ABC) la goc
C'AH =60°.

!

Ta c6: sin60° =i—g = C'H = 243;Su5c =4; Vige ae = C'H . Spupe = 2«/5.%.(2J§)2 =83

1 1 83

f— Y f— f— - f— —
VA.A’B’C' - §C H 'SAABC - g'\/ABC.A'B'C' - 3 ’ VABB'C'C _VABC.A’B'C' _VA.A’B'C' - 8\/5_

83 _16V3

3 3

Cho hinh hop ABCD.A'B'C'D’¢6 chiéu cao bang 8va dién tich day bang 9. Goi M,N,P va
Q lan luot 13 tAm ctia cac mit bén ABB'A',BCC'B',CDD'C'va DAA'D". Thé tich cua khéi da
dién 16i c6 cac dinh 1a cac diém A,B,C,D,M,N,Pva Q bang
A. 27. B. 30. C. 18. D. 36

Loi giai
Chon B
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Mit (MNPQ)cit cac canh AA',BB',CC', DD'tai A,B,,C,,D,. Thé tich khéi da dién can tim la

V, thi:

\ =VA181C1D1.A'B'C‘D' _VA'.QMAi _VB'.MNBl _VC'.PNCl _VD‘.QPDl
8.9 Vv

=2 _4x—

2 24
=V =30

CAu 27: Cho hinh ling try ABC.A'B’C’ ¢6 chiéu cao bang 4 va day 1a tam giac déu canh bang 4 . Goi
M,N va P lan luot 1a tim cua cac mat bén ABB’A’, ACC’A’ va BCC'B’. Thé tich cua khoi
da dién 16i ¢6 cac dinh 1a cac diém A,B,C,M,N,P bang

a 13 B. 843. C. 643, 2043
3 3
Loi giai
Chon C
Céach 1:

B

Chia d6i khéi ling tru bing mat phang (MNP). Khi d6 ta c6 (MNP)nBB'={F} thi
1

VABC.EFG = EVABC.A’B’C’
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Céau 28:

Lai ¢ Vige e =Vasc.ers ~Venrr ~Vaemn —Venrs

1 11 1

V ==V =—.=V ==V
C.NPG ABC.EFG *5 VaBC.ABC ABC.AB'C’
4 4 2 8

3 3 4.4°3
jVABC.A'B'C' = gVABC.A'B'C' = g = 6\/5.

Dé théy Vewrer =Vaewn =

11
2 8

Tt 12 V pge e :(

Cach 2

4

423
Spec = T = 4\/5; VABC.A’B'C' =V

Ha M,,N,, P, 1an luot vuong goc AB, AC,BC,
khi @6 M, N,, P, 1an luot 1 trung diém cac canh AB, AC,BC

Khi d6 Vagewmne = Ve +Veneam, +Venean, +Vamnm,
X A 1 _ 1, . 1 1
Dé thay Syp = ZSABC MM, = P AA’" nén VMNP.M1N1P1 = §VABC.A'B'C' ==V

Do day 1a tam gidc déu nén Vg yepu, =Ve nern, = Vamnnm,

Ta ¢ d(B;(MPF’lMl))%d(B?(ACC'A')) ;

MPRM, — Z Sacem nen

1 12 1
VB-MPP1M1 = §VB.ACC'A' = égv = E

Do d6 Vygeump =év +év +%v +év = gv = 3.4.4J§: 63

Cho ling try ABC.A'B'C" ¢6 chiéu cao bang 6 va day 1a tam giac déu canh bang 4. Goi M, N,
P 1an luot 13 tAm cta cac mat bén ABB'A', ACC'A’, BCC'B'. Thé tich cua khdi da dién 16i c6
céc dinh 13 cac diém A,B,C,M,N,P bang
A. 943. B. 104/3. C. 74/3. D. 124/3.

Loi giai
Chon A
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3 b
Vigcasc = 6-16% = 24\/§

Thé tich can tim 12 V, =V 5 yine =Vasc mwe
V2 :VA'.AMN :VB'.BMP :VC‘CNP
:>VABC.A'B'C' = 2V1 +3\/2

1

1 1
SAMN = ZSAB'C' :>V2 = ZVA'.AB‘C =

Vv =—V
ABC.A'B'C’ ABC.A'B'C’'
12

w|

1
4
1 3 \/—
:>VABC.A'B'C' = 2V1 +ZVABC.A'B'C' :>V1 = §VABC.A'B'C' =9y3

Cau 29: Cho lang try ABC.A'B'C’ ¢6 chiéu cao 1a 8 va day 1a tam giac déu canh bang 4. Goi M, N va
P 1an luot 1a tAm cua cac mat bén ABB'A’, ACC'A’ va BCC'B’. Thé tich cua khéi da dién 16i
¢6 cac dinh 1a cac diém A, B, C, M, N, P bing

A 1243 B. 1643 C. % D. %

Chon A
Céch 1:

C

Tacd V =V zcape =8.

2
4 'f —3243, goi h=d(A,(ABC)).
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Céau 30:

. 1h Vv
Taco V, s =33 S sc -5
\V/ _l D SABC _i
MNPC 3- 2- 4 o4
1 1d(A,(BCCB))S. .. V. .V
VMBCP:_-d(M,(PBC)) Spec == ( ( )) scew _ Yascew _ Y
3 2 4 8 12
Tuong ty V v
MNAC 12 :
Va 3V NG
ay VMNPABC :VMABC +VMNAC +VMNPC +VMBCP = ? =1243.
Céch 2:
Pic biét hoa cho ling try dimg.
N
I’,:\\\
SN
/s ! AN
M~ S f NN P
’ 1 Y
/ ! d
’ : \
A Y
" : N
/! ! \
, | 3
/’ 1 \\
(4 iF \\
A /',,l' ) \ C
’ 'J .
'z’ ! N
AT W 1) ___ S
E H G
/
[/
B

Goi E, F, G lan luot la trung diém cua AB, AC, BC.

Taco: Vywpere = MES - = 43

1
:gd (B.(MEGP)).Syeep =

sﬁ.

Tuong tu: Vy unee = Ve parc :T

VB.MEGP

OOII—‘
NIH

8\/3

BFMEEG—1\/_42——

3

A «/_
Vay VMNPABC :VMNP.EFG +VB.MEGP +VA.MNFE +Vc PNFG — 4I 3—— —12f

Cho ling try ABC.A'B'C" ¢6 chiéu cao bang 8 va day la tam gidc déu canh bang 6. Goi M, N
ACC'A' va BCC'B'. Thé tich cua khéi da dién

va P 1an luot 1 tim cta cac mat bén ABB'A’,
18i ¢ cac dinh 1a cac diém A,B,C,M,N,P béng:

A 2743, B. 21./3.

Chon A

Loi giai
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Goi Ap Bl, Cl lan luot 1a trung diém cta cac canh AA',BB',CC".
Khoi lang tru ABC.AB,C, c6 chidu cao 1 4 13 tam giac déu canh 6.
Ba khoi chép AAMN | BBMP  CC NP déu co chidu cao 14 4 va canh la tam gidc déu canh 3

) :62*/é 1 93 4=273

3
4-3=. 72 4=273
4 3 4
Cau 31: Cho khéi lang try ABC.A'B'C’ c6 thé tich bang 1. Goi M, N 1an luot 1 trung diém cac doan
thang AA’ va BB'. Puong thing CM cit duong thang C'A’ tai P, duong thang CN cit dudng
thang C'B’ tai Q. Thé tich cuia khdi da dién 16i AMPB'NQ bang
1 1

Al B. -. C. —. D.E.
3 2 3

Ta co: Vg e :VABCABlcl _(VA.AiMN +VB-81MP +VC-01NP

Chon D

: , S
+) Tacé A’ la trung diem PC’; B’ Ia trung diém QC'. Do d6 Scpy =4Scpg = —> =4.

C'AB
S 1 4
+) VC.C'PQ = Sci-VC.A'B'C' = 4VC.A’B’C' = 4(§VABC.A’B’C’j = §
CAB
. . 1AM BN C'C 1/1 1 2
+) Mat khic Vyge e = 5( AA + B'B + c'C jVABC.A'B’C’ = g'(5+5+1JVABC.A’B'C' = E
4 2 2
+H)Dodd V,onne =V -V, im0 =———=_,
) ampeNQ = Vecro T VaBCIMNG T3 T 3 T
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Céau 32: Cho tr dién déu ABCD c6 canh bang a. Goi M, N lan luot 1a trung diém cuta cac canh AB, BC va
E 1a diém ddi xang v6i B qua D. Mit phang chia khéi tir dién ABCD thanh hai khdi da dién,
trong d6 khdi da dién chtra dinh A c6 thé tich V. Tinh V.

7/2a° BV 114/2a° cv- 1342a° oV - J2a°

216 216 216 18

Loi giai

AV =

Chon B
(MNE) chia khdi tir dién ABCD thanh 2 khéi da dién (H,): AC.MNPQ va (H,): BD.MNPQ

(MNE) cét AD tai Q, cét CD tai P.
V v v,

AC.MNPQ — VE.AMNC ~— VE.ACPQ

1
Ve e = 5cl(E, (AMNC)).SAMNC

1
= éd(E, (ABC)).(SAABC - Seawn )
1 1
= éd ( E, (ABC))(SAABC _Z SAABCJ
1 3 3
= §.2.d(D, (ABC))'ZSAABC = EVABCD
1 1 ! ° 0
Ve = 0(E. (ACPQ) Surg = 20(B. (ACD) (S~ Sire) = 2013 (A0D) 5y =B,
3 8 11 112 , 112
VAC.MNPQ :EVABCD _§VABCD - 1_8 ABCD — 1_8.Ea3 - 216 @

Cau 33: Cho khbi chép S.ABCD c6 déy 1a hinh vuéng canh a, SA vudng goc voi day va khoang cach
. . . av2 ) .
tr A dén mat phang (SBC) bang T\/_ . Tinh thé tich V cta khdi chop da cho.

3 3 3
Av=2 B.V=a’ c.vza‘/é. Dv=2,
2 9 3

Loi giai

Chon D
Ké AH vuodng goéc SB.

Tacé AH L (SBC) nén AH chinh la khoang céch tir A dén mp(SBC).
11 1 1 1 1

1
Tacod = + = = - =—.
AH? SA* AB? SA> AH? AB? a’°
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3
Suyra SA=a.Thétichcantinhla V = %a.a.a = %.

Cau 34: Cho hinh chép tir giac S.ABCD c¢6 day 1a hinh vudng canh bang~/2a. Tam giac SAD can tai
S vamatbén (SAD) vudng goc véi mat phing day. Biét the tich khoi chép S.ABCD bing gaP’
. Tinh khoang cach h tir B d&n mit phang (SCD)

A.hzga B.h:ﬂa C.h:§a D. h==-a
3 3 3

Loi giai

Chon B
Goi | la trung diém cua AD . Tam giac SAD can tai S
= SI L AD
Taco {SI - AD = Sl L (ABCD)

(SAD) L (ABCD)
= Sl la duong cao cua hinh chop.
Theo gia

Ve ascp =%.SI.SABCD @%a3 =%SI.2a2 < Sl =2a

Vi AB song song véi (SCD)
= d(B,(SCD))=d(A,(SCD))=2d(I,(SCD))

Goi H la hinh chiéu vuéng goc cua | 1én SD.

SI LDC IH 1 SD
Mat khac =IH L DC.Taco = IH 1 (SCD)=d(1,(SCD))=IH
ID L DC IH 1L DC
. . 1 1 1 4 2a
Xét tam giac SID vubng tai | : = + = + =|IH=="—"
cLiamgia 9 7 T2 DT T e T2 3
4

=d(B,(SCD))=d(A,(SCD))=2d(I ,(SCD)):ga.

Cau 35: Trong khdng gian Oxyz, cho mit cau (S) c6 tim 1(-2;12) va di qua diém A(L-2;-1). Xét
cac diem B, C, D thudc (S) sao cho AB, AC, AD d6i mét vudng goc voi nhau. Thé tich khéi

tr dién ABCD c6 gia tri 16n nhét bang

A. 72 B. 216 C. 108 D. 36
Loi giai

Chon D
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Céu 36:

D H

I

:

|

|

I

I

I

|
pf———————— - —
“
/
/

B E

Taco: Al =+/37+32+32 =343

Dung hinh hop chit nhat ABEC.DFGH

| 1a tAim mit cau ngoai tiép ABCD = | 1 trung diém cia AG = AG =2Al = 63 .
bit AB=x, AC=y, AD=1z,tacd: AG*> = AB* + AC* + AD®

Co-si
=108=x"+y*+12° > 33x°y’z* = xyz <+/36° =216.

Lai c6: Vgep = % Xyz < %.216 =36.

Déu dang thiic xdyra < xX=y=2=6.

Vay maxV,g.p =36.

Xét khéi chop S.ABC c6 day 1a tam giac vudng can tai A, SA vudng goc voi day, khoang cach
tr A dén mat phang (SBC)bang 3. Goi « la goc gitta mét phing (SBC) va (ABC), tinh
cosa khi thé tich khdi chop S.ABC nho nhét.

N

A. cosa:%. B. COSaz?. C. COSa=—2. D. cosa =
Chon B

Goi M 1a trung diém BC, H la giao diém ciia dudng thiang qua A va vudng goc véi SM . Ta
duoc:

Géc gilta mit phang (SBC) va (ABC) la SMA.

Loi giai

AM _i; SAzi;AM ZEBC.
sina Ccos« 2
SuyraV —}AMZSA—L
SABC 37 ' sin @.cosa |

Thé tich khéi chép nhé nhat khi sin? &..cos « 16n nhét.
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1t T A - ‘e T
Xétham so f (x)=sin’ x.cos x = cosx —cos’ x voi 0<x<§

sinx=0

f'(x)=-sinx+3cosx.sinx, f'(x)=0<
() cosx=i§

3

Suy ra sin? a.cose 16n nhat khi cosa = 3

Cau 37: Xét khéi ta dien ABCD c6 canh AB =X va cc canh con lai déu bang 2/3. Tim x dé thé tich
khéi tr dien ABCD dat gi4 tri 16n nhat.
A.x=\/5 B.x=«/1_4 C.x:3«/§ D.x:2J§

Loi giai

Chon C

Goi M, N lan luot 1a trung diém caa CD va AB.
éCDLMB CD L MN
CD L MA CDLAB

Tam gidc MAB cantai M nén MN L AB.

Viaco = % AB.CD.d (AB,CD).sin(AB,CD) =%x.2J§.MN.sin 90°

2 x? +(36—x2
_Llo0m 32—[5j =£x.\/36—xzs£.[¥]=3\/§.
6 2 6 6 2
DAU "=" xdyra < X=36-x? < x=32.

Vay V6i X =32 thi V,,., dat gid tri I6n nhét bing 3+/3.

Tac }:CDJ_(MAB):{

Cau 38: Cho khdi lang tru dimg ABC.A'B'C’ c¢6 day ABC la tam giac vuong can tai A, AB=a. G6c
gitta duong thing BC' va mit phang (ACC'A’) bang 30°. Thé tich ctia khdi ling try da cho

bang
T 8. 3a C.ﬂaf D.QaS.
8 8 2 2
Loi giai
Chon D
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Thé tich khdi da dién — Hinh hoc khdng gian
o
A B

. 1 a’
Dién tich day: S,;. = > AB.AC = 3

. [ABLAC
Ta co: { = AB L (ACC'A')=>(BC',(ACC'A’))=BC'A=30°.
L AA

Khi dé AC’ = AB.COt30° = ay/3 = AA = /AC? — AC” = «/(a\/§)2 _a?—ay2.

2
Viy, thé tich khoi lang tru di cho 1a: V = S,,..AA = a?.a\/_ = 72.a3.
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